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�P� 7��� �� �.�4���!* > �. W:��\!�  =; �C+� k1�


� :�� ��� =dX��� ��7-�=�  � l7Y9� ��� �

+m��!W M�n74� ���P�� R-� � M��� �� .7�  =P

���] 	�. =; � �. �*�5W ��� �; =c1�d�] L�� \  �. �*�

� b�c1�d�!�!W ] .��. 	X;�d�10  �22.[  b��n V>�� �.

 .7
 l�
 �� =-i� ���
�� =; =A7I �; W:��\ *!�P� 7���

 �� :� B��; E�; ��� ~d� � �o��� �E�; ~d� �

 �� :� =C!�� �. � *�7� �� �!> b��n W!; �\*+i�U

 ���P � =��7-�� �� :� =P .��. ��i�*; �� �!> ��9�

 W� �!> ]�� b�����5 �. n74� =A�. � ��M� R-� =�4\

.*+P �� 	;�^ ��  

 ��*A2- vOh� ����!> � k1�
 �!> b�!h7Y
 W:��\ *!�P� 7��� �; �*�  

8/0  *h�.

 *!�P� 7���

W:��\  

5/0  *h�.

 *!�P� 7���

W:��\  

2/0  *h�.

 *!�P� 7���

W:��\  

 �!>

 k1�


70-60  

 .��*����� ���;

 k1�
 �!> ���;

70-60  

*a��  .��*�����  b�!h7Y
  

55  54  50  49  56-49 °C  ASTM-D36  ���� =dX�  

63  69  76  104  
100≥ 

Cm  ASTM-D113  
 ��M� R-�)C °

25(  

046/1  04/1  036/1  032/1  - 
g

cm��  ASTM-D70  l7Y9� ��� 

50  53  55  64  70-60 0.1mm  ASTM-D5   n74� =A�.)C °25(  

158  151  145  134  
- 

S  ASTM-D88  
 =��7-��)C °

135(  
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3 -4 - �+�+ ��� ;�<� =�+�<	 .��	/0  !>? ��6

@�+ 3���& ��  

-� ;��
 ��� ��� ��] ����� �.� ��� �1�4�5� 

;��
� ��� ���� Z�I �� \.�7
� ��. �.� ��!W 

�� *��;L�� . ��� 48�9�� ��;� ���;�  6789� 	���X�

�1�4�5� � �;��; �.W ;��
� � �. ..��. .7A�W  =c1�d�

��;� ���;� �P� 7��� �^�!* �� W:��\�  	���X�

6789� ��� �1�4�5� ; �. e�\�;�� Z�I \.�7
� �. ��.� 

4+�� ���5 ��� ��-�!2 =�7�� �; 	�-� ��� ��
� 

�!� �.�� �� � �. .	�� �*� �.�4���W ���5� ^�I!� 

��*h�.� � D8�9�W =�7�� 	���X� �; 7��� �.�� ��� 

�1�4�5� 	1�a �. ��� ��M\��;� ����. � D8�9�� 4+�� 

���; D8�9�� .	�� �*�  

3-4-1- 3&�	0 /�)� �+�+ �6� >?! +�@ �&�3� ��  

=�7�� �� �f�a z!X`I �. �!� ���
 ��� ���.  ��

 =; ��1�4�5 6789� 	�-� ���������� ����; ���;

 ]�� ����� ;� �;) ���M\��; �. 	17,� =8�A �� �8E.

=� ��
 =dX�  x�7I) 	
�� �. 	17,� � (��

�P���� �*++P ] *� �.�4��� (������ � ��7I��o ���29 .[

 R-�3=�7�� � !� ���
 ���� ���.  �. �.�4��� .�7� ��

�� ���� �� z!X`I W�  =�� 	�� �.�> =�*+� W� .*�.

	1�a  k1�
 	1�a �+c ���M\��; ���I k1�
 	1�a �II 

 �i!P�I 	1�a �I/II =!-I � Z�I 	!c>7� �!!QI �; �� ��\  ��

=!i� ] *+P ����29.[  

  
 R-�3 - �. ��
 =�7�� =�*+��� �� :�Y�� � �.W =c1�d�  

� �.W �1�4�5 6789� s7� ��,U =c1�d��  �; D8�9�

c� r���!����� a��<� ������ ��� �7j+� =;  �����;�� 

�5 	���X� ,I 	�-� �;��; �. ��!= � ��*�;� �. .*�!�  ��

5�:*+ ��; 6O�
�� �5 �. .7A7� 	;7<� }Ma  ���

=��*/+� ��  b*� =;24  	��� ���. �;160  =A�.

�����  .��\ �!>� ;= b*� 2 ��. �; 	���� 140  =A�.

�����  ��5 �� |� .*�*� �.�. ���> =��9��\ �. .��\

=�7�� ��� =��7��� ��  �d> �;150 �!8� ���  s�4I�� �150 

�!8� ��� �P���� x�7I o �*++P�7I��� ���: �; 18±600 

 ��-���78!P(AASHTO T-312) ��� �; �= 25/1  =A�.

)AASHTO T-71��. �. (� 155 ���� =A�.� �.��\ 

�;�r��  .��*�����AASTO T312  �I *�*� �P����

�!��  ��:� 1�
� =�7��  =; ��4 .*��; *h�.  

�,� �.�	 	��> ��� ��!W E�; �� =�7�� ��� 

=��7��� ��  	��9f =;1 ����� ���  �� � *� �.�. L�;

=��7��� =�7�� ��  ��,U =;=`4h �.�� ��  	��9f �;25 

�!8� ��� �XI!�  �� �|�� .*�*�=`4h  =�7��5 �. =;

��;� ���5� � ��
!� �.�� �� )SCB�XI (!�  .*�

�� =; e�C����!=8 2 I!�  	��9f =; ���. r��1� �; ���1 

�!8� ���� :�-��  �7< =;25 �!8� ���  �� x�� =i1 �.

� =�7��.�C � �. .*�W X`I!z  s�c� �; Z�I �7< 	i��

.2� )a/r �. (=�7�� �� �;��; 33/0 �� *��;.  

3-4-2- ��"��( �	/0 A�B+��.  

� ��
 �7��5!� �.�� �� )SCB �7< =; (

�.���\ �� ��;� ���;� 6789� 	�-� ���:� ��� 

�1�4�5� 	1�a 	`I ��� ��M\��;�  �.�4��� D8�9�

�� .7�� .�� =�7�� ��� SCB � ��� ��7I �a�� =;�  �;

o � ������ �P��I ��/��.�7I�� ,I!= � �. ..�PW  �7��5

���I� 	1�a ��� ��M\��;�  k1�
 	1�a =8�A ��I 	1�a �

 k1�
II P�I 	1�a �!i� I/II � ��� ��7I  =�7�� �.SCB 

�.�C � �7j+� =; ..�P.�C P�I 	1�a!i� I/II �� ��7I  ��

���� L�� =�   R-� z;�d�4 ] .�P �.�4���7  �12:[  

(D1� QI!!� c>7�!	 -I!= ��\ ��� ��!W  =; 	i��

.7�� }�-�� .=�7�� x�� �.  

 (tQI!!� c>7�!	 .7�� }�-��  .=�7�� x�� ��  

 (�j+I!� ���= �X� �. Z�I=� .7�� 	1�a �;�.  
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 R-�4 - L�� ��� �.�C 	1�a ��� ��M\��;� P�I!i�   

���; �7j+� =; ��� L�� �� �f�a =c1�d� �.� 

Z�I ��� .7��� ��.�C �*� =�7�� �. ��� SCB  �.�4���

-I  .	�� �*�!= ��\ �� �U 	��!=�  �; � �.7; 	;�^

QI!!� c>7�!	 -I!= ��\ 	1�a �	��� 	�� ��� ��M\��;� 

; D8�9�!W  k1�
 	1�aI  k1�
 	1�a �II ��� 

=�7�� �� ����� *� .!+m���W ������� ) 6O�
��� �( =;

/��-� 	i�� ��7+�� 	1�a ��� �cI Z�I Z7�D 

�� ] .7�29��; =P [� � �5 =i��`�� ��7I  =1.�c� ��1 

:.�P =i��`�  

)1(  �� � 2

 ��� � ��

���
� 

��; �5 ��*X� =P�  k1�
 	1�aI � �� 2 �;��;��; �� 

k1�
 	1�aII   ���   �4h �;��;��; �� ��� ���x 

��M\��;� ��� b�7h =; 6O�
� ������� 6�� ��   W!;

2 � �4h �� ��;* ]13.[  

� �.W  ��,U �� =c1�d��� � ��M\��; 	1�a ��,U� 

��; D8�9�� i�!= ���� Z�I \.�7
� ��. �.� ��!W 

.�X� =P *� �.�4���� �� -I Rh�7: �!= ��\ �� ��;� 

	1�a ��� ��M\��;� =�:�\ �j� �. D8�9� � �. �*�W 

X`I!z  ��*A �.3 .	�� �*� �.��5  =-+� =; =A7I �;

 ������ �. 	�-� ��!��-� .�C� � Z�I L���\

 � ���; ����P ��� �+I �!^�I 	`I �I*�� �M� }�dc��

 	8� W!�� =; �*�:� �� ��4I� 	1�a �. W� �� �i!P�I �

 ����5 ��� 	.�*`� =; =A7I �; ����� W� �.

 ���
 �� ���. �!� ��� =�7�� �; 	�-� 2!��-�

)SCB�a ��,; ���� =!i� ���; ( ����; � ���M\��; bE

 �. ��1�4�5 ��� 6789� ���P � ���; 	���X� �,�

 ���M\��; k1�
 	1�a �� ��\.�7
 Z�I �;��; �. 	���X�

I  ���M\��; k1�
 	1�a �(���P 	1�a)II  	1�a)

 �i!P�I ���M\��; 	1�a �. � (���;I/II  .*� �.�4���

 W!+m�� ������ ~d� ���. R>�*a =P W� =; =A7I �;

�� �7< =; ������ �. �7�P z<�+� w8�� �. ��1�4�5 �

 �I �4h W!; ���; �. W!/��!�20-  ���> .��/!���� =A�.

.��. ]14�12[�M1 �  W!�9I � ��,; ���� =!i� ���;

 W� �. 	�-� 2!��-� ����5�����`; ��� 	1�a

 �����. �. =c1�d�5-  �15-  .*� e�C�� .��/!���� =A�.  

 ��*A3- ���������� 	1�a ��� ��M\��; D8�9��  

���M\��; 	1�a (S1, S2) mm  �� 

 k1�
 	1�aII  )50�9(  �4h  

 �i!P�I 	1�aI/II  )50�15(  38/0  

 �i!P�I 	1�aI/II  )50�22(  8/0  

 k1�
 	1�aI  )50�50(  1  

Z�I ���:� �\.�7
 �� �;�  2�P =; �*++-� .�7�

��-�!e  ��E� 	�-�!2 d
� )LEFM R;�> (

�!� ;!+� 8P �7< =; .	����  L��LEFM ����� 

�� *��7I \ ���> �.�4��� .�7�!.� a�� =P!= ��O�!2  �.

�X� �. Z�I Z7� }��<�=�  *��; 2U7P Z�I ���*�� �;

]12.[  

 R-�5 +`+�� ��; -�C;�A� =�7�� ��� SCB 

� ���� �� �f�a =c1�d�� *�. b�7h =; ��; ��*�;� �. .

d
� � :�� �� *;�  �5 �. =P *��; .7
 ��� =dX� =; �I

/��-�� � ���5 .�I� �.7�  �7< =; ��; ��5 �� |�

R;�> ,A7I� � ���P� *;� � �4h =; �I� *��.  

  
 R-�5 - QI ��.7��!!b�� �!�� �C;�A =; 	i��� ��;� 

=�7�� ��� SCB ��. �.� 4+��   
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+m��!W a �. �*++-� ���:�!W ���5�  	�-�

� �*����� �.7� ��� =��*/+� }��<� �. Z�I �� )�; 

W��-� �5 �� (���+� �� .7�� �; ��O� .�W  r��� �;

� b�c1�d�!�!W =��*/+� W��-� �� �� *��7I  *���

.�/� ] *��; .�I 	�-� ��29.[  

��;�+;W ��. �.� �4+�	1�4�5 � *+��� 2  �.��

 �*++-�� =i� � R�� �*++-�� �*+P �� �.!=C ��-�!e  

��E� 	�-�!2 d
� )LEFM� (� *��7I  ��7+� =;2 

8�� �� ;�� ��;� ���;�� *��* \.�7
 Z�I� ��. �.� 

��!W �1�4�5 6789� �.� \ ���> �.�4��� .�7�!.� ]12.[  

� �.W o��� ������� �� =c1�d�� ) 	�-�����; (� 

���;� 6789� 	�-� ���:� ��� �1�4�5�  �*� �.�4���

] 	��30  �31.[ o��� �������� ) 	�-��� ��*X�  (

o���� � .�7�!�� ��;� �1�4�5 6789� �. Z�I L���\�  ��

���*�� \!�� �� � � *+P� ^_I *��7I!� �.� :�� ��� 

vOh� �:� �; �*++P�� 6789� ��� �1�4�5�  	�-� �;��; �.

9�I 	>. =; ��!k � .*�.W  �������-� ��������� ��� 

����� ��;� �9I!W �1�4�5 6789� 	�-� ���:��  �.

� �	�� Z�I L���\ �;��;�� /��;��� ���P� ��-� =;!e  

��E� 	�-�!2 d
� )LEFM ������� =; 	i�� (

/��XU� ��� � .��. 	�-�] 5 �� Rh�a� /��i��� 

Xd+�� i��+� �� ��� �;x c>��� ] .��.14 �28  �31  .[

��;� o��� =i��`�� +`+� �� 	�-�� ��;-�C;�A�  zi<

 .��*�����RILEM TC50-FMC �� �7��: ��] �� 

� �.�4���� :.7�  

2(   �� � W�
A���

 

3(  ���� � �D
2 ! a� # t 

 ��5 �. =P ��) 	�-� �o��� �.�c�%
&'� �(W�  �.�c�

) 	�-� ��PJ �(���� ) 	�-� ~d� �.�c�&' �(D 

) =�7�� �d> �.�c�m �(a ) =!1�� Z�I �7< �.�c�m � (t 

) =�7�� 	��9f �.�c�m.	�� (  

 �. 	�-� ����5 e�C�� *��� b��U78: 	�,� �.

 R-�6 .	�� �*� �.�. ����  

  
 R-�6- 	�-� 2!��-� ����5 e�C�� *��� b��U78:  

4- �9+�C D�7 �  

4-1 - �	/0�. +�<	�=  ;�<���� �+�+ �6� >?! 

+�@ �&�3� �� )SCB(  

���5� SCB ��� 6789� ��� �1�4�5� 

vOh� 7��� �; �*�  W:��\ *!�P���M\��; 	1�a ��,U 	`I� 

��. �. D8�9���� 5-  �15 - ���� =A�.� .��\ ��;� 

�X�=� �5 	�-� l�7
 �� e�C�� *� .!^�Ib�� Q�� ��!� 

� ���> B`; .�7� =��.� �.� !\.�.  

4-1-1- G�H�� +&�,"�!  

R-� 7 =�7�� 	���X� ��� �1�4�5� vOh�  �; �*�

7��� ) W:��\ *!�P�GO( \.�7
 Z�I �;��; �.�  �.

��.��� 4+�� � ���� ��� *�.. ���]  �; =P .�. ����

� :�� 7��� *h�. ) W:��\ *!�P�GO ( 6789� �.

�1�4�5e�\ �� o��� �������� � :� �*�;� �. 	�-�� 

�� *;� � ��P�*a =; �I!��  ��*X� �. .7
 5/0 *h�. ���� 

>!� �� *�� � ��; |��� 	1�a ��� ��M\��; ���  �.�c�
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 ��4h38/0  2 �� ���P� *;� 1�� �. ��  �.�c�8/0 ��XI �5 ��*X��i � 	;�^� *���.  

  
  

 (D1�)Me=0 (t) Me=0.38 

  
 

 

 (�)Me=0.8  (b) Me=1 

R-� 7 - 6789� 	�-� 2!��-� ����5 ]��� 	1�a � ����. �. D8�9� ��1�4�5 ���  D8�9� ���M\��; ���  

�W � ����� *�. ,; ��*X� =P!=+ �� ��;�  �.�4���

7��� ��  W:��\ *!�P�vOh� ��7+� =;  6789� �. �*++P

�1�4�5� .��. .7A�. ��;�+;�W �� ]��� zi<  ��7I =C!��

 ��*X� =P 	:�\5/0 �� *h�.  *��7Ii��+� ��*X�� ��;� 

 :��.� 7���  W:��\ *!�P��1�4�5 6789� =;� *��; e�\ �� .

�C�5�  7��� =P W:��\ *!�P����.� ���\ ��� 8���� ��a� 

�P�!�� �����:� ��;�+; �	�� .7
 ���
�� �.W > �; y�I�n!� 

��\���� ;7
�  7��� V>�� �. ..��.*!�P� W:��\ b��n =; �

>!� � 2�P� *+P � �I\�� \*+i�U� �IE�;� � ��.�C 

�� �. � *+P!=C �*/+�=� �� � �� =; b*� =;!*�7 

�� � :� B��; � *��7
� ��P 	���X�� ��; ��  6789�

�1�4�5� ����. �.� ��!W �� � �; ��O� ..7��W 7��� 

 W:��\ *!�P��� *��7I �!��� \*+i�U�  �; �� 6789�

�.�C 2 1�YI� �^�� ;!W >!�  � b��n7���  W:��\ *!�P�

� :�� *�.�; � \78A!�� -�I ��!R �!��-Z�I  �. ��

����.� ��!W �I ] *+P 	���X� Z�I *�� �;��; �. ��,;5  �

32.[  

QI =i��`� �� |�!!� .�X� �.� o����  �. 	�-�
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 (�15 ��.� :�) 	!;7��� ��.� :� ���a e�\ =!� ��1�4�5
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4-1-2- I�9J	 ��6�	& ��G�H 
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Z�I ��U. 	�� W-�� .�� ��!�; �\.�7
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B�M D� E? �0�? 	?�JE �L�� ��M EY EB 	L��)  
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 0=B .��=
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4 ����/�� � )2012 �(
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 �L��M ���

 0=9 �Y�B ������< �0 ��=0 EB �0��� ��  0=�]29[ f

EB Z��L�  .���4� ���0=9 D� �0 �30 W_�
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 D!B � ��

< ���..� �=4b pM=� ����0�B0=9 ���  C=2  � �90�

��B�,< l�=< �G ��L�0 EB � ��  X!/�< ��� l�=< 6

X/� NB�h� ���=0 �B ���- �� �h
�!s1 �� � .0=�  

0�=� l{=� E? �e�2 �90� C=2 �B ��_�  �< �PB
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� 0=M� �0=B �M D.B
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� EB �F,� .��=<
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 �Y�B W_�
� X!50 EB ���=5� � l�� 6�? EB �.���4�
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�E>[�- �0 �0��� A�
 ���- ���L43   �� ��L43� l�� �0 D!B
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 A�
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5- Vermeer 
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�.� ���������� �/ �=�� zO� ��=0 �0=5�� 

����-� �.� - 6!��Y� 6!��Y� 6!��Y� 6!��Y� 
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lhO� �h� 2m 0.0303 - - - 

���,� ���� 3m 30 593 10. −× - - - 

	��]{ m - 0.2 0.4 1 

 ����=q]� 3kN / m 78 25 25 25 

�=��=� p�{ - - 0.25 0.25 0.25 
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=!�:GF�  8!1��:!� �A����<> .	�� �-<3� �/ ��3� 

� � :�/��H �<\�=� �2�� j��] k�<q �- ���� Iq!L  �

A3�c!	��� ���:�� ,!�� �2�� 03 k�<q :�/��H ���:GF� �

�- �/ �� �-�J��� 03 �-�c �� ���e 	�� �-�H �-���,. 

 �3 ����3 8!1��:!� ����G���H 0H ��F� do��� �� �9

:G��3 �G�/ �/� �3 ���2 ���S� �<I�  ��� ��� ���

���� �� �3/ ���.:��3 �3 ���2 ���S� �<I� 	
�G� ��� 

 ���  �2������ ��� �� �3/ ��� 	!��� ����-�<
�3 

.	�� ����3 �3 ���2 ���S�  ��� a�> ����  ���3

�3- �!3 ��� 3 	!��� �� �j��] �3- �� �>0�� � �- 

	�� ��-<
�3  ��� a�> �j��]y 03 ��<] ���S �,� 0H 

�3 �:� -�Z� �2�� ��� ��� a�> ���� �H  ���S �� �>

�3 �JG� ���S �--�, �J��>� �3- ���3 0H  ��� ��� �� �

�!3  �>�� z�J>� �j��] �3- �� u��3 :�S�  �::�

��H�� �<!���--�,. �::� =�� ���\2 k����
  ��Y���

�!�3 ���3 ������ �� ��  ��3 03 �3/ ����� -��/ ]3 � 4.[ 

�� 0H �Ao��� �� �9 =��3�G3 �Aq� ����.� :��<>

:��3 �2��  ��� �j��] �- 8!1��:!� =!�:GF�� 

- ���� �G�� �!3 �JG� ���S -�Z� �<^1�3 0AR�� ��\c �

 	I>  ��� a�> ��� ���:�� �����2n�3 :� � �3- �3 ��� 

��:��3 ]5[ . k?9�� ���3  ��� {��] =!�:GF� �� 3�

=� �G!G|�  .	�� 8!��G-��:!� �A��A� =�� �� 

�:�  �-:� � �9 !S ���03 0�� �<4G� dj � �3�

k?9�� �� �-�J���GH:�:� 	
�� . �9 !S ����  ����-

�5�\� �<| 	c� �!, �-<3�-<3 ���, � x�!^� k?9�� �

� �:� r��03 X�� =� �n�3 	c- =���:� =!G  d!1-

 	
�� �� ���� ��M
	����F3 .�:� �� ��!,�-:� ��� 

 !� ��  �!4� �>?9�� ����- :G| ��<!���\!1�H

0!\� <� kn-�5� ����2 �<.1� l��G� ����-�  �-�J���

 ��!f �	��y  ���03 02<> �3 0S�q 0G � � 	c� �- �<2

l��G� �-:� �:� ��:��<> ��� :��3 ��, ]6 � 7[.  

 ��� 03 �2�� ��.����/ �- �5!�� �<] ���

 ���-� 8!1��:!������ �9��/ )USBR1(  051�M� -�<�

K/ d!S��� =!!5> ���3 [�n k��?]� � 	�� 0�S�, ���c 

�� e�<> �:� ���G� ���-� =!03 � 	��  ���!5� ��<G�

�2��  ��� �j��] ���3�  �-�J��� -�<����.�����  ���c

��.-�!, ]8 -10[. ��� �-�� ���.�� �- ��� ��� -�<�

 �2���-<�� 051�M�y:�� ���!3 �  	
�� �3 k�^!^I> =� �>

 �:� �-<3 ����� �9 !S�H � �:� �� �> �-:� ���

�� �:� �-�J���.	  ����� =� �-�H!:�2 )1965 ( �3

-:� �:� �� �-�J���� �PS �-� :53�-� 5> 03!!=  ���S

��� ��� a�>  2��� �2 x����3�� �����!d  .	
�-��

���p 301��/ �� �:�/ 	�-!  -:�� �2�� �� �3� ���  

2��� ��� �3p ���/��.�� �^>s�\ ���9 -<3 �� �!0Z 

� �� dq�j= ^I>!g� 3!���, b}>!� |��!S��� �3 	2 1  !d 

�2 -��/ LM��� -<3 ]11.[ <�A2 � =�1��~3 )1998 (

��� �3J��� kn-�5� �� �-�hH<���� �!.��!=,!��  �:�

��:1<G  kn-�5� �k−ε  �-�:I� �Zj X�� 03 -��:�����

�2�� �<\�� �� ��� ���  2��� �PS �- ��� :53�-�  �

0� :53� AI>!d :�-<��> �- .5!!= �2 -��/ LM����  �:�3�

��� dH  03 m��� k�<qz�  �4� �-:� 0�S�,  �Y, �3 0H

03 ����  ��H�j kn-�5� �- d^b K��� [�> -<2� 	A�

�2 -��/ LM��� 5c�� d9�� 3 �� -<
0 	�-�� .-��/

���p 30�:�/ 	�-� 3!���, n�3 	c-�  �:� �-�J��� X��

-<3 ]12[. ,�<3!�� =���� �4 )1999(� �2 �o�c 0J1<��� 

�� �3� ��� a�>  2��� �PS �-� :53�-�  X�� 03 ��

�2 ��S �3 � -�:I� ���1��� �H��> Y���� AI> 0�J�/ �!d 

:�-<���3 �H�j kn-�5� . �2��� � kn-�5��:1<G  .-<3

                                                 
1- United states bureau of reclamation 
2- United states bureau of reclamation 
3- Olsen and Kjellesvig 
4- Burgisser and Rutschmann 
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����30H -�- ���� �� ���p -:� dj �� dq�j�  �-

5>!!= �tl 3-� ���  <> �<I� ��v S�� ���� ���  

��� 03p 3�Z>� �3!�� - �8 	�� ]13.[  

S<>� � ��<�A1 )2001 ( dt�J> X�� �� �-�^��� �3

-�:I�� �2�� �<\� �o�c� ��� a�> ��  2���  �- ��

�PS� �-:53� �2 ��S �3�� �����!d _�� ����� � 

�!=�< ����� �3� �!��: �2�� AI>!d :�-<����� .p 

�^� �- dq�j0� �3 ���p ���/��.��� 3!���, �b� �H 

� �3 	2 1!��: �2�� -<3 . 0��^�>�\��I� -��/ LM�� 

�!  ��� �3p ���/��.�� ���� �:GF�-  X�� l��G� 	c-

-<3 ]14<� .[p �<���2 �2 )2001 (A��H 051�M��  	F2

�^�0� ���������� �2�� ��� ����� � 2���  -��:�����

��� �3J �� �-�8  �:�S! 9�� -:� �:��  k�51�M� �

 -<2<�:�-�- [�Z��S �:� .! 9� �9A� hG2 ���  x?,

:� 0�
��  �- �8 ���/ [<AS��.��  ���c:� �-�- . ���/

�2�� �<\�� �� ��� ���  2��� ��� �3 �� -��:�����J �-�

 �:� ��k−ε  �-�:I� �Zj X�� 03 -��:�����03 0A!�� 

[��  �� S�Flow-3D ���3 -�<�� � �- .:�-�- ���c= 

��[ �� S�� 03 5> �<4G�!!= S���!d G9> �� K/ LM�!8  dj

� �Zj 01-�5�!��  ��F3:� 0�S�,��/ .� �-:G�S�  0H

S���!d  ���S��� ���  30	�- /�:� -:� �:� ���  03

��!0Z S���!d ���S ��� ���  30 �- �� �:�/ 	 �:�

S! 9� - �8 	�� ]15 � 16.[ /:= >�/ �E�<3 

)2009 (H�>!l 	Iq � ZG�� -:� X���  8!��G-

�>�\��I� kn�!� �^� �-0� ���/ X�� �3��.��  �-

�-�<�� �����  :�-�- [�Z�� �� �^� �� �0�  03 X�� �-

3<
 g3�M>� ��!:�: ]17.[  

1��<�h4 ����9�� � )2012(� �:� ���� -:��  �

S! 9� ���  2��� �- �30r ��Mc� S��I�� :�� 

�S��� .:�-�- [�Z�� �� ��-�<H� �- ���H 0��
-�!d  � K/ LM�

                                                 
1- Tufi and Wilson 
2- Savage and Johnson 
3- Aydin and Ozturk 
4- Morales 

\�� 	����  �3 �:� �- �-:9�. �^�0� -�,:  �

���,��� 3<
� � ��= -�, dq�j X�� �-: ]18.[ 

S�<��5 )1973 ( �2��  ��� a�> ��� �3 �� �>�51�M�

� -�- [�Z�� 3!�� <����3 0H -� �-�^�  �Hg��  � K�^>�- 

	1�j 3 02��2 ��o�c 	�-n��� ��>d  03 	H�j 03

�� 	��!=  02� ��� �o�c -��-�  �>8  �- �
�|

- 	�����< � �o�c-�Z :GH 0H 03 ��<R> �2�� �
�|� 

 .-��- �����8 � 	�-n�3 02�!l��- ��>d  �� 0H -��-

�:� =�: ,<A2!�� :GH ]19[. 	��- ����� =!Gr�� �� 

8 ���  03 :GA3 �c k�<q� �o!�� � 	�-n�3 02� 03!l-

��- ��3� �� C�:����:� ���� -��:� 0S�q �3 ��?� ��<2 

 �- C���� =�3���<>  �3� S�� �GF�� a�>/��H � �

-�- �� S� ��  ��� ]19 � 20[.  k�51�M� =!Gr��

 ���� =!^^I� � :� [�Z��  ��� a�> ��� �3  !� ��.-

�� a�> ��GI�� 0H :�-�-	��-  �  �a�> �<I� 	�-n�3 �-

03  8 .-��- �!b�>  ��� ��-��3 �- �F2<> d3�c k�<q

 �FG> 0� a�> ��GI�� �- �.��<!� [:� � � ���F,�� �!!m>

 0n�� C�IG� �� ������ 09A3 �:GH ��:2 u��3 :��<>

-<� �<!�����H � ���2 ]21-23[.  

=� �-   �����-�<G��6 )1985(� �-���, k�51�M�  ��

 0�� ��:3 � 0�� �3 	1�j �- �3 �2��  ��� ��� �3 ��

 .-�- [�Z�� ��  ��� ���2 ��:!� �3 �b<� ����������

 �� K/ LM� d!S��� � ���S ��3- �!4� d9� �2�� ���

g�� �� �5!�� �-�:I�l!� � K�^> ��� 02� ���

;�J>�� � 	�-n�3 051�M�  ��� a�> ��� K/ @A�B� ���

-<���M� .) K�^> g�� �-�^� d��� �� k�51
�

��
 �� (

25/0  �>�- ) �\�� :� �-�^� ���

��
 �� (4/0 �>5/1  �

l!�  ��� 	1�j �� 	�-n�3 02� �> �o�c2V:3H  .-<3

-�- ���� �� 051�M� p��� a�> 0H �-  ��� ���

;�J>�� =!�� ��!�3 ����  �3 ����9 0!AB> k�!q<�


                                                 
5- Murphy 
6- Maynord 
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� ��� �-�^� ��c� ��.- k��\� 03 .:���- =F� a�> �3 ��
�

��
 �� ���H �:3�03���  �>n�3 �-�^� ���3��

��
 ���GH �

�� 	�-n�3 	�� 03 �!!m> 03 ;��� ���2 u��3 � :GH

 � 0!AB> l�t ���H/��H� �� 0!AB> -<��  l�t

0!AB> ���3�-  0!AB> l�t 03� ��� =F� a�> �3 ��

�� 8- � -<� ]24[.  

�!3 ��� ��� �3 �<GH�> 0H �>�51�M� �>  ���

03 ��:� [�Z�� �2��  [�Z�� � �-<3 ���.����/ k�<q

03  ��� a�> d!S��� ;�<�� ��� �3 051�M�  k�<q

0!\�   ���2 ��:!� 0��^� � �-:� �����/ �3 ��

�.:9� �H  e�<> �>.	�� �:� [�Z�� =!^^I�  =!Gr��

30�/ d!1- 0H  �3 ���.����/ k�51�M� [�Z���1�| ���

3 �	�� ����� �-�� �-�� � �����0�:� ��!,��H ���

0!\� 	c- ����3 � �-:�����0��^� � ��  dq�j p���

�:� �� ���� ���.����/ p��� �3 �-:� ����� �- :��<>

�1�| �-�H vJ>�� �H� ���.-<� vc�� :!J� �:� 

 =!Gr���/ �� ��2  �-:� �:� 0HFlow-3D <>� ���

0!\����2 0!AH ���� ��� 03 � -��- �� ��!�  �3<


 �3- ����S �	��� �!4� ���2 ��:!� �3 �b<� ����������

� ��!f �� 0\��I� ��  ��� ��� �3 k�51�M� �- � :GH

�2��� �H 03 �> 	�� �:� 0�S�, ��Hy  =� �-����� 

03 0!\� �<4G� ��� ��� �3 ���2 �<.1� ���� =� �� �

[��  .	�� �:� �-�J��� �� S�03  � ����3 �.- k��\�

0��^� <.1� 	I> �2��  ��� ��� ���2 ��:!� ���

 02� l!� � a�> @A�B� ��� 	�-n�3�  �� �-�J��� �3

X�� � �Zj��! (VOF1) [�� � �� S� Flow-3D  =� �-

51�M� 0	�� 0�S�, ���c 02<> -�<� . 	�� �H� 03 [�n

X���Zj ��� ��!� )VOF(  ���H v��� �Zj 	j��� 

)FAVOR2 (���� ��� 0H :G��� ��Zj � 2 X�� ��

 �:� �-Flow-3D 03 �� ��H:��� ]25[.  

                                                 
1- Volume of fluid 
2- Fractional area-volume obstacle representation 

 ��� ���2 	�� �:� �5� 051�M� =� �-

 a�> � d9� �<P!3 a�> �3 �2�� ��� ���USBR  �- �-

	1�j  �3�o�c � d�� 	�-n�3 02� l!� -�J��� �3 �� �

[��  �� S� :G�>�:cFlow-3D -�:I� �Zj X�� �� 

�:�  �!4� ���2 ��:!� �3 �b<� ���������� � :�<� ����

 	��� � ���S��� -�<� ����� =� �- .:��!, ���c �3�

03 	Iq �<4G� p��� �ZG��  -�<G�� ���.����/ p��� ��

 �:� �-�J���	�� ]26[.  

2- �������   

2 -1- ��!"# "$ %��& '()�*
  

�H��> ��!� 8 ���2 �3 �H�j =!��<c a 1 �Y���

 �- ��G�<� 01-�5� 0� � �.��<!� 01-�5� 8 e�<>

0� ����<I� k�F2 kn-�5� 03 0H k���B� 0��,

�� ��!3 �:G��� C��5� hH<�������:�<�  k�<q �- �

n-�5� 03 ����2 �-<3 0�J�/� k �-�- 	!��� �!!m> �:1<G

�:� �� � 03�-�, 	2 1 =!!5> ���3 �.�J�/ ��� ��

�� �-�J��� -<�]27 � 28[.  �� ���2 �.��<!� 01-�5�

 ���1� 8 ���3 �-�5> 0M3�� =��<� �3 � [�2 ��^3 �<��c

03 ��!� �� 	�- :/]29[.  03 �.��<!� ��<�� 01-�5�

:	�� �� d9�  

)1(  ( ) ( ) ( ) 0
f x y z

V uA vA wA
t x y z

∂ ∂ ∂ ∂+ + + =
∂ ∂ ∂ ∂
ρ ρ ρ ρ  

 �/ �- 0Hfv ����2 03 ��3 �Zj ��H �  ���!� �1�.|

(�, 	, 
) 0J1<� k�F2 �- 	��� ���(x, y, z)� �� 

 	F2 �- ��3 LM� ��H� � ��  ��� 03  ��H 03��� �<]

 k�F2 �- LM��  �� ��:G��3.  

��!� 	H�j kn-�5� 0J1<� �3���  	���

(�, 	, 
) 0� �-  kn-�5� �G5 �k���B� 	F2

����) 0M3�� d9� 03 hH<���2�� @�5> (--�,:  

)2(  1 ' 'i i

J i i j
j j j

u u p u
u gx u u

t x x x x

 ∂ ∂ ∂ ∂ ∂ + + = − + + −
 ∂ ∂ ∂ ∂ ∂
 

ϑ
ρ
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��� ����' '
i jρu u  ��!� �3 0H 	�� �:1<G� �G> ����

03�-�, �b� � �-�H d�� ����� ��!� �- �� �.�J�/ ���

��H:G ]30-33[.  

2 -2- +�
 �,�-��.
 �/-0 � 1!�"� ���2�  

051�M� =� �-� �-�J��� -�<� 0�:G� ��  � -�<G��

03 ����9�� 0!\� �<4G� �:� �-�J��� ���2 d!AI> � ����

.	�� �= ���.�����  X�� C?
�3USBR3 d9� �� �!P� 

��3� ��� a�>   .:�-<�� �-�J���03 051�M� =� �- ����3 �<4G� 

0�:G� �!b�>  �- �3 �2��  ��� ����2 ��:!� �3  ��� a�>

 � �P!3 @A�B� a�> d9�USBR [�� �� �-�J��� �3  �� S�

Flow-3D 0!\� -�<� �<4G� 03 =!Gr�� .	S�, ���c ����

B�� ��� �3  ��� 	�-n�3 02� l!� �b� 0��^�0� ���

��<HY�  ��� �- �- ���2 0!\�1�j �- �- �-:� ���� 	

l!� ���<- � �o�c ���<- l!� �3 ��-3V:3H .	S�, k�<q  

d9� �- 1  X�� 03 �2��  ���-�<G��  �USBR  �-

l!� � �o�c 	�-n�3 02� l!� 	1�j ��-  [�n .	�� �:� ����

 �H� 03 �- 	�� d9�1 �) �-�J��� -�<�  ��� a�> ;�J>��P � (

)  ��� ��� �j��] �!4� ;�J>�� =!Gr��Hd3��3 ( �24/0  ���

 ������� =!Gr�� .:-�, K�B���He   ��� ��� �� ��<\� :�

��.:��3 �� �� 80�:G�  d9� ���1 03 [�� �- 	c-  �� S�

SOLIDWORK 03 � :� 0�
�� 0!\� �<4G� ���� -��� �

[��  �� S�Flow-3D :�:� .  

    
(@1�) �<c g\] �3 �2��  ����P!3 :��<,  (K)  ���-��:����� g\] �2��  ��� a�> d!S���USBR  

    
(�) l!� 	�-n�3 ���<- �3 d9� �P!3 a�> �3 �2��  ��� d!S��� ��-  (k)  a�> �3 �2��  ��� d!S���USBR l!� 	�-n�3 ���<- �3 ��-  

 d9�1 - M� -�<� �2��  ��� ;�<�� 01�^� �- 051�]16[  

 d9� �-2 �:� �- �� ��� �� �:� 0�
�� ���

[��  �� S�Solidwork 03 .	�� �:� �-�- ����  �<4G�

0G!F3 �<A� -�:5> � -�53� ���� ��� 09\� :G| ��>�\��I�

 �F��� �- � 	S�, ���c �3���� -�<� �>�\��I� �<A� 09\�

09\��H 0H �� 0��^� �- �� �M
 ��:^� =�>  p��� �3

 	�F� �- .	S�, ���c �-�J��� -�<� �-�- 0o��� ���.����/

 09\��<A���� >�\��I�� 03  k�<q8  d��� E<A3

652866  -�53� � �<A� �� 8���<A��� �3 �3��3 

3/0×8/4×3/0  l�j�3)����� >�> 03 ���!l X×Y×Z( 

�:� � 	S�, ���c �-�J��� -�<� ���� �3 ����� =� ���

\� =�	S�, k�<q 09.  

0� ���2 ��:!� ������ =� �-  �:�3� �- �:53

03 �:� 0A!�� �.�J�/ ���RNG  �k-ε 0!\� ����

 .:-�,   

  
 d9�2 -  �2��  ��� ;�<�� d9�1 [�� �- �� S�Solidwork .   

 ���2 ��:!� @A�B� ���������� 0��^� h��

 C?�
� ��.�J�/ �:� �- =� p��� =!3 0H -�- ����
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 �.�J�/ �:� �� 0��-� �- � -��:� -<2� ���:G|k-ε  	F2

0!\� ���� .:� �-�J��� ����3 [�n ����� \�!0 ��� �- �

����� =� 10 ��b!0 .:� 0�S�, �4� �-  

2 -3- ����� � �4"
 5!�"0 +�
  

���<- =!Gr�� �  ��� @H ���3  ���GH ���

 �����<- ���� _�� �1  ���3 =!Gr�� .:� �����

LM� ���2 -��/ ��  ���� _�����^>2 -��� ��� ���3 �

2���S ���� _�� ��  ��� 03 ���3  ��F��� ��� ���3 �

��2 �G5 �>�\��I� 09\� �� a��
 �/ �� ���2 0H 

-<��  ��� ���2��
 ���24 � �:� �-�J��� d9� �- .	�

3  e��� �0!1�� e���� � �:� 03 �:� ����� ���

3 �>�\��I� �-�:I�0 .	�� �:� �-�- ����  ��� ����� 

�:� 03 �:� ����� 0!1�� e���03 � �-�:I� k�<q   \�

0!\� �� �- 0!1�� e��� .	�� �:� �-�- ���� ~�� ����

03  ��� ��� �� ��<\� :� � K/ ;�J>�� k�<q )He (

�� 0\1 �> �-��� ��� ��:�3� �� K/ ;�J>�� =� � :��3  a�>

�3 �- ��  ��� ��,-�!.  

  
 d9�3 -  �-�:I� �- �:� 03 �:� ����� ���� � 0!1�� e���

�>�\��I�  

2 -4 -7!�89 �:!��
 � ��!"# �;<�� =��., +�
 �4��  

03 	Iq �<4G�  �-:� �:� p��� �ZG�Flow-

3D�  �P!3 a�> �3 �2��  ��� �� �:� 0�
�� 0�:G� �:�3�

1�j �- d9�[�� -��� �o�c 	�-n�3 ���<- 	 � :� �� S�  �3

 �-��� ���2 :�
��

��
� 1 0!\� -�<� .	S�, ���c ����

                                                 
1 Wall 
2 Symmetry 
3 Specified pressure 
4 Outflow 

 �3 �-:� �:� �3- p��� ��-:� �:� �:� ��:�� �� :53

 ���c 0��^� -�<� -�<G�� ���.����/ �:� �3- p���

	S�,  ��:2)1 �-:� �:� 0H :� �B�� � (Flow-

3D �:� ����<> �n�3 ��!�3 	c- �3 �<.1� ���� ��2 �

03 [�n .-��- �� �2��  ��� ��� �3  	�� �H�] �� h�� 

�^>�\ ��F| ��b!0 \� ��!0 ���� �2��� ���p  ��.��

�� 3 � :�<�!= �� [�,� ����� ��:G| C?�
� dj�  -<2�

�]� 	F2 �- ��� -��:�!��G  k:� 0310 ��b!0 \�!0 ���� 

� 0��-�!�: .-�H  d9� �-4 .�<.|� :53 p��� ���:�� � �

��F| ���� �] �o�c �<I� .	�� �:� �-�- ���� 0!��b� 

 �] ���� �^S� �<I� � �:� 03 �:� -��� ���2 �Zj

0!��b l�j �3 �:� ��.:��3  d9� �-5 �GH��� p��� 

 0!\� �� dq�j ���S � 	��� �<P!3 a�> �3  ��� ����

.	�� �:� �-�- ���� �o�c 	�-n�3 ���<- �3 �  03 [�n

- 	�� �H�d9� ����> � �3 ��� �	��� ������� :j�� ��

�� ��9��� ����S ������� :j�� � 0!��b.:��3   

	Iq � �<!���\!1�H �� h�  �-:� �:� �ZG�

Flow-3D 09\� 03 �:!�� �  8 �� �K<AM� �>�\��I�

 d9� �- �:� �-�- ���� ��� ��� ��1 03 :� 0� ����

 @A�B���

��
� 0.5  ���

��
� 1  ���

��
� 1.33 0!\� ����

���� k��!!m> �� dq�j p��� � :�:� �!4� �b<� ������

�� �<] �- ���S ��� �� 8.	S�, ���c ����3 -�<� �� 

03�:� 	c- ��F3 ����3 �<4G��- ��-:� ���  ��:21 

�:� =!3 ���2 �2��
 �3- ������� p��� �-:� ���

 051�M� .	�� �:� 0o��� -�<G�� ���.����/ �:� � �t�j

 ��3- ������� ���3 ���.����/ � �-:� p��� 0��^�

�H �\�� ��M
 �� ����  ����> �- :q�- ��F| �� �>

�:���!3 0H -��- �� �:� 	c- � �/��H �,  �3 ����

[�� �� �-�J���  �� S�Flow-3D ��:��3. 

 �:c dq�j �\�� ��M
 0H 	�� �H� 03 [�n

.����/ � �-:� ��:^� k��J> gAM� ��:^� �3 ���

.	�� ���.����/ 
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 d9�4 - .�<.|� ����:� ���p 0����3 ���2� ���� �Y, �3.  

    
(@1�)  (K)  

 d9�5 -  p����GH���  ������� (@1�)	��� ���S (K) �  ��� ��� �3 �o�c 	1�j �- �<P!3 a�> �3 �2��  

 ��:21- �3- �� ��� ��� �� ��<\� ���  

���<- 	1�j   ��� ;<�  
K/ ;�J>��  

!"

!#

� 1.33 
!"

!#

� 1 
!"

!#

� 0.5 

�o�c 	1�j  

USBR ���.����/  41751/0  25172/0  08384/0  

USBR �-:�  41194/0  2604/0  08601/0  

�P!3 ���.����/ �<,  41964/0  25658/0  08454/0  

�P!3 �-:� �<,  414346/0  2620/0  0878/0  

l!� 	1�j ��-  

3V:3H  

USBR ���.����/  41864/0  25376/0  08395/0  

USBR �-:�  4148/0  2649/0  0856/0  

�P!3 ���.����/ �<,  42048/0  25856/0  08480/0  

�P!3 �-:� �<,  4142/0  26620/0  08724/0  

 

03 03 ���� �<] <4G�0!\� �:� ��M
 -��/�3 � ����

 a�> �3 �2��  ��� �:��P!3 �<,  �o�c 	�-n�3 02� �3

 ���� 03��

��
� 1 ��:	�<� ��<>  

)3(  
100

0 25658 0 262
2 11

0 25658

experimental Numerical

experimental

Q Q

Q

. .
. %

.

−
∆ = ×

−
= =

 

 =!Gr���\�� ��M
 ����3 ������� ���3 ���

 ���S � 	��� 0H -�- ���� p��� .:� [�Z��  !� ����> �-

�:�� ��	��� ������� ���3 �M
 ��:^� �H  �� �>pG�  :q�-

���S ������� ���3 �� �H  �� �>�� �� :q�-.:��3 � 0Z!�

 ��:2 p��� 0��^� �� 0H ��.-1 ��03 ��<>  -��/ 	�-

	�� =� 03 �3 0H   ��� ��!,��H�P!3 �<, 03 	\��

 a�> �3  ���USBR� �3- �<\� ��9�� �!3  �G�� �3 �>



64   ��� 	�-n�3 02� l!� � a�> d9� �!b�> 	I> �2��  ��� ��� ���2 ��:!� �-:� ����3  

 

����� 	
���� ��� ������ ���  �� ����� ��� ���2 ������ �  !�� �1401 

�>n�3�� ����S �l!� =!Gr�� .-<� 02� �-�H ��-

 ��� 	�-n�3�  � 0!AB> l�t �- �!!m> u��3 	�F� �-

� �3- �� !���  ��� ��� �� ���2 ��<\ .-<�0��-� �-� 

0Z!��  a�> �3 �2��  ��� �-:� �:� �� dq�j�P!3 �<, 

l!� 	�-n�3 ���<- �  :� ���� 03 ��-��

��
� 1.33 �- 

 d9�6  d9� .	�� �:� �-�- ����6 - @1� 0Z!��  �������

 d9� � 	���6- K �� �9!>���� ���S���� .:��3  �<]

�� �:���� 0H :� ��  ��� ��� ���2 :� 0r��G| -<�

�!3 �j��] :��3 �>y �-�:I�  a�> ��� �3 �JG� ���S

�� d!9�>  ��� =� .-<��-�:I� 03 ��JG� ���S  d!1-

 _<M
 ��:23  ��� a�> �3 -�<
�3 �b� �- ���20 -<2�

��  :/-�Z� 03 �ZG� �  �- ���F,�� �,-��S���S 8

  ��� a�> 0!j�� �- �9!>���� ���S d!S����� 0H -<�

d9� �- �,-��S���S =� 7 	�� �:� �-�- ���� . ��

�/ ��2 �� �JG� ���S �-�:I� =� 0H 03 �ZG� :��<>

 �::� K�B��H-<�  ��� ��� �3 �<!����y  =��3�G3

:� ���� 03  ��� ��� ���S ��:!� ����3 �!3 ���2  �>

 	!��� �� 8!1��:!� =!�:GF� ���3 �j��] :� ��

3�!  �-�<� 0!\5> [� 1 k�<q �- � 	�� ��-�<
�3 ��>

  ��� ��� �3 �<!�����H �::� �� ��!,<A2 	F2

�� ����t.:��3  

    
(@1�)  (K)  

 d9�6-  �GH���)@1�( 	���  �)K( �P!3 a�> �3 �2��  ��� ��� �3 ���2 �9!>������:!� ���S l!� ���<- � d9�  ���� 03 ��-
�"

�#
� 1.33  

    

(@1�)  (K)  

 d9�7 - >m!!k��  �<] �- ���S �-�5� ;�J>��a�> �3  ��� 3!P�� d9�  �3)@1�( -���< �o�c  �)K( -���< l!�  l!� �3 ��-3V:3H  

03 0��-� �-�<4G�  ��� �3 ���S ������� ����3

 ���0��^� p��� �  ��� �� ��d9� �- �� 7 0o���  �:�

.	�� - �d9� =�� ���p �:� ) �-:� ����NUM (

�P!3 a�> �3 �2��  ��� �<,�c 	1�j �- �-o� � �!l ��-

�^� �0� �3 �/ ���p ���/��.�� ��-�<G )EXP(  ��

� �����.:�- ���� 0H �<] �	�� �:� �-�- ����
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 �3<
 ���,��� �-:� �:� p��� =!3Flow-3D  p��� �

 ���c�3 -�<G�� ���.����/	�� ;<t<� =� 0H� ��!3  �,

�3 	!A3�c�� ���2 ��:!� d!AI> �3 �:� �n  .:��3

�=!Gr� �� 04j?� :� �3��3 :� ;�J>�� �- 0H -<�

) �j��]��

��
� 1�� �J��>� ���S 8- � �����S �( :G��3

���S �  =� .	�� �:�� -�Z�  ��� a�> ��� �JG�

���� ;<t<� a�> 0H 	�� =� �,� 03 LM� �3 ����- 

 y-��- l��G> ���2 d!S��� =�� �- ������:�  �� �>n�3

:� ) �j��]��

��
> 103 (  �� ���2 _<M
 ��:2 d!1-

 ��� a�> ���� �� ���S�� ���H  ��� LM� � �> :3�

��20H �� -�Z� �JG� ���S :� �- vc�� �- .-<� ���

�j��] :� �� �>n�3 03  �3 -�<
�3 �b� �- ���2 ��:2 	A�

 ��� a�>�  ���S d!S��� �- ���F,�� �,-��S���S 8

0!j�� �- �9!>����  0Z!�� �- .	�� �-�- ��  ��� a�>

�!3 ���2 �a�> �JG� ���S  �<\�  ��� ��� �� ��>

�� :��� � :GH�� n�3  ��� ����>�<q �- �-��  �- 0H

=!�� ;�J>��;�J>�� �� �> �j��]� �H �3-  .	�� �>  

03 0��-� �-  �<.1� �3  ��� a�> d9� �!b�> �<4G�

 � �<P!3 	1�j �- ���S �1<] d!S��� � ��� ��� ���S

USBR  d9� �- .:G�S�, ���c 0��^� -�<� �.:9 �38- 

@1� m>!!k�� �S �-�5� ;�J>���� a�> �-��� 3!P�d9� 

)Ellipse( � USBR - �3���< �o�c  �- � d9�8-K 

m>!!k�� ���S �-�5� ;�J>�� a�> �-��� 3!P�d9� 

)Ellipse( � USBR - �3���< l!� 	�-n�3 02�  �3 ��-

 l!�3V:3H  :� ���� 03��

��
� 1.33  �:� �-�- ����

	�� .���� - 0H �<] d9� � �- �� �- �	�� �B��

���<- 	1�j  ��:�3��- �:� -�Z� �JG� ���S ��:^�  ���

 ��� a�>USBR  JG� ���S �-�^� 03 	\���  a�>

�P!3  ��� d9�� �!3  [:� �/ 	A� 0H 	�� �>

 ��� a�> �- �.��<!�USBR  �!3 ��:2 �  _<M
 �>

 �/ ��� �� ���2	�� a�> ��GI�� �- k��!!m> -�Z� �3 .

 ���� ��- ���H �� �JG� ���S =� �b� ��<> =��3�G3 .-�

�P!3 a�> �3  ��� 	\�� �<, a�> �3  ��� 03USBR 

��:��<> ���F3 -�9A��  �<!�����H � �JG� ���S �3��3 �-

.:��3 0���- l!� =!Gr�� 	�-n�3 02� �-�H ��-

 ����  �3- �� !� s���F� � 0!AB> l�t �- �!!m> u��3

��  ��� ��� �� ���2 ��<\�.-<� 

    

(@1�)  (K)  

 d9�8- >m!!k�� ���S �-�5� ;�J>�� a�> �-��� 3!P� � d9� USBR - �3���< )@1�( �o�c � )K( l!� 	�-n�3  l!� �3 ��-3V:3H  03

 ������

��
� 1.33.  

�<>v  ���S��� �3 ���  �P!3d9�  �- �� �-

-<�� 	1�j�  �l!� ��-  l!� �33V:3H ��3�  0� :�

@A�B�  d9� �-9 	�� �:� �-�- ����. �- =� d9�� 

���S v�<> �:�� k��J>  ��� ���  � �o�c 	1�j �- �-

l!� ��-  0� �� �-:�  ����2�- 0!j��   ��� a�>

�� :� �- � :��3��� �j��] :� �� �>n�3�  k��J> =�

�!3 �� �> ��� 	1�j �- �� �- .-<� (d�� � �o�c)  �-

j��] :� �3 � :G��� �J��>� ���S 8- � �����S �
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���2 :� �� S��  � 0�S� ���H  ��� LM� ��� ���S

 �JG� ���Sa�> �9- � �-  ���S .	�� �:� -�Z�  ���

l!�  ��� ��� -�� �JG���-� �� ��4��� d3�c:��3y ��� 

l!� 02���-�  �- ���2 �
�| �� ��!,<A2 03 d��>

� -��- ���<- 	�� 03�-�, d!9�> v��� �� d\c i� 3 ���

��  ��� ���H � 	��� �� S� u��3 ��� =!�� � -<�

�� a�> ��� ���S�!3 ���2 0Z!�� �- -<�  �� �� ��>

�� �<\� -<
.:�-  

  
 d9�9- m>!!k�� ���S �-�5� ;�J>�� �P!3  ��� ��� �3 o�c 	1�j �- �- d9�l!� � �@A�B� ���:� ���� 03 ��-  

���� �:� kn�j ����> �- 0H �<] �3  ��� ����

���<- �3 �2��  ��� � d9� �P!3 �2�> d�� � �o�c ���

d9� �-� ��6  �>9 	�� �:� �-�- ����y 0^MG�   o�j

d9� � �JG� ���S �4� �� 	!����::� ��!,  K�B�

�<!�����H� �-�:I� ��  ��� a�>:��3 . a�> �� 0|�� 03

=!�� 	��  	H�j  ��� 	�-�� y-<� :�  ��� ���S

�� d!� �Jq 	�� 03  ���03 .:GH ���� 03 ���� �<]

 :� �� �>n�3 ���:��j��]� �- 	H�j �3 �  ��� �<] 

=�S�, 0Aq�S 0!j�� �� a�>�   ��� ��� �JG� ������S
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� �9!:��/!� 	�/� �; N:>b�4��� �c� ����; .	��  ���M�

 /�/!� ���� ���!� �; �/� ����1; ���, l� �9!��9�

 �� N:>b�4��� /B�, �� M� �; <43  <;5 %  	�/�

 �9!:��/!�10  �:�100  	�� <�M� ���4 �;��;]4[ .

���/!b>�:�5 ���9�� �  �H��>� �c� �A!K@ ��� a�>
 

�9!093>bY I�
 l� �/� 	!Kd3 �; 8�- ��  �, <A:�\�

 ��,�>� ����; ���k /�,�,.  �, N� <A:�\� I�
 �; 0 �3 2 

% >���H� � 0 �3 8 % 8�- 	!Kd3 /�.  r��� 	�/; 

�/�- �� N� <A:�\� ���� ,�, �; �,� M� >���H�  ��A!K@

	K�� ��;��;  �!��e!:�4(CBR) �� M� � y
�� ��!�
 

I�
 �/� 	!Kd3 �; 8�- ���4 /;� �� ]5[ .��GGX� 

�c�  N:>b�4��� ���
�� � ����M 	���G� �; ��!Dk ��AM

 �����, �, �/� ���- j�� [^� [��z23  �60  <=�,

 <A:�\� N� r��� ./�,�, ���k ����; ,�>� �� ,��.!����

 j�� ���, � N:>b�4��� /B�, �� M� �; <4 ,�, ����

 �, � /;� �� �� M� �� <�>�� ����M 	���G� ����-

��- j�� [^� [��z ���
�� � [�9!D!� �Y �/� �

,>�!� �/, x>n� <; [�0!�>:- ]6[. � �/k �KW��  ���;�,

 � /0D3�� ���!� �� �,�e��� �; ��� ��14�
 	!Kd3

 ./�,�, ]�W�� ������ ��!D�>bY�, ��GGX� ����� N� <; 

<��G� ,�9D�� �9!��9� 	!Kd3 I�
 ��� �; �,�e��� �� 

���4�
 ����e�3-  ��!D�>bYVa  �:>�A� /0D3�� ���!� �

OPC  ./0�
�,�� �; 	!Kd3 <4 	�� �/� �/���� ��!D�>bY

8�
 {��� �, (DC)  <4 �:�5 �, 	�� �3/�-��4

 m>@�� {!X� �, /0D3�� ���!�(OC)  	�� �:��]7[ .

N!O��6 ����9�� � �c� 8�- � ,�>� ��H��>� �� �; ��� 

I�
 ��� ,�>� <A:�\� ���k /���, � /0�M� �,� M� 8�- 

|=>� ���4 y
�� ��!�
 ,>�!� � _��; �� M� 

	;>@� <0!1; I�
  !� ,>�!�.  N!0O�� �,� M� 8�- 

�c� �1=>3 j;�k �� �, �� M� I�9\B� �D
�, � 

�2/0K�u I�
 	�U2�; ���� ���- j��  ,��U.!�]8[.  

                                                 
5 Al-Swaidani 
6 Harichane 
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 �,>:- ��� I�
 	!Kd3 � I�
 �2,>:- <0!�� �,

<�M�2 [�>B �,/A�� ��� ����� .	��  � �^��s:�

ND�4>7 ���;�, �� N!; �,�; �,>:- I�
 <; m�� �; 

�,�e��� �� T�� 	!Kd3 ���!� �; �3�G!GX3 �� ]�W�� /�,�,. 

���; �/!�� <; N� �Z/� N/0u ����- ���; F>DE� 

,�>� ��,� M�  CD�E�)�8�- N;�4 ���AM I�
 �l� N� � 

<��� � (���!� �; I�
 ��>0g� �,>:- )�/04���( I�
 

�� <�>�� ?;�\� �; T�� �>����  <gE��TCLP8 

<�M� <A�>3 {�>3 �/X�� [H��  �9��-EPA9 ]�W�� 

./,�2  ��X��� ��� ��,� M� <4 ,�, ���� ����� r���

 	!Kd3 ���; l� � <��� � 	!:>b� ���AM N;�4 �!o� �/�

 <; ���!� � 8�- � /���/� �,�� �!c�3 m�� �; �2,>:-

 |!3�3���4 �;� 88%  	K�� �,1:21 ���4 � I�
:8�-� 

99 % 	K�� �,1:15 �!��� I�
: �, ~>M ,��>� v9��;

 �,>:- I�
 	!Kd3 �c>� ��!.�u �� !� <; m�� �; �/�

 ./�,>;]9[. �� <A:�\� �, �., ��� ��9� a�>
!9� 

H���0� ��� � ��A� �,!��<  <A:�\�/� .��GGX� 

<4/�/� �4U��  m��9� �� ��r �3N .0� [� DM!N  �,

�!<;��  CD�E� ?@�0� �, �- 	oDp <4 	�� N!;1000 

 �3ppm 1100  L��!� .	�� � �,N GX3!?  Z/�N�M� 

���r ���- �� jB�5�1�� ��2��� ,�/5� ]�>3 y
�� �

B>g
 �,��-![� ����G��9X3 �!� U�z>e� ��� .	�� 

��;� �N �� CD�E� I�
 �>� �, �>o0�� B�
 �;!	 

�
!�� {�>�� CL  �;���2 ��>0� A B�
 �; l� �!	 

�
!�� H�; CH ���2 ��>0� �; B �,  ./� <�M�2 �o�

�>0g� �>@ <; �14�
� �; � 8�� �>DX�![���  �; m��

�� 	oDp �ppm200 �ppm500 �ppm 1000  �

ppm2000 /�/� F>DE� . N� <; ���.����� 	�1��,

/�/!�� <W!�� � M� �; <4�  /5 �I�
 �, m�� 	oDp

����� �
 /5 �!�� .��u �>@ <;!�� � ���4!!/;�. 

                                                 
7 Alpaslan, B., & Yukselen 
8 - Toxicity Characterization Leaching Procedure 
9 - Environmental Protection Agency 

 ����� N� r��� l����;�n| 9X3!� � M� �;�  	oDp

� M� m��� �� /;� �� M� �; ��� I�
 ��U�z>e� �

�, ��� I�
 ]�9X��� � <�M� �� M� m�� 	oDp  �c�

/;� �� ���4 m�� �; �2,>:- ]10[. �:10 ����9�� � �; 

2,���2 <; <=>3� .0� [� DM!N �� Kk!j �� � m���  �,

u ?@�0� �d4�!�N ���; <;� �14�
 ���M��  m�� �; �,>:-

� �,N �� 	oDp ./0�
�,�� ?@�0�� �![��� m�� 1000 �

5000 �10000  �ppm20000  m�E��� ,>; �/�<�>�� . 

1; 	;>@� �, ��!<0  [/� <;� �/� <�
�� �d4�/5 �4��3 �

	X3 ��� �, j�� ��-� <�M�2���k ��� ./��r � ����!/�/ 

���� /5 <4�  <���� ��
!�� � M� �;� H- 	oDp�/0 

 ���4<�M� 	��0O�� .!N � M�� H- 	oDp�/0  |K�

H m- 	��En ���4< ���� /5 ���4 � <��2�,� 

�!,,�.]11[. �G!GX3 �, �., �!c�3 	oDp  CD�E� ���

��� 	D!����M� ����; �0;�4��/!� ��� �/0H-  l� �

.	M�2 ���k ����; ,�>� ��D!� ,�, ���� r���  �!!L3

; I�
 �>� � �/0H- 	oDp j!Kk �� ���������� N���!

�9 !M [�!B>g
 �; �� �c��  I�
 �9!��9� � ���!�

 |K� �0;�4��/!� ��� �/0H- �; I�
 �2,>:- .,��,

|�n � I�
 [��z ���/�� �� M�  .,,�.!� �!9X3

 |�n ���4 |=>� �/0H- 	oDp �� M� N!0O��

 ��� ���U� z>e���� <��, a>gE�  ��!�
 /5 ������/5

 �� M� <4 	�� �:�5 �, N� .,,�.!� <0!1; 	;>@� �

<�!���, ��� �; ���/0u �!c�3 	oDp  .,��U2 ��� �� 4��

 �� !� ���4 <; ��>�!� �/�- 	�/; r��� �., ��

�; �D
�, I�9\B� <��� � �2/0K�u  	oDp �� M�

�/0H-  ,�4 ����� �0;�4��/!� ���]12[ .��/!K�11  �

����9��  �� <A:�\� �,�.,  m�� [���!� �c� ����; <;

/0�
�,�� ������� ��� <H ��� �;.  j�� ���, ����;

 �9 !M ���������� �
�; ��� �; �/0H- 	oDp � ���-

 .	�� �,>; ?!GX3 N� �, �DB� Z�/�� �� ��, l� <���

                                                 
10 Li  
11 Abidoye 
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 � m�� [���!� 	oDp �� M� �/�/!� ���� r��� ���,

j��  �� M� � �� 4�� <�!���, ���4 _��; ���-

<�>�� �, �!��e!:�4 ��;��; 	!M�}  .,>�!� �,>:- ���

 m�� [���!� 	oDp � ���- j�� ���, �� M� N!0O��

 �/,�2 <0!1; 	;>@� ���4� �� M� _��; |!3�3 <;

 	��]13[. >u12 � ����9��  ���.����- ����; 8 �,

<; ����; � N!�E3 ���������� 	���G� ���; �, ��14�
 

�,>:- �; �,�e��� �� |�n 	�/� �9��9:� /0�
�,��. 

���; N� �>o0� I�
 �; <� N!.0� DM �m�� ��� � 

�!�,�4 �,>:- �/� � <�>�� ��� �,>:- <; [/� 48 	��� 

�, ���, ~�3� /�� <�M�2���k .r��� ���� /�/!� [� DM 

N!.0� _��; �� M� 	���G� ���; � �2/0K�u �, 

I�
 ,>�!�. N!0O�� �; �� M� 	oDp �/0H- �� 

[��!!L3 ����!; �����������, �����G� jB�5 ,>�!�. 

r��� ��1����- 	���G� �9��9:�  !� ���� /�/!� <4 �; 

�� M� 	oDp �/0H- �� 	���G� �9��9:� ���4 �� 

/;� ]14[ . �., ������ �,  ��eD�E� �����, � ���;��

/!;��413  v� <; �,>:- I�
 	!Kd3 ���; N!:>b�4��� �

 �,�e��� �- �2,>:- <=�, �; ?;�\�/,�2.  ����� r���

 <4 ,�/!� ���� ��GGX� N�PH  �; I�
 �� M� �; �� !�

/!;��4 ���;�� (CA) ��>�X� ���4 � N:>b�4���  �� M�

/;� �� ]15[. ����14 ����9�� �  �� <A:�\� �,��; <;�� 

� �, 8�- �0� � 8�- �G�!��3��/!�> ��4� ��� ��� 

���; �� �E;�c�� ��4� ��� ��� ��;� Kd3!	 /��= /

����  ��� ��As  (8!0��-) �Pb (m��)  I�
 �,

�,>:- ./0�
�,��  ��/; T�� 8 ~>M ����� �D4 �>@ <;

 <; �,>:- I�
 ����/��=/	!Kd3 ���; ���!� �� �,�e���

As  �Pb  ��>0� <; l� I�
 ��/A� ,�>� �� �,�e��� �; ��

 <b��� N;�4 �4 ��g3� ,�>�,�,  	;�c ����� N� r��� �

 <4 ,�4 ��� �B�0� �c>� �>@ <; l� I�
 ��/A� ,�>�

��  ��� �,�4 	!Kd3M�4 ��/G� <4 	�� �4z <; ]�H�  8�-

                                                 
12 Chu 
13 carbide slag 
14 Wang 

��;� �@�!��0  ������/��= Kd3 � m>D\�!	 H-�/0 ��  �,

�� [H>gX�< l�-�/004/��=/�/004 	!Kd3 � ,�>�!�� 

	��]16[ .  �, ����9�� � ���������� �., � ����4 �

 ��k j2 �N:>b�4��� �9!��9� �G�15  ���>4 <:�e3 /0D;16 

 ,�>� �� 8!0��- <; �,>:- [�;>�� ����/��=/	!Kd3 �;

 ./�,�, ���k ����; ���� ����� N� �� �/�- 	�/; r���

 N���4 N:>b�4��� �; �/� 	!Kd3 �,>:- ��� <�>�� <4 ,�,

 �����,  ��k j2 �; �/� 	!Kd3 ��� <�>�� � ����4

 ����/��=/���� 	!Kd3 �, ,>=>� ����4 N���!;

 /0���, �� 8!0��- <; �,>:- [�;>��]17[ . �� <A:�\� �,

��., ��/��=/	!Kd3 j!����� <���; �����!D�>bY ��

N:>b�4���- ���4 �, 8!0��- 	!Kd3 ���;  ��k j2

	�0!:>:17  � /�,�, ���k ����; ,�>��� r��� ~>M ���

,�, ����  ,�/5 �� 8!0��- 	oDp <410  �320  �, /B�,

 N!; �>!��3��/!� <D5�� �>@7  �328  ���- j�� ���

	M� �� M�]18[ .  

�,  ������n�5  ,�>� I�
�>o0� <; �,�e��� 

 �, ��A0B <G\0� 8 �9, � �� ���.����- ����;

<4  	�� ���- J�5 ���13 �1� Z��@� �/�;� [�����- 

<�� �; ��� N� I�
 �� ]�W�� �/�  vs� � �, <��,� 

 ����� N� I�
 �� <; <D!�� �/0H- �; 	oDp � ���� 

�!c�3 ��d4�/5 �,>:- �/� � v� ��  ���� 	�U2|��0�� �

	!Kd3 �/004  �;���� j�� ���- CD�E� <; I�
 <M�n� � 

a�>
 �9!093>bY � �����G� I�
 �� ,�>� ����; ���k 

.	�� <�M�2 �,�4 �,>:- ������ N� ���->�  I�


 �>� �� <��, �CL �; �/� �,>:- I�
 	!Kd3 vs� � 

�; N:>b�4��� /B�, N�3 <0!1; <��U2 ��� ����� l���

./��; ��  

2- %&�'
 " �(
  

                                                 
15 Red mud 
16 blast-furnace slag 
17 lollingite 
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I�
 �,�e��� �/� �, N� ?!GX3 <�M�2�; �� <G\0� 

 �9, � �, �� I�1� ��A0B /01� Jk�� �, <.��,��1u 

���13 	��. <.��,��1u ��1� �, <4 	�� m>0= �;�p 

�1� ���13 �/� Jk�� 	��  �����, �, I�1� ��A0B 

	��. ��1�4�� ��A0B ���� ��,>
 �� , �//� ��!4 

���3 <:>: ����� ���2�W0!� ���� � ��� 	4�� ,/A�� 

�., �, N� �1�  /�� <�M�2 ���k � �� �/0H- ,��� �\
 �

 <G\0� I�
 <; �/� �4z ��� 	4�� ��A0B ���/�����

.,��, ,>=� ~>M  v!��3 ���3 <4 ~>M <G\0� �� ��E;

 �>o0� <; 	��/� ,>=� �- �, �2,>:- �\
 � �,>; <�>��

���,�; ./� N!!A3 

� �, �,�e��� ,�>� �/004 �,>:-N ������ �![��� 

� � m��![��� ��� ��  	K�� �; <4 /��;1:1  [�>B <;

� <M�n� I�
 <; m- �, �>DX��  ./�>�  [�gE��

 ,�>� ��� [���!� � m�� [���!� ��!�!� � �9 !M

 ��/= �, [�����- �, �,�e���1 .	�� �/� <b���  

 �/004 	!Kd3 �� �,>:- I�
 	!Kd3 �>o0� <;

 .	�� �/� �,�e��� ����� N� �, N:>b�4���; N:>b�4��� <

 �� !�5 ���� %�; �� ����� j�� ��-� 7  �14  �28  ���

Kd3 ��>0� <; �/� �,>:- I�
 <;!	 � <M�n� �/004�  .,>�

 ��/= �,2  ��/= �, � ��!�!� [�K!4�33  [�gE��

:>b�4��� �9 !M ���� ~>M ����� �, �,�e��� ,�>� N

.	�� �/� �,�,  

 ��/=1-�,�e��� ,�>� ��� �/004 �,>:- [�gE��  

]��  

[�gE��  
m�� [���!�  ��� [���!�  

��!�!� �>��M  Pb(NO3)2 Zn(NO3)2  

�:>9:>� ��� (gr/mol)  2/331  36/189  

a>gE� ��� (gr/cm3)  53/4  065/2  

 ��/=2- �,�e��� ,�>� N:>b�4��� ��!�!� [�K!4�3  

��!�!� �>��M  (%)���� /B�,  

SiO2 48  

Al 2O3  41  

Fe2O3  3/1  

CaO 1/3  

MgO  8/1  

K2O + Na2O  16/0  +2/0  

SO3 2/0  

 ��/=3- �,�e��� ,�>� N:>b�4��� �9 !M [�gE��  

a>gE� ��� )gr/cm3(  38/2  

N!D; )cm2/gr(  9169  

~���5� �� ���� 	M� )LOI( (/B�,)  0/1  
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�gE���; N:>b�4��� ��!�!� � �9 !M [ l���

 ,��/�����ASTM C618-2012  ����- �� �,�e��� �; �
18XRF 	�� �/� <b���.  

3 - ��* +�,- .�/��
�0 " 1"2  

) ��� �,>3 ����- �/�;� <�� I�
 ��� �;Gs (

�; ,��/����� l���ASTM (D-854)  ��� �� �,�e��� �;

 ���, �, � ^
24  �,>3 � /� ]�W�� ,��2 ����� <=�,

 	�1� �, <�� I�
 ���76/2 ./�- 	�/;  

��� �,>3 ����- �� v� <�� I�
 ��� �; �

����- <��, �/0; <; T�� �; 8:����� l��� ,��/�

ASTM (D-421) ]�W�� �; ./� �/�- 	�/; r��� l���

�>K� /B�,�  ����� 8:� ��200   �; �;��;6/94 %  �� 

� �;�0; /��;N ;!�  ��50 �� I�
 %  8:�200 �,�4 �>K� 

/0; <GK@ <; <=>3 �; �� T�� <; I�
 USCS I�
 

� �o� ,�>�<��,  	�� .� �; �/� �4z [�����- �� v� ��

�; ������/!� ����- <�� I�
 ,��/����� l���

ASTM (D-422)  �	�2 ]�W�� �	�1� �, <; <=>3 �;

���r ���-� ��� /0; <��,� � �!�����/�  I�
 <�>�� �

���,� 4/5  � <��� %51%   � l�2/44 � %!	D �� 

/��;.  

���-� �� �; �4��3� 5 4!]�2>D  8�
 I�
 ��

�>K��  ����� 8:� ��4 �; �5  CD�E� 	;>@� /B�,

)2/10 �1/13  �3/15  �4/20   �7/22 .	M�2 ]�W��  (%

���- ]�W�� �� v�� 1; 	;>@� /B�, �4��3!<0  ��� �

�� I�
 �d4�/5 8�
 a>gE�< ���- ./� <K��X�� 

 T�� <; �4��3x^B� .	�� �/� ]�W�� �/�  

��� ����- ����� �n�5 j��� �, <D5�� �DB� 

.	�� <D5�� ��� <; ����; ��1����- ����0� � 

�����G� <�� I�
 � �,>:- I�
 ,��,�s!�. �, N� <D5�� 

�/�;� ��1����- ����0� � �����G�) �4��3  ?;�\�

 ,��/�����ASTM (D-1557)�  ��>X� 83�; l���

                                                 
18 X-ray fluorescence 

 ,��/�����ASTM (D-2166)  �CBR�; ( ��� I�
 

<�� ]�W�� /�  �vs� I�
 �;  ��� 	oDp1000  �

5000  �ppm10000 �; ���� [/� ���- j�� 7  ����

�,>:- �2,>:- .,>� �� �; [� DM N!.0� [���!� m�� � 

[���!� ��� �; 	K�� 1:1 �,>; I�
 .	�� �; /B�, 

	;>@� %35 ���� �,��- �/� <; �3�>B <4 I�
  ^��4

�, 	:�5 J�� � ���� /��; .vs� [���!� m�� � [���!� 

��� �, m- �/� j5 � /A; �>DX� <; I�
 <M�n�  ��

/�>��,�e��� ,�>� ��� T�� l����; �/��4z T�� �  �,

	�� �DKk ��� ����� ]11 �13  �14[ . �� <�>�� �� �, 

j
�, ��� <�!4 �9!��^� ��, m�, )�� (C!4 ���k 

�,�,� <; �3�>B <4 j
�, �� <�!4 1 ]�2>D!4 �� <�>�� 

I�
 ���k !� .,�!. /A; �� 	�U2 ���� [/� ���- j�� 

I�
 �� 8�
 �,�4 � ��� �; ��� <�>�� �,>:- I�
 

�/�  ����-,�/5 N!!A3 �3� ��1����- ��4��3 �w�; 

��>X� 83  �CBR I�
 <��  ./� ]�W��r���  <!D4

<�>�� ��� �; �/� ]�W�� [�����- CD�E� ���  �>@ <;

 ��/= �, �D44 .	�� �/� <b��� /A; �� ]�W�� �� ����- 

�; ���/= �, �/� <b��� r��� l���1 ��oDp <4 

C!An N�3 r��� �� ; �,�, ������>0� <; ,> <�>��  |E�0�

���; <D5�� �/A; m�E��� �, <4 /� N� �E; 	oDp 

|E�0� �� <�>�� �; ppm 10000 �2,>:- 	��. �, 

/A; <D5��� ����� �; I�
 <�>��  ppm10000  � m��

���  	K�� �;1:1 [/� �; � j�� ���� ��- �7  ����,>:- 

/�  �3�� !� <; I�
 �, ��� � m�� ��� �� �>i5 �c� 

���- j�� ���� [/� �c� � �;��;7  ����; ,�>�  !� ���

/��!2 ���k .[/� �� v� j�� ���� ��-� <�>�� ���  I�


� <��,� �, ./�/� 8�
N ; N:>b�4��� <D5���� !� < 5 %

����  ���- j�� ��� ���� �;7 �14  �28  ��� /B�, �; �

1; 	;>@�!<0 �� I�
< )3/15% ( <;I�
 �,>:- <; �/� 

�>0�Kd3 �!	 �/004 /� <M�n�  /B�, � T�� N� <4

 <��U2 [�G!GX3 �� <�M�2�; �,�e��� ,�>� <0!1; 	;>@�

/��; �� ]13�15[<�>�� . 4 j
�, �, ��!<� ��� 

��^�!9� ��/1.� ��, m�,� /�/�  �[/� 	�U2 �� /A; 
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j�� ���� ��-� <�>�� ��- <�>�� �� �� ��� ���� �CBR  ��4��3 83 � �>X�� � w�; �3� <�M�2 ./�    

 ��/=4- �/� ]�W�� [�����- �� �/�- 	�/; r���  

I�
 ����������  

I�
 �>�  

σ (Kg/cm2) 
 ����M 	���G�

I�
 �>X� 83 
CBR(%)  ωopt(%) 

γd,max 
(gr/cm3) 

PI 
(%)  

PL 
(%)  

LL 
(%) 

<�� I�
  15/4  8/40  3/15  773/1  8/15  7/16  5/32  

 �,>:- I�
ppm 1000  �, �/� ���- j��

 ���� [/�7���  
83/3  1/38  8/14  785/1  6/13  8/15  4/29  

 �,>:- I�
ppm 5000  ���� [/� �,7���  68/3  7/36  1/14  815/1  4/10  2/15  6/25  

 �,>:- I�
ppm 10000  ���� [/� �,7���  18/3  2/32  1/13  856/1  7/8  1/14  8/22  

 �,>:- I�
ppm 10000  �; �/� 	!Kd35 %

 [/� �, �/� ���- j�� � N:>b�4��� ����

 ����7���  

77/4  1/45  5/13  847/1  6/8  6/14  2/23  

 �,>:- I�
ppm 10000  �; �/� 	!Kd35 %

b�4��� ���� [/� �, �/� ���- j�� � N:>

 ����14 ���  

5  1/50  4/14  830/1  7/8  1/15  8/23  

 �,>:- I�
ppm 10000  �; �/� 	!Kd35 %

�4��� ���� [/� �, �/� ���- j�� � N:>b

���� 28���  

15/5  4/55  7/14  823/1  2/9  15  2/24  

  

4-.�/��
�0 4��5-  

4-1 -  6�7�8 �"�9  

����- /5 ����� �; ��� 250  ]�2 I�
 8�
 

��>K� �� 8:� 40  ]�W�� <�M�2 <4 �; <=>3 <;  r��� <;

/5 �/�- 	�, ����� I�
 <�� �;��; �;  5/35=LL  .	��

 ��� �; ��!�
 /5 ����- ������ /5 ����- �� v�

� �/� ]�W�� <�� I�
 �/�- 	�/; r��� <; <=>3 �; .	�

 <�� I�
 ��!�
 /57/16=PL  ./��; ���;�l��  <\;��

PI=LL-PL  �;��; <�� I�
 ��!�
 <����8/15=PI 

 .	���; �,�e��� �� r���  	�/; �/�- �� ����- w�;�3� 

I�
 <�� ��  �>�CL  l�) �; �4 ��!�
 	!B�
(  .	��

 �vs�����- w�;�3� �; ��� I�
 �,>:- <; [���!� 

m�� � [���!� ��� �;   <�  	oDp1000  �5000 � 

ppm 10000 � �; [/� ���� j�� ���- 7 ��� ]�W��  /�

 � ��!� r��� <��G� �- �� v� w�;�3� ,�/5 ����-

�,>:- I�
 � <�� I�
 ��� �; <�M�2 ]�W��  [���!� <;

 ��� � m��, �� ���� ��� 	oDp �, ����� /5 <4 /�

1000 �5000 �  ppm10000  |!3�3 <;53/9 % �23/21 

 � %84/ 29 %   � 	�� <�M� ���4 <�� I�
 <; 	K��

�
 /5 ��� 	oDp �,  �,>:- I�
 ��!1000 �5000  �

ppm 10000  |!3�3 <;38/5% �98/8%  �56/15 % 	K��

	�� <�M� ���4 <�� I�
 <;� �, . <���� <4 �	�1

 ��� 	oDp �, �,>:- I�
 ��!�
1000 �5000  �ppm 

10000  |!3�3 <;92/13% �17/34  � %93/44 	K�� % 

 �� .	�� <�M� ���4 <�� I�
 <; 	�/; r��� <��G�

 �,>:- I�
 � <�� I�
 ��� �; w�;�3� ����- �/�-

 <4 ,>� �� F�K0�������X; N�3 	:�5 N!; N� <� 

	oDp I�
  	oDp ����; ,�>� �,>:- ppm10000 

 .	�� �, ~>M r��� j9�1 .	�� �/� <b��� 9�  ��

�2�� ��� �� I�
 �>�A�� ���G��� F�K3�� �!� ;!N 

L3!![�� ���� /5� H 	��En �;<  Z��@� �04��� <��2 �,

�� ��z� ��� � M� .	��� H- 	oDp�/0 ; <AM�, �!N 

[��z � ���4 �� l��  <��,��- 	4�5 _��; <4 /�,
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����� 	
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���4 m- ��/G� �, [��z� �� ,>� ]11[ �� �, �!<W  /5

����� � �
 /5!�� � ���4� /;�.  

� <; I�
 �/� �,>:- �� v�![��� � � m��![��� 

���  	oDp <;ppm 10000  � ���� [/� �;7  I�
 ����

 <; N:>b�4��� �; �,>:-�� !� 5 % ��- j�� ���� [/� �;� 

7  �14  �28 Kd3 ���!	 vs� �/� ���-�  �; w�;�3�

��� �� <�>��� ��� ./� ]�W�� I�
r  �� �/�- 	�/;

���-[�� �� �; <�M�2 ]�W�� w�;�3�� Kd3 �,>:- I�
!	 

�� �/� j9� �, N:>b�4�2 .	�� �/� <b���  r��� �!�e3

 <4 	�� N� �/0�, ���� �/�- 	�/;/5 �����  I�


 �,>:-ppm 10000  �; �/� 	!Kd35 N:>b�4��� %�, 

���� ��� j�� ���- 7  �14  �28  |!3�3 <; ���75/1 �

38/4  �14/6 .	�� <�M� �� M� �,>:- I�
 <; 	K�� %

/5 ��!�
  �,>:- I�
ppm 10000  �; �/� 	!Kd35 %

 N:>b�4����, ���� ��� j��  ���-7  �14  �28  <; ���

 |!3�354/3 �09/7  �38/6%  �� M� �,>:- I�
 <; 	K��

/5 .	�� <�M� ��!�
 I�
 �, 14 ��� 	K�� <; 7 ��� 

�� M� <�M� vs� �, 28 ��� �K�G3 	;�c �/��� 	��. 

<���� ��!�
  �,>:- I�
ppm 10000  �; �/� 	!Kd3

5 N:>b�4��� %�, ���� ��� j��  ���-7  ���14/1 %

 ���� �, � <���, �� M� �,>:- I�
 <; 	K��14  ���

 �, � /��; �� �,>:- I�
 �;��;28  ���74/5 %  �� M�

 .	�� <�M�� M� �;� ��- j�� ���� [/�� H 	��En< 

�� [��z Z��@� <��2�,� � M�� �� /;� ; <AM�, �!N 

[��z � M�� <�M�  ��/G� �, [��z <��,��- 	4�5 _��; <4

; m-!���� �� �� �, � ,>�!<W ���� /5� �
 /5 �!� �

I�
 � M�� �� /;�.  

  
 j9�1 - �G�<� L3!![�� � �;��; �, w�;�3� ,�/5!��  2,>:-� ��� I�
 CD�E�  

  
 j9�2 - �G�<� L3!![��  �,>:- I�
 w�;�3� ,�/5ppm10000 Kd3!	  �; �/�5��- j�� ���� [/� �;��; �, N:>b�4��� %�  

4-2 -���8 :��
�0  ,�0��� �; 	�/; r��� <; �/�- 1; 	;>@� /B�,!<0 

�� I�
<  �;��;3/15a>gE� ��� � %  �d4�/5 8�


�;��; I�
 gr/cm3 773/1 �� ./��; v� �� [/� ���� 
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j�� ���- I�
 <; [/� 7 ��� � �; ���   I�
 �,>:- <; 

	oDp  ���1000 �5000 � ppm 10000  �4��3 ����-

	M�2 ]�W��.  ]�W�� ����- �� �/�- 	�/; �4��3 �0X0�

 ��� 	oDp �; �,>:- I�
 � <�� I�
 ��� �; �/�

 ���� [/� �, <4 CD�E�7  j9� �, �/� ���- j�� ���

3 .	�� �/� <b���  I�
 �� �/�- 	�/; r��� ��!� <��G�

 ���� [/� �, �/� ���- j�� �,>:- I�
 � <��7 <4 ���

 j9� �,4 - C:�   <4 /�, �� ���� 	�� �/� <b����; 

�� M� 	oDp �/0H- /B�, 	;>@� <0!1; I�
 �, 

	oDp  ���1000 �5000  �ppm 10000  |!3�3 <;

26/3 �84/7  �37/14%   <�M� ���4 <�� I�
 <; 	K��

.	�� N!0O�� r��� j9� 4- m  <4 /�, �� �����; 

�� M� 	oDp �/0H- ��� a>gE� 8�
 �d4�/5 

I�
 �, 	oDp  ���1000 �5000  �ppm 10000  <;

 |!3�367/0 �36/2  �68/4  % 	K�� <; I�
 <�� 

�� M� .	�� <�M� 

  
j9� 3 - 3 �0X0� <��G�L���; 	;>@� /B�, j;�G� �, �d4�/5 8�
 <�!���, [��!!  � <�� I�
CD�E� ��� 	oDp �; �,>:- I�
  

    
(C:�)  (m)  

 j9�4 -  [��!!L3 (C:�) <0!1; 	;>@� /B�, (m) � �d4�/5 8�
 a>gE� ���j;�G� �, I�
 I�
 �2,>:- �� !� 

v� �� �,>:- �/� I�
 <; [���!� m�� � [���!� 

��� <;  	oDpppm 10000  ���� [/� �;7 I�
 ���� 

 �,>:-�; N:>b�4��� <;  �� !�5�; % [/� ���� j�� ���-  

7 �14  �28  ���Kd3!	 vs� �/� ����- �4��3 �; ��� 

<�>�� ��� I�
 ]�W�� /�  �, ~>M ����- ��� �0X0� �

 j9�5 	�� �/� <b��� . j9� r��� <; <=>3 �;6 - C:� �; 

�� M� ���� j�� ���- /B�, 	;>@� <0!1;  �,>:- I�


 �; �/� 	!Kd35N:>b�4��� % �, ����  ���7 �14  �28 

��� |!3�3 <; 05/3 �92/9  �21/12 % I�
 <; 	K��

 �,>:-ppm 10000 �� M�  �., �>� �� � 	�� <�M�

 j9� ���� �; ?;�\�6 - m �; � M�� ��- j�� ����� 

Kd3 �,>:- I�
 �d4�/5 8�
 a>gE� ���!	  �; �/�

�� ���� �, N:>b�4���� 7 �14 � 28 3�3 <; ���!| 48/0 �
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40/1  �77/1 <; 	K�� %�,>:- I�
 ppm 10000  ���4<�M� .	��   

  
j9� 5 - �4��3 �0X0� <��G� ppm 10000  �; �/� 	!Kd3 I�
 �;5���- j�� ���� [/� �;��; �, N:>b�4��� %  

  
  

(C:�)  (m)  

j9� 6- L3 ��,>��!![��  (C:�) �d4�/5 8�
 a>gE� ���<0!1; 	;>@� /B�, (m) � Kd3 �,>:- I�
!	  �; �/�5 �;��; �, N:>b�4��� %

��- j�� ���� [/��  

4-3 -�2(;
 <8 =
"��
  

����- 83 ��>X� �; ��� kg 1 I�
 8�
 

��>K� �� 8:� 4 �; /B�, 	;>@� <0!1; ]�W�� I�
 

	M�2. �;�d4�/5 �� �/�- 	�/; r��� l��� 	���G� 

����M I�
 <��  �;��; �;kg/cm2 15/4 ./��; �� vs� �

����- 83 ��>X� �; ��� I�
 �,>:- <; m�� � ��� 

<; 	oDp  ���1000 �5000 �  ppm10000  [/� �;

 ���- j�� ����7  ���� �; /B�, 	;>@� <0!1; I�
 <�� 

]�W�� /�  � �0X0� [�����- �� �/�- 	�/; ���4 �03

 j9� �, ~>M7 .	�� �/� �,�, ���� �� �N!0O ��,>��

�d4�/5 [��!!L3  ��>X� 83 ����M 	���G� � <�� I�


 CD�E� ��� 	oDp �; �,>:- I�
 j9� �,8  �/� <b���

 .	���; <=>3 <;  j9�8� �; �� M� 	oDp �/0H- 

	���G� ����M �d4�/5 I�
 �, 	oDp  ���1000 �

5000  �ppm 10000  |!3�3 <;71/7 �32/11  �

37/23	K�� % <; I�
 <�� ���4 ��  �,>:- I�
 ./;�

	oDp <; ppm 10000  <; 	K�� 	:�5 N�3 ����X;

�� �., ��� 	oDp  [���!� � m�� [���!� �>i5 �; ./��;

�, ��� ���4 N!; ��> �,�K3 ��� �04�� �l� I�
  ���

�� ~�e3� ��� � m�� � ��� �04�� N� �c� �, �/�M�  �; ���

 I�
 �2/0K�u �/0H- 	oDp �� M� � <�M� ���4

�� ���4 I�
 ����M 	���G� �d4�/5 ./;�  

� <; I�
 �/� �,>:- �� /A;![��� � � m��![��� 

���  	oDp <;ppm 10000  ���� [/� �;7  I�
 ����

� <; N:>b�4��� �; �,>:-!��  5 %����  ���� [/� �;

j�� ��-� 7 �14  �28 1; 	;>@� /B�, �; � ���!<0  I�
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��< Kd3!	 ���- vs� �/�� �>X� 83� �� �;� 

<�>�� ��� � ]�W�� I�
./ 

 
 j9�7 - �G�<� 0X0�� �� I�
 ���4 �03<  �,>:- I�
 �;

�� 	oDp �,� CD�E� 

  
 j9�8 - L3!![�� �>X� 83 	���G�� � �;��; �, I�
!��  

2,>:-� 

�03 �0X0� - [�����- ���4  j9� �, �/��4z

9 	�� �/� �,�, ����.  j!DX3- 	�/; r����/�  <b��� �

 j9� �, �/�10  /�, �� �����d4�/5 	���G� ����M 

I�
  �; �/� 	!Kd35 N:>b�4��� %�, ���� ��� 7 �14  �

28 ���  |!3�3 <;5/1 �65/1  �74/1  I�
 <; 	K�� �;��;

 �,>:-ppm 10000 .	�� <���, /�� 

; <=>3 �; �D4 �>@ <; N� �� �/�- 	�/; r��� <

����-5 ��� M� �; ��>X� 83 ����M 	���G� �d4�/ 

	�� <�M� �� M� ���- j�� ���� ���� [/� �� M� �; .

 �- JK3 <; � /;� �� �� M� I�
 �2/0K�u ���- j��

.	�� <�M� �� M� I�
 ����M 	���G�  

4-4 - ) ��-�?�&�� ��72�7 =@A-CBR(  

 ����-CBR �;  ���5 ]�2>D!4 I�
 8�
 

��>K� �� 8:� 4 �; /B�, 	;>@� <0!1; I�
 ]�W�� 	M�2 

 �<; <=>3 �;  ~>M ����- �� �/�- 	�, <; <W!��� 

N!0O�� �,�G� ��; ,��/����� �,  ����-CBR ��/G� �

CBR  <�� I�
  �;��;8/40.	�� �/�- 	�/; % 

  
j9� 9 - �G�<� 0X0��- ���4 �03�,>:- I�
 ppm 

10000  �; �/� 	!Kd3 �,>:- I�
 �;5���� �, N:>b�4��� %  ���

CD�E�  

 
j9� 10 - L3!![�� �>X� 83 	���G��  [/� �;��; �, I�


��- j�� ����� 

 ����- �vs�CBR  �, �,>:- I�
 ��� �;

	oDp  ���1000 �5000  � ppm10000  ���� [/� �;

 ���- j��7  I�
 <0!1; 	;>@� /B�, ���/�� <; ��� <��

/� ]�W��  <�� I�
 ���; ��; �;��; �, z>e� �� !� �0X0� �

 j9� �, CD�E� ��� 	oDp �; �,>:- I�
 �11  <b���

	�� �/�N!�� �; .  ����- �� <DB�5 �,�G� l���

CBR !� <; �,>:- I�
 ��� 	oDp �, ��� � m�� [���

1000 �5000 �  ppm10000  ���� [/� �;7  �, ���

 j9�12 �, ���� j9� <; <=>3 �; .	�� �/� �,12  �;

�} ��/G� �/0H- 	oDp �� M� �, I�
 ��;��; 	!M

 ��� 	oDp1000 �5000  �ppm 10000  |!3�3 <;

61/6 �04/10  �07/21 %  �/!� ���4 <�� I�
 <; 	K��

 N!; 	:�5 N�3 ����X; <4 ��>@ <; �,�43  ,�>� 	oDp
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 �,>:- I�
 �����;ppm 10000  ./��; �� [���!� ,>=�

 ��� 	!:�AM �/�- ,>=� <; _��; I�
 �, ��� � m��

 ��� ��� ���4 N!; ��> �,�K3 ��� �04�� � ��!�!�

 <4 ��� ��� ���4 [�XeB .,>� �� ��� � m�� �

 �� {!X� �, ,>=>� ��� �>!3�4 /0��� �e0� ��; ����,

 �/0H- 	oDp �� M� �; �/004 �� mU= ,>
 Z�@ <;

 I�
 �2/0K�u I�
 ��;��; 	!M�} � <�M� ���4

./;� �� ���4 

  
 j9�11–  �0X0� <��G�CBR  �, �,>:- I�
 � <�� I�


CD�E� ��� 	oDp 

  
 j9�12 -  [��!!L3CBR �2,>:- �� !� �;��; �, I�
  

v� �� �,>:- �/� I�
 <; [���!� m�� � [���!� 

��� <; 	oDp 1000 �5000  � ppm10000 �; [/� 

���� 7 ���� �,>:- I�
 �; N:>b�4��� <;  �� !� /B�,5% 

 ���- j�� ���� [/� �; ����7 �14  �28 � ��� �; /B�, 

I�
 <0!1; 	;>@� <�� 	!Kd3 �/� vs�  ����-CBR 

�; ��� <�>�� ��� I�
 ]�W�� /�.  �, z>e� �� !� �0X0�

 �,>:- I�
 ���; ��; �;��;ppm 10000  ��� <�>�� �

 �/� 	!Kd3 �,>:- I�
 �;5���� [/� �, N:>b�4��� % 

 j9� �, CD�E� ���- j��13 �	�� �/� <b���  j!DX3

 r��� j9� �, �/� <b���14  <4 	�� N� �/0�, ����

 	���G�CBR  �; �/� 	!Kd3 �,>:-5�; N:>b�4��� % 

�� M� ���� j�� ���- �, ����  ���7 �14 � 28 <; ��� 

 |!3�306/40 �59/55  �04/72 �,>:- I�
 <; 	K�� %

ppm 10000 �� M� <�M� .	�� �� M� CBR  ��

�� ��>3  �� ���� �, ���!� [�K!4�3 �W�/3 ��!2 j9�

 N!; 8!�H��>� �04�� �� <W!�� 8 ��>0� <; I�


N:>b�4���  l� I�
 �.	���, 

 
 j9�13 - �G�<� 0X0�� CBR  �,>:- I�
ppm 10000  �;

 �; �/� 	!Kd3 I�
5 %j�� ���� [/� �, N:>b�4���  ���-

[��e��  

  
j9� 14 - L3 ��,>��!![�� CBR  ���� [/� j;�G� �, I�


��- j��� 

5 -D;7 " �A���
  

 �; �n�5 ����� �� �/�- 	�/; r��� <��G�

����9�� � �: {�>3 <�M�2 ]�W�� �����  �/0�, ����

 ,�/5 �,�G� �, �/� �/���� [��!!L3 /��� <4 ,>; N�

 w�;�3� �,>; <;��� �,>:- I�
 �.��!; ����� �, �� r���

 �� M� �; ��� I�
 ��!�
 /5 � ����� /5 ���4

.,>; (m�� [���!�) �/004 �,>:- 	oDp �� �N!0O r���

 � �: {�>3 {�>3 <�M�2 ]�W�� ����� � �n�5 �����

 � 8�
 a>gE� ��� �� M� �/0�, ���� ����9��
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 	oDp �� M� �; ��� I�
 <0!1; 	;>@� /B�, ���4

.,>; �/004 �,>:-  

 � �n�5 ?!GX3 �� �/�- 	�/; r��� <��G�

 {�>3 �/� ]�W�� ���������9�� � N!O��  N� �.��!;

<4 ,>; �>n>�  �H��>� � N:>b�4��� �,� M� �<;��� �>@ <;

 �>� �� <��, � ��� I�
 <; �A!K@CL  /5 �� M� _��;

�,>� �� I�
 ��!�
 /5 � ����� � �� ���>�., �� 

 <W!����GGX� �����  y
�� ���4 �/0�, ����

.,>; �A!K@ �H��>� �� !� �� M� �; ��� I�
 ��!�
 

 	�� N� <=>3 j;�k <�9� <�K:� �/� ]�W�� ����� �, <4

 {�>3����9�� � N!O��  /5 � ����� /5 �� M� �� !�

 N� <4 �,>; �3�!.��u �n�5 ����� <; 	K�� ��!�


 ,�>� ��� I�
 �, �/004 �,>:- �>i5 ]/� <; ��>3 �� ��

 {�>3 �/� ]�W�� ����� �, �,�e�������9�� � N!O�� 

.	���, {K3��  

� ����;  �� �/�- 	�/; r��� ��!� <��G� �����

����9�� � ��� {�>3 <�M�2 ]�W�� ?!GX3 � �n�5 

����  �,>:- I�
 <; N:>b�4��� �,� M� <4 ,>; N� �/0�,

 �/� I�
 ��>X� 83 ����M 	���G� �� M� _��;

 �,�e��� ,�>� �/004 �,>:- <4 	�� �4z ���� <�K:� �	��

����9�� � ��� ����� �, >� ��.	�� �,>; v� [���!� �  

6 - 4��5-  

<A:�\� �n�5 �0�K� �; j!DX3 ��� ���.����- 

�,>; � <; �>o0� ����; �c� N:>b�4��� �, ,>K1; a�>
 

� �9!��9� �9!093>bY I�
 l� �,>:- <; m�� � ��� 

�� /��;. ����- �� <; �>o0� N�M� [/� ����  j��

���- <0!1; N:>b�4��� ���; ,>K1; a�>
 �����G� I�
 

�,>:- ]�W�� /�. �; l��� r��� <; 	�, �/�- �� ��>3 

,��>� jz �� ��!; :,�4  

• ?K@ r��� ����- w�;�3� �; ��� I�
 ��� 

�,>:- <;  	oDp1000 �5000 �  ppm10000 

	oDp �� M� �/0H- �; ��� ,�/5 w�;�3� 

I�
 �c� �e0� �� ,��U2 � /5 ������ /5 

��!�
 � <���� ��!�
 ���4 I�
 �� /;� <; 

��>@ <4 ����X; N�3 	:�5 N!; N� <� 	oDp 

I�
  �,>:-ppm 10000 ./��; �� � M� �;� 

��- j�� ���� [/��  �,5 %Kd3!	 �/004 LL �

PL  �PI 4/�� /�� /��� I�
�  ./�� <���,

Kd3 �,� M�!	 �� �; �,>:- I�
 <; �/004�  ,�/5

D4 �>@ <; I�
 w�;�3�� � 	Kd� �c�� ,��U2  �

 �,�G� �/� 	!Kd3 I�
 w�;�3� ,�/5 <; ��

./04 �� 8, � <�� I�
 �0A� N/;  �; <4

 [/� �� M� � <�� I�
 <; N:>b�4��� �,� M�

 �<�>�� ���- j�� ���� ,�/5 �,�G� �� M� �;

 I�
 �3 	�� ]�H ����!; 	;>@� �� !� �w�;�3�

 	:�5 �� � ��!�
 <; /��= <�!� 	:�5 �� ��!�


./-�, J�� 	:�5 <;  	e2 ��>3 �� �D4 �>@ <;

 �3H�; I�
 ��!�
 /5 � ����� /5 �/Gu �� <4

 � �,>; ���!; I�
 �, ,>=>� <��, � �� !� �/��;

.	�� �3H�; m- mU= �� !� <W!�� �, 

• ?;�\� �; r��� <; 	�, �/�- �� ����- �4��3 �; 

��� I�
 ��� �,>:- <; <� 	oDp �CD�E� �; 

�� M� 	oDp �/0H- /B�, 	;>@� <0!1; I�
 

���4 <�M� � ��� a>gE� 8�
 �d4�/5 

I�
 �� M� �/!� �	�� �,�4 <; ��>@ <4 

����X; N�3 	:�5 I�
 �,>:- ppm 10000 �� 

/��; <4 	K�� <; I�
 <�� /B�,  <0!1; 	;>@�

 	oDp N� �, I�
32/14 % ��� � <�M� ���4

 I�
 �d4�/5 8�
 a>gE�68/4  % �� M�

 �, �/0H- �>i5 �D4 �>@ <; .	�� �,�4 �/!�

 �� �e0� �c� I�
 <0!1; 	;>@� ��� �; I�


 ��� �d4�/5 ,>K1; _��; <4 �:�5 �, ,��U2

.,>� �� I�
 8�
 a>gE� ��� N!0u �� r

<�M�2 ]�W�� �4��3 ��� ����-  ��� �; I�


�/� 	!Kd3 �,>:- �; <4 	�� N� �/0�, ���� �
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� M�- j�� ���� [/� � /B�, 8 �, ���

yE�� �/004 	!Kd3 I�
 <0!1; 	;>@� /B�, �

 �d4�/5 8�
 a>gE� ��� � <�M� �� M�

./;� �� ���4 I�
 

•  <� �; �,>:- I�
 ��� �; ��>X� 83 ����-

�� ���� CD�E� 	oDp  	oDp �� M� �; <4 /�,

 ���4 I�
 ����M 	���G� �d4�/5 �/0H-

@ <; 	�� <�M� �,>:- I�
 <4 ��> 	oDp <;

ppm 10000 N�3 ����X;  <; 	K�� 	:�5

 	���G� 	oDp N� �, .	�� �., ��� 	oDp

 <�� I�
 <; 	K�� I�
 �d4�/5 ����M

32/23%  �, �/0H- �>i5 .	�� <�M� ���4

 JK3 <; � �/� I�
 �2/K�u ���4 _��; I�


�d4�/5 ��� �; �-  �c� I�
 ����M 	���G�

 .,��U2 �� �e0�?;�\� �; r��� ����- ����M 

83 �; ��>X� �� M� [/� ���� j�� ���- �, 

8 /B�, yE�� 	���G� ����M I�
 �� M� 

�� /;�. <; �>@ �D4 �; <M�n� �/� N:>b�4��� <; 

I�
 ����M 	���G� �d4�/5 I�
 ���!; �/� � 

 �2/0K�u I�
 �� M� �� /;�.  

•  ����- �� �/�- 	�, <; r��� <; <=>3 �;CBR  

�,>:- I�
 ��� �; �/0H- 	oDp �� M� �; �

 ��/G�CBR  <4 ��>@ <; /;� �� ���4 I�


�,>:- I�
 ppm 10000  	oDp N�3 ����X;

��/G� 	oDp N� �, ./��; �� CBR  	K�� I�


 ,�/5 <�� I�
 <;21  .	�� <�M� ���4 %

 �, �/0H- ,>=��� I�
 �2/0K�u I�
  ���4

 I�
 ��;��; 	!M�} ,>� �� _��; � /�, ��

./;� ���4 ����- N!0u �� CBR ���� ,�, 

�; <4 �� M� [/� ���� j�� ���- 	���G� 

CBR  I�
 �� M� �� ,>=� ./;� N:>b�4��� �, 

I�
 �2/0K�u I�
 �� �� M� �,�, � �; ��� 

	!M�} ��;��; I�
 �!c�3 	Kd� �� ,��U2.  N/;

 �� M� �; <4 �0A�CBR  �I�
 ����!; ��; ��/G�

>; /��>
 ]�H z>e� �3 ,5/2  I�
 �, ���!D!�

/�.,>� ]�W�� �o�  	M�2 <W!�� ��>3 �� N��;�0;

 �; I�
 <4CBR  ��;��; � �,>; �3 �4���� �3H�;

.,��, ����!;  

•  � /01� ��A0B I�1� �2,���2 <; <=>3 �;

�; I�
 ,>=� ����5�  �, CD�E� [�gE��

 ��>3 �� ~>M ����� m>!� �� ��/� �4z <G\0�

 ����� <!5�� 8 �� �/� ]�W�� ���,�; I�
 <;

.,�4  �3- ��� ����� �, <4 ,,�2 �� ,�10�!�

 �9!093>bY [�A:�\� � �0!���� ��� ����0�

 �, ,>=>� I�
 ��� j!M��� ����0� �>o0� <;

,�; <�>�� �; vs� <�M�2 [�>B <G\0� �� ���

 ,>=>� ��� I�
 � �2,>:- ,>=� ����; <;

 <�
�,�� �� <�>�� 	!Kd3 vs� � ���� �,>:-

.,>�  

•  jX� �9, � �, CD�E� J�0B ,>=� <; <=>3 �;

 ����,�; I�
����� ���;  ,�10�!� �/A; ���

 <4 ,>� �� ���; �,�e��� ,�>� �/004 �,>:- �>�

 �c� �3 �,�4 �!!L3  !� I�
 �,�4 �,>:-

�/0H-   !� <G\0� �; ,>=>� I�
 �; CD�E� ���

.,>� ����; N!0O��; � ����� r��� <; <=>3 �

!c�3 � ~>M I�
 <; N:>b�4��� �,� M� 	Kd� �

 ��,>:- ��� �/004 	!Kd3 �� �,�e��� �!c�3 ]�H

 ���k <A:�\� ,�>�  !� ~>M I�
 ��� �; �.,

<; <=>3 �; ,>=>� �/004 	!Kd3 N��1; �3 ,�!2 
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��� �* 6���7 �89 �� :� �!
� ���  ���5�;�< ���

	 � 	�� � �*�=�>� ���  *+8� �*�;��� ?��@ �A!B�

 �* 6���7 ��CD1E� ��� 	�� �+� ��5�;�< [1] �*�;��� .

6���7 �� * �* 	5�;�< ��� +�� H1�E� ���+0�

��� �* ��!-��I 	�� 6���* �!
� ��� ]2[ �� �, .

                                                 
 * D��+/� �DK��  

 	:��* :L��707/12/1400 ��-���@ �04/03/1401 P�Q� �25/03/1401. 

 (���!8* 6��/� DOI): 10.22091/cer.2022.7959.1366 

 R!@ �*�.7 �*�D
 ���@ 6���7 �� �*�;��� ST,��

R�5�;�<2  �R�5��3 �U+��!� �++� V!5* 6@ �!> �*4 

�� +��@ [3]��� �* . �������DW �� �*�;��� �!
� ���5  �@

 S��;�� ��!�!� � �, !: S�!0D=
6@ �DX/�  V+Y7

-��I +��  ���7 �!> 6@ �+��!� �!> S�!0D=
 ��!

	�� 6���* [4, 5].  

                                                 
2 Asphaltene  
3 Maltene 
4 Aging 
5 Rejuvenators 

����� ��	 
�� ���� 
��� �������  ��� �  

 ��	 ��������  !�"��  

  
 �� �,�[� R�7  ��5�;�< CD1E� 4 *�,1�� �@ 6\ �1��D���QU�!]^7  CT�
� _�` 	���� +��@ .

 *�,1�� �@���� 	!���CD1E� ��� V,� ?��@ ��89 ���������� ��/\ �* ��5�;�<  P�� ��!U

�*�.�� CT�
� _�` a�� 6@ �++W �+� )BMD (�+*�U 	��.  �*P�� R�  ����������

�� ���> �X� +� 6!5�� ��!.� ��D/� 6@ ��89  ��[� ��!.� .*�!U6@ �DX/�  b��/� ���@ 4 R!!.7

��!� �@��@ �* ��5�;�< CD1E� b��/� *�,1�� �6/![@ �!> +0�* ���@ c�7 � �U+�  �U*�D


�� +��@.   �@ d!eB7 R� �*6@ U��\!��  +0�* �*25  �50  � 6���7 +0�* ��D/� 6@ ���!U Rf��

������DW H1�E� ��5�;�< CD1E� g/� CT�
� _�`� 8�� D!���D� P�� 6@ �+�@� �* .	�� �+� a�

CD1E� �� ���@ H1�E� �!> +0�* 6� 6�:�U �X� �* �@ 6��*��  CT�
� _�`CD1E� ��  P�� �@

BMD h�DY��� �U+���!� ����< .	�� �+� a�8��  ����< �I-FIT  6@ b!7�76@ �DX/� 

 �U+���!� �@��@ �* 	���e� �@���� �c�7  _�` �* �U*�D
CD1E� ��  P�� 6@BMD  *�D�

�*�;��� .	�� 6�:�U  ���� d!eB7 R� g����� +�*  �!> +0�* 6\ 6/![@ P�� �� �+�< 	�+@

BMD �!> +0�* �� S��;�� 6/![@  D!���D� P�� �� 610�9�� +��@. @!���R *�e�� i7!!�  +0�*

>!� 6/![@ ��9 6�D�� 6@ CD@��� 25  �50  �����DW ��+@ 6���7 +0�*�� +��@. 610�9 �!> +0�* 

 P�� ��BMD D!���D� P�� 6@ 	Y�� CD1E� ���@ ��9� 25  �50  ��+@ 6���7 +0�*

�����DW� b!7�7 6@ 56/9  �18/22 .	�� 6�:� �� :� +0�* *�,1�� �X� ��� > +0�* ��+e�!� 

[@!6/ ���D� P�� �� V0�9!D ��@� CD1E� ��� ��9� � b��/� �����DW � 6���7!	�.   

���� ������:   CT�
� _�`   ) �+l� �*�l.��BMD( � 6l���7 � ��l���DW � D!���Dl� �  ��l��<

�U+���!�  c�7 �h�DY��� �U*�D
 .  
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�5�I �� �, 6���7 �� �*�;��� ���6  �* �����DW �

CD1E� ���  CD1E� CT�
� _�` ���5�;�<6@ �DX/� 

 *�,1�� R��[@ 6@ �+!���� +��@ [6] . �����,���!�

 4 mA� P�� �� noD�.� ��eeB� � ����� ���+/[�

D!���D�7 6@ �DX/�  _�`CD1E� ���  �*�;��� 6���7 ���9

�� +//\ [7] 6/![@ �!> ��+e� D!���D� P�� �* .

CD1E� ���  CD1E� ��89 S�!0D=
 p��� �@ ��5�;�<

 R!!.7�� *D� .6@ U��\!�� ��*� :�  V!Y> �� H1�E� ���

 q@��� p��� �@ �9��` P�� 	!9T0 �������DW � 6���7

 6W�D� +*�7 �@ �� D!���D� 4 mA� �* ��89 ����

�� +/\ [8].  

 *�,1�� �@���� 	!���CD1E� ���  �* ��5�;�<

V,� ?��@ ��89 ���������� ��/\  �++W P�� ��!U

) �*�.�� CT�
� _�` a�� 6@8BMD �+� CD1E� �+� (

	�� [9]. �` r+� 	���e� �*�\ �*�.�� ��+� �*�.�� _

��!� �@��@ �* c�7 � �U+�  �U*�D
CD1E� ���  ��5�;�<

�� +��@ P�� �* .BMD  ��D/� 6@ ��89 ����������

�� ���> �X�+� 6!5�� ��!.�  ��[� ��!.� .*�!U6@ �DX/� 

 *�,1�� �6/![@ �!> +0�* ���@ b��/� ���@ 4 R!!.7

@��@ �* ��5�;�< CD1E� b��/���!� �  � �U+�

c�7  �U*�D
�� +��@ [10] 6I�U� .�� ��D7 6\ 	;U 

 6�* �* �+� �*�.�� CT�
� _�` aD[;�1980 +� ��!@ 

[11] ��� �* ��� .2006  aD[;�BMD  6��D� q�D7

V�9 �,��< p� -7 Ve��9 +� �:�.� P�� U 4 �*.  �*

h�DY��� �U+���!� ����< �� �P�� U �<10 6@  �DX/�

�\�� �@���� ����< �� � �U+���!� 	���e� �@����11 

c�7 	���e� �@���� ���@  �-��
 �� ���� �U*�D


�*�;��� 	�� �+� [12].  

                                                 
6 Reclaimed asphalt pavement (RAP) 
7 Superpave 
8 Balanced mix design (BMD) 
9 Texas Transportation Institute (TTI) 
10 Hamburg Wheel Tracking Test 
11 Overlay tester (OT) 

��� �*  P�� �!
� ���BMD  S�e!eB7 �*

	�� 6�:�U ���> �*�;��� *�D� �DU��DU r�+�� �@ �;1�E� 

[13-15] .���-��D�  P�� ��BMD 6@ R!!.7 �DX/� 

+0�*  6/![@ �!>CD1E� ���  � 6���7 ���9 ��5�;�<

��DW 6/![@ +0�* R!!.7 �*�\ �*�;��� ��� +��.  R� g���

 P�� 6\ *�* ���� d!eB7BMD �� +��D7  s�E��� 6@

>*!d �7 +/\ 4�\ 6/![@ �����DW +0�* [16].  

p���@12  �*�.�� *�,1�� �e!eB7 �* ����,�� �

 �+�CD1E� ���  �� H1�E� +0�* 6� ���9 ��5�;�<

�*�* ���> ����@ *�D� 6���7 +0�* �� :� .+�� ���

 �* ��5�;�<CD1E� ��  � c�7 +�� t�� �� :� ?��@

 �U+���!� �@��@ �* 	���e� �� :��� *D� ��U+/�D� .

 d!eB7 R�+�+e�.�  a�8�� 6\����< ���  �*�,1��

�� +��D7  R!�u7 �8/�_�` CD1E� ��� *D� 6���7 ���9 

[17].  

 6/![@ �!> +0�* �e!eB7 �* ��DY0CD1E� ��� 

 ���90 �20  �40  D!���D� P�� �@ �+�@� ��  6���7 +0�*

 P�� �@ vw� �BMD 6@ .	�� �*�\ R!!.7  �DX/�

 �� b!7�7 6@ �U+���!� � �-��
 S�!0D=
 �@����

 �+� 6��D!� b!�<4!��o�D,�� �+� �*��13  s���W �

��DB� 6� �/714 �*�;���  .	�� �+��[� R�7  *�����*

 P�� �� 610�9 6/![@ �!> ��+e� 6\ 	�� R� d!eB7 R�

BMD  6/![@ �!> ��+e� ��6Y��B� �+� ��D� P�� 6@ D!�

	�� ���\ [18].  

������ �* ��eeB�  ��� �@����*D���  V��.7

9��`� �*�.�� CD1E�15  �� 6/![@ �����DW +0�*6@ �DX/� 

�*�\ R!!.7 b��/� *�,1�� �@ CD1E� 6@ �+!��  �� .+��

 d!eB7 R� g����� ��D7  6\ *�\ ����� 6�,� R� 6@

                                                 
12 Barros 
13 Simplified Viscoelastic Continuum Damage (S-
VECD) 
14 Triaxial Stress Sweep (TSS) 
15 Balanced mix design interaction plots 
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 P�� �� �*�;���BMD a��*16  R!�u7 �� ��5�;�< CD1E�

*�\ +��D
 [19].  

v/!���17  ���9 CD1E� �e!eB7 �* ����,�� �

100  +0�* ������ P�� 6@ �+�@� �� ��5�;�< 6���7

�*�\ �9��`  ��!� *�D� ��89 ���������� CD1E� R� .+��

 P�� �@ vw� .	�� �*�,� �*��<�@ �� ������ P�� �*

BMD  �@ �� CD1E� 6/![@ �!> +0�* a�8������< 

�D����: �U+���!�18 6@ �DX/�  � �U+���!� �@����

x
��  r�A.�� ) ��Q�FI19( 6@ /��DX  	���e� �@����

c�7 �@��@ �* �*�\ R!!.7 �U*�D
 �� .+��  �X��< ��  CD1E�

 ���9100  P�� �@ 6\ 6���7BMD  +��@ �+� _�`

 ���@�*�W �� �y\�+9 6\ �300  ��@�� ���20  +���* ��� �*

V@�> �*�;��� �� +��@ [20].  

�e!eB7 �* ���-�����  �9��`CD1E� ���  ���9

30  �50  P�� 6@ 6���7 +0�*BMD  a�8���*�* +�� .�< �� 

CD1E�  6@ 6WD7 ��+@ H1�E� �!> +0�* �@ ���

6�
�� �< ��89 ����������  *�,1�� p��� �@ � +��

c�7 �@��@ �* 	���e�  �!> +0�* �U+� ��!� � �U*�D


�*�\ R!!.7 �� 6/![@ .+��  ���� d!eB7 R� g����� +�* 

 CT�
� _�` �* D!���D� P�� �� �*�;��� 6\CD1E� ��� 

�,1�� 6���7 ���9 R� b��/� *CD1E� ��  R!�u7 ��

*�\ +��DE� [21].  

��-* �� 65�e� �*  CD1E� ��[I 6/![@ �!> +0�*

�7D�/!� 	5��21  6���7 +0�* �@20  �25 6��* �  �+/@

@ �� H1�E� P�� 6BMD +*�U R!.7 . ��eeB�CD1E� �� 

 �!> +0�* 6� �@ ��) 6/![@ �!>6/![@ �!> �± 5/0  (+0�* 

����< � h�DY��� �U+���!� ����< *�D�  I-FIT 

�*�* ���>  6,/� ���@ 	�� �+� 6!0D7 d!eB7 �< �* .+��

CD1E� ���  6���* �5DY> V@�> ���+�� � a��* ��5�;�<

                                                 
16 Durable 
17 Zaumanis 
18   French rutting test   
19 Flexibility index (FI) 
20 Equivalent single axle loads 
21 Minnesota Asphalt Mixtures 

 P�� �� +�@ +/��@BMD  � *D� �*�;���n�:�0  6@

P�� ��89 CT�
� _�` ���22 *D�� �;�\� [22].  

 6/!�� �* �+� a�8�� �\ S�e!eB7 �@ �����BMD 

 ������ +�*  _�` 6/!�� �* ���!�@ ��\ ��W

CD1E� ���  P�� 6@ �����DW � 6���7 ���9BMD  *DW�

6@ �@ d!eB7 R� �* .*��* ) R!�� +0�* �* ��!U��\25 

+0�*) 6���7 �o�@ � (50 +0�* � ( ���!U �����DW _�`

 CT�
�g/�  P�� 6@ �+�@� H1�E� ��5�;�< CD1E�

 6� 6�:�U �X� �* �@ 6��*� �* .	�� �+� a�8�� D!���D�

��D� P�� �� 610�9 �!> +0�*) H1�E� �!> +0�*  � D!�

6/0 CD1E� �� ���@ (�< R!�� � o�@ +0�*�  CT�
� _�`

CD1E� ��  P�� �@BMD  ����< .	�� �+� a�8��

 h�DY��� �U+���!�6@ �DX/�  �@��@ �* 	���e� �@����

����< � �U+���!� r�A.�� x
�� )  D/!1� ��Q�I-

FIT23 (6@ �DX/� c�7 �@��@ �* 	���e� �@����  �* �U*�D


 _�`CD1E� ��  P�� 6@BMD �@���� *�D� ���>  6�:�U

	��.  

2-  !"�#� � $���  

2 -1- �%&' !"�#�  

 v/W �� d!eB7 R� �* �*�;��� *�D� �-/� m5�=�

 �,�<�� +��@ . S�=E��6��+-/� �� ��+W �* �:�=� �

1 .	�� �+� 6z���  �* �:�=� �-/� m5�=� �� ��D=7

 V,�1 .	�� �+� �*�* ����  

2 -2- ()  

6@ �!> {D�  �@ x5�
 �!> ����� R� �* 6�:���\

 |D;� 6W�*70 -60 �� +��@ ��+W �* .2  �!> S�=E��

	�� �+� �*��< d!eB7 R� �* �*�;��� *�D�.

                                                 
22 volumetric mix design approach 
23 Illinois flexibility index test (I-FIT) 
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 ��+W1- 6��+-/� S�=E�� �:�=� ���  

�, !: }�D
  

�*�e�  

��8� *�+9  *��+�����   6��+-/�

���7  

 6��+-/�

6���7  

	��* m5�=� }D=E� ���  6��*)٣gr/cm(  659/2  593/2  -  ASTM C127  

 6��* � 	��* m5�=� }D=E� ���)٣gr/cm(  639/2  464/2  -  ASTM C128  

v5 P�� 6@ ��� +0�* v18�< )(%  5/21  5/23   �y\�+925  ASTM C131  

	�� 4 �* �-��,� )(%  98  97   V>�+950  ASTM D5821  

	�� �* �* �-��,� )(%  95  94   V>�+980  ASTM D5821  

s< sQW )(%  7/0  8/0   �y\�+95/2  ASTM C127  

6��� P��� �� )(%  72  69   V>�+950  ASTM D2419  

  
 V,�1 - (H5�)  ����!U Rf��)s( b�� �+.� �,�< �-/� m5�=� (�) � ���[7 ���I  ���*��< 6�� 6o P��7 �� V0�9 ��5�;�< 6���7

���[7 ��U*��<  

2 -3- �+�(,  

 ���*��< 6�� 6o P��7 �� �*�;��� *�D� 6���7

 6���7 R� �Y�e7 ��� .	�� �+� 6![7 ���[7 ��U*��<

 *�+9�*  ���*��<�@ .	�� �+�  V,� �*2  ��*D��

6��* +/@�  � 6���76��* +/@�  �-/� m5�=� b!\�7 CD1E�

��5�;�<�  �+� �*�* ����.	��  6���7 �!> +0�*6/5 

 +0�*�� +��@ S�=E�� .6��+-/�  ��+W �* 6���7 ���1 

 S�=E�� � ��+W �* 6���7 �� �+� ���E��� �!>2  �*��<

.	�� �+�  R!/��� �* �*�;��� *�D� 6���7 �� ��D=7

 V,�1 .	�� �+� �*�* ����  

2 -4 - ���.���  

 ��D/� 6@ �\��D
 ���!U Rf�� �� d!eB7 R� �*

��DW .	�� �+� �*�;��� ���  

  
 V,�2 - 6��*  �-/� m5�=� b!\�7 � 6���7 �-/� m5�=� �+/@

��5�;�< CD1E� V\  

 ��+W �*3 ��DW S�=E��  �*�;��� *�D� ���

 V,� �* .	�� �+� �*��<1  �:�=� �����DW �� ��D=7

.	�� �+� �*�* ����  

3 - /�0, 1��  
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) R!�� +0�* �* ��!U��\ 6@ �@ d!eB7 R� �*25 

) 6���7 �o�@ � (+0�*50  ���!U Rf�� �����DW � (+0�*

 P�� 6@ �+�@� H1�E� ��5�;�< CD1E� g/� CT�
� _�`

.	�� �+� a�8�� D!���D�  

 ��+W2- �+��!� �!> � ���7 �!> S�=E�� 6���7 �� �+� ���E���  

S�!0D=
  
�*�e�  

��8� *�+9  *��+�����  
���7 �!>  6���7 �!>  
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�=+ J;I �	�	F �+��� �W+ 	= 4!�;���5� i-01/0 

 Xc� j;[/ 6= �	��? �+��� 65;5 ��� �= 6F 6!�	g �= ��!5

�,� ���,�� +;=,� ��!q.   

 
 L0�3 - m�	� >;� ���Uq	? � �
	)��	��C j;[/ �� �[F 4!I	���C L��+ �+ ��+ 

��	��C ��	�I	
  X!� 	= >;� 4� �,� ��� �=

6/26  X!I�I 6= �;A � E	HI�� � 6?�+6/0  �34/1  ���

6��	 j;/ }-? �� �,� L!5+ 6=) �Y �	�<�� �+��/

= �	0�� ��	Y^ 	= (�@�� � e!W+ T�015/0  j	2�� ���

,�. 6<5  ��� X!I�I 6= E	HI�� � �;A 6= 8.�1  �6/0 

,� �+	H�� �=+ ���-F ���= �	�	F v�� �
 � ��� ]22[. 

8!�	� �+ �0!5��,!
 T�� L!0�I ���=�,� �+ �	


m�	� >;� �!I ����C 6]^;@ 4� ���+3  t	��=

 �@��A �	
�	!a�USBR  +,� 	= �+��� �	��? ���= �

 +��/8 ,� �@��A.  ����+ ����C 6]^;@ �� 8�� ��3/1 

 ��;A ���2/1 \;[= h�+� 6 	= � v�� ���  �	


� L0� �<a0� ,����!7 E	HI�� 6= B;N }-? �045/0 

) ���h�+� �+�+ � \;[= �H
 j; � ��� �	
  j�+ h��+

BC 	= � �M/� X!� 4� �+ (\;[= �� 6�	�  ��	.��� ��

 E	HI�� 6= L0� �z[z�08/0 ,�+�q j	2�� ��� ]23[.  �.?

8!�	� �+ ��	�/ �� ��!q;[?  � ����C 6]^;@ �+

 }F	= 4� �� ����C 6]^;@ L��+ �+ T�� +	2��

� ��)-  �;A 6= ��5/1  v�� � �;A ���2/1  	= � ���

 ��	Y^08/0  J;�� �:W 	= >��� �� �,� �� ���50d 

 �=��=025/0 ,� 6�/�q �Z� �+ ��� ]24[. ��	��C �+ 	
5 

m�	� >;� �,��+ � ��+  h[�Y� �^�� � �5;A 6[`	/ �+

) \;[= E	HI�� �� ��<�� t	��= �H(  i�	�� � ,�+�q j	2��

�C,� 6��	M� �)�,0� 	= 	
. L0� 4 �,� �� ��	�� �	


>;� ��� �= �,� 6!<aI \;[= �C �	�,!N �;f� � �� 	


�� �	��,
+. ��	��C �+ �	��? �0!5��,!
 >	cY�� 	


 ��,? �+ �^	@ e!MfI1 �� �,� 6d���. 

3 - 1-�2� / ��� � 34�  

3 -1- $�
�$ ,�56�	/ �� ��� 7��	 ,�8 
��  
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4[.��� +�0[�� 6= 6?;I 	=�,--F6=�^ E;� �	
 ��

>;� ,-�	�m�	� �	
 ��� �� ��;<� �	��? O��f�� � ��+

\;[= 6= +�;��= �g� �+ >;� hF ��� �= �,� 6!<!aI �	


 �@�;� >;� ��� �= ���;�
 �>;� �;
 � BC oP���

.+��+ +;?� (��	/ �+ �	��?) 

 
L0� 4 - �,��^	@ e!MfI >;� ��� �= �,� �+	H�� \;[= �	
  

 ��,?1-  �	
�����	��,� �^	@ e!MfI �+ �,� ���= �
	)��	��C �	
  

 ��	��

�,� 

>;� X!�  

)-°θ(  

�=+  

)Q-Lit/s(  

 ����f= e��

)yc-m(  

 �+G	= e��

)H1-m(  
 +��/ +,�

(Fr)  

 �5;A L`�;/

\;[=	
 

 )Sl-m(  

 �^�� L`�;/

\;[= 	
   

)Sw-m(  

M1  	I
M5  

6/26 25  	I53  028/0  	I05/0  062/0  	I104/0  1/3  	I7/10  135/0  �18/0  
108/0  �

162/0  

 

� B�Y� �,�,� +	2�� �� ��	/�+ �@�;� +;?

 � >;� ��� �= �;!	���	F\;[= O��A� ��!q;[? 	


�� ,-F. ) >;� �;AL�� �� ( ��� �Y= :�Y= �+ 6= ��;I

) �,�� �
+�;
 �;AL i �,� �
+�;
 �;A j�+ �Y= � (

)La+�F �!�MI (.  6:M� e��A �� �Y= �+ 8�� 8!= ���

�� 8!!aI �
+�;
 E���++�q. 6:M�B	<@ 6F �� �;
 �	


�� �,
	�� L=	W �	��? L��+ �+,�	=.  �� �5;A ��		-�

��� y	HI� Lf� �C �+ �;
 � BC oP��� 6F >;� �,�/�

 �.� ���� �;!	���	F �,�,� �	��@� �� ��!q;[? ���=

��,�	= ]25 .[ ���= �	��? �
+�;
 E��� 6:M� ���=

�,� �� ��;<�m�	� >;� �	
�� ���+ ��,= �����	� �� ��;I

 ,a=L i/L  � �
+�;
 E��� �;A 8!!aI ���= ��,= �����	�

 ,a=Zi/Hdam  �<�� >;� K	I 	= �d	W 6[`	/ 8!!aI ���=

) ,a= ��,= �����	� 6=Hdam/yc+�F �+	H�� (. Zi  6[`	/

 �>;� K	I �� �
+�;
 E��� 6:M� �d	WHdam  >;� E	HI��

 �yc �� ����f= e��,�	=.  L0� �+5  �,� ���+�= i�	��

�+�+ ���= �
+�;
 E��� 6:M� 6= o;=�� �	
>;� 	= �	


,�+�q 6d��� m�	� ��,= >;� � m�	�. �� �,
	�� 6F +;�

�,� ��	�I ���= �<�� �	
L i/L  �Zi/Hdam  ��� /� 	=

�=+  ��� /�)yc�� ��� /� (,=	�.  	= �)�+ >�	<� 6=

8!�	� �� 6= �
+�;
 E��� 6:M� ��=+ ��� /� �+

�� �,!�F >;�+;�.  
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(h5�)  (B)  

 L0�5 - �= �<�� >��!!wI ,a= (h5�)�;A E	HI�� (B) � >;� �<�� E	HI�� 6= �,�� �
+�;
 

:M� �m�	� ��,= >;� ��� �= 8!-]�
 E��� 6

�� �	7C �C �	.��� �+ 	<��MI �
+�;
+;�.  J;�� �;:=

= +	2�� ��� /� b�	= >;� ��� �= \;[8/5  �;A ��=��=

�� >;� ��� �= �;
 � BC oP���++�q. �,� 8!= �+ �	


 �,� �m�	� 	= ����
 >;�M2 �,� 6= �<�� �)�+ �	


 �,� >;� �;A �+ �;
 � BC �� ����!= oP��� b�	=

��.  �,� 6F �� �5	@ �+ 8��M4 F �;A 8����

�,� 8!= �+ �� �
+�;
+��+ 	
.  L0� �+6  L`�;/ �!g	I

\;[= �^�� � �5;A �	
 6:M� ��� �= �� >;� ���

�� �	�� �
+�;
 E���,
+. �� �,
	�� ���= 6F +;�

�,� ��	�I\;[= �� �=	g �^�� 6[`	/ 4� �+ � 	
 	= �	


\;[= 8!= �5;A 6[`	/ ��� /�  6= �
+�;
 E��� 6:M� �	


8!�	��� �,!�F >;� �++;�.  

  

  

 
 L0�6- \;[= �^�� � �5;A �[`�;/ �!g	I 6��	M�>;� ��� �	��? �
+�;
 >	cY�� �= 	
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\;[= 8!= �5;A 6[`	/ ��� /� 	= ��)�+ >�	<� 6= �	


 �;A�� ��� /� �,�� �
+�;
 6!@	�,=	�.  ���= 8!-]�


\;[= 8!= �=	g �5;A 6[`	/ 4� 6[`	/ ��� /� 	= �	


�C 8!= �^���� �
	F >;� ��� �= �
+�;
 �;A �	
 -

,=	�. L0� �� �,� 4� ���=\;[= �	
 6[`	/ �!g	I �	


\;[= 6[`	/ �� ���!= �;
 � BC oP��� �;A �= �5;A �	


�� �^��,�	=. �,� 8!= �+ �,� �	
M2  ��	 �� ���!=

�,��� �;
 � BC oP��� b�	= 	
++�q.  �,� �+ 60��;:=

M2  �;
 � BC oP��� �;A55/18  �,� 6= �<�� ,`�+

M4 �,� 8!= �+ 6F �� �;
 � BC oP��� �;A 8����F 	


�� ��� /� �+��+,=	�. �,� ��	�I �+ ��=+ ��� /� 	= 	


6= �
+�;
 E��� 6:M� 8!�	��� �,!�F >;� �++;�.  

3 -2- 7��	 ,�8 ��� �� ����
 9:)2 
�
� 

 L0� �+ 6F �;:�	�
7 �� �,
	�� +	2�� �+;�

\;[� 	= �	��? +�;��= b�	= �>;� ��� �= \;[= �,� 	


 �;A �+ �� �;
 � BC oP��� � �)�H�C >,� 62!�� �+ �

�� ��� /� >;� .,
+  

  

 

 

 

  
 L0�7 - �,� �� ��;<� �	��?m�	� >;� �	
����C 6]^;@ � >;� ��� �= �;
 � �C oP��� � ��+ 
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 +��� j	)-
 6= �	��? 60��;:= ����C 6]^;@ 6=

B	<@ 	= ����
�� hF � �;
 �	
.,�	=  o;=�� i�	�� e<A

 �	��� �+ \;[= 8!= L`�;/ � �F��I ��
+�;
 �Y= 6=

 �M� �;
 � BC oP��� � �
+�;
 >,� �= �5;A � �^��

�� �	Z��� �U5 .+��+ ��.�\;[= 8!= �F��I 6F +�� 	


=6 .�� �� !� �= �	��? �=��= �+ �[�	� ��;-� �D��� \P

m�	� >;� ��� �� ��;<� �	��?�!g	I  !� ��+ �U5 .,�	= ��Uq

 �+ >;� ��� �= \;[= +	2�� �!g	I �,�=� �Y= 8�� �+

 m�	� ��,= >;� �5	@ 	= �	��? �D��� \P.�� �� !�

�� 6��	M�\;[= �5;A � �^�� L`�;/ �!g	I }~ .+;�-

>;� +�0[�� �= 	
m�	� �	
P.�� �� !� �+ ��+ �D��� \

�� ���W �=	���� +�;�.+�!q  

 L0� �+8 �=��= �+ �D��� \P.�� ��,M� >��!!wI �

 �<��yc/Hdam �,� � O	` >;� �,� ���= >;� �	


m�	�.�� �,� 6d��� ��+ �� �,
	�� �= \;[= +	2�� 6F +;�

 6= �<�� �D��� \P.�� ��,M� ��� /� b�	= >;� ���

�� m�	� ��,= >;�.++�q �;:= 8!= OP��� �� !� 60�

�,� �D��� \P.��m�	� >;� �	
 ��,= �5	@ 	= ��+

 8!= �m�	�21  	I61 �� �!!w�� ,`�+.,�	=  �� !�

�=+ �+ �D��� \P.�� ��� /� 	= � �+;= ���!= ��F �	


 ��� /�)�=+yc�,� ��	�I �+ �D��� \P.�� �� !� ( 	


�� �
	F�� �C �[� .,=	�\;[= �g� �
	F ,��;I ��;-a= 	


�[�	�  �=��= �+ x�+ ���!� �
	F 62!���+ � �	��?

 �,�	=� �+ 6Fy	HI� ����F \P.�� 62!� �� 	= .,�/�

;[= h[�Y� �	0�� 6��	M�\ �,� �>;� ��� �= 	
M2 

 �,� � +�0[�� 8���.=M4 h!a^�,� ��	 �� �I �+ 	


.,-���+ �M� >;� ��� �� ��;<� �	��? �D��� \P.��  

  
L0� 8 -  �� ��;<� �	��? �D��� \P.�� �� !� 6��	M�

�,� m�	� >;� �	
m�	� ��,= >;� � ��+  

 �+L0� 9 6[`	/ �!g	I �5;A � �^�� �	


\;[= >;� ��� �	
  �	��? �D��� \P.�� ��� �= ��

�� �	��,
+. L0� �+ 9- h5� �� �,
	�� 	= �+;�

\;[= 8!= 6[`	/ ��� /� �� !� ��5;A �	��� �+ 	


�,� ��	�I ���= �D��� \P.���� �
	F 	
,=	�.  �[�

�� �C\;[= +�,aI �
	F ,��;I�C 6[`	/ ��� /� 	= 	
 	


 	= �	��? +�;��= k: �
	F � �Y�� �;A 4� �+

\;[= 	
,�	=. �,� ���= �	z� ���= �	
M1  �M5 

 �5;A 6[`	/ ��� /�\;[= �� 	
1.5H  6=2H )H  E	HI��

 X!I�I 6= �	��? �D��� \P.�� �� !� (\;[=33/5  �

28/4 �/	� �
	F ,`�+.  L0� �,
	�� 	=9- B �� ��;I

 6F �Hq\;[= 8!= �5;A �=	g 6[`	/ 4� ���= 	= �	


�C �	!� �^�� 6[`	/ ��� /� �D��� \P.�� �� !� �	.

�� �
	F,=	�. �=+ ��� /� 	= �D��� \P.�� �
	F l��

�� ��� /�  !�,=	�.  

    
(h5�)  (B)  

 L0�9 - �,� �D��� \P.�� 6��	M�m�	� >;� �	
L`�;/ �+ ��+ )h5�(  �5;A �)B(  �^��h[�Y�  
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�,� �+ ��	z� ���= �	
M3 � M4  ��� /� 	=

\;[= �^�� 6[`	/ �� 	
1.2H  6=1.8H \P.�� �� !� �

 X!I�I 6= �	��? �D���93/7  �7 �� �
	F ,`�+,=	�.  

 L0� �+ �W+ 	=10 �� �!g	I 6F +�F �	!= ��;I

 >;� �� ��;<� �	��? �D��� \P.�� �+ �5;A 6[`	/

m�	��� �C �^�� 6[`	/ �� ���!= ��+.,�	=  �+ 60��;:=

 �,�M2  �	��? �D��� \P.�� �+ �I�= �,� ��;-a=

�,� ��	 6= �<�� �
	F �	
\;[= �5;A 6[`	/ �� 	


1.5H  6=2H  �
	F b�	=1/3  6[`	/ �
	F � ,`�+

\;[= �^�� �� 	
1.2H  6=1.8H  �
	F b�	=57/4 

+ ,`�+��+ �	��? �D��� \P.�� �� !� �.+  

 ��,? �+2  \P.�� ��� /� ,`�+ i�	�� 6`P�

 �,� �<�� �D���M2  m�	� ��,= >;� �,� 6= �<�� ��

�� �	���� �+ .,
+�� ��,? 8 �= \;[= +	2�� �!g	I ��;I

 �^�� � �5;A L`�;/ �� j�,F �
 �!g	I � >;� ���

\;[=.+�F �,
	�� �� 	
  

  
 L0�10 - m�	� >;� �,� �D��� \P.�� �� !� 6��	M� ��+

A L`�;/ �+ m�	� ��,= >;� 6= �<�� �I�= �^�� � �5;

h[�Y�  

  

��,?2- m�	� >;� �,� �+ (,`�+) �D��� \P.�� ��� /�m�	� ��,= �,� 6= �<�� �I�= ��+  

�,� M2 
(6!�	g �= ��!5) �=+ 

25  30  35  40  45  50  54  

Sl=1.5H, Sw=1.2H  97/31  50/33  63/34  77/39  09/41  31/49  61  

Sl=2H, Sw=1.2H  26/29  30  53/31  62/37  37  63/46  88/58  

Sl=1.5H, Sw=1.8H  80/25  65/27  29  28/34  68/34  75/41  84/57  

Sl=2H, Sw=1.8H  60/24  41/26  5026  55/32  07/32  84/39  55/55  

  

4- �*�2� ����  

 �g� 6��	M� � ���= �^	@ e!MfI �� O,


\;[=  �+ �	��? �D��� \P.�� �� !� �= >;� ��� �	


 >;� 6= �<�� h[�Y� �0!5��,!
 � �,-
 �:����

�� m�	� ��,=,�	=. ��	��C	
  �+5  L0� �� h[�Y� �,�

\;[= �,-
 h[�Y� �^�� � �5;A L`�;/ �	.N �+ � 	


\;[= 8!= �= � 	
,� j	2�� >;� ���. ��	��C i�	�� 	
 �=

�,� ��� b�	= >;� ��� �= \;[= +	2�� 6F +�+ �	�� �	


 +�;��= 	= � �,� �	��? �=��= �+ ����	M� k: +	2��

\;[= 6= �	��?�C O��f�� � 	
 ��� ���;� �!�� �� 	


�� �;
 � BC oP��� � �)�H�C ��� /� b�	= �>;� +;�

� 6= �<�� 62!�� �+ � �D��� \P.�� l�� m�	� ��,= >;

�� �,!� �.?;I L=	W ��� /�,-F.  �^	@ e!MfI i�	�� �
�

�� ��� s�� 6=:,�	= 

1-  ���= �
+�;
 E��� 6:M� 6= o;=�� i�	��

�,�  6F +�+ �	�� m�	� ��,= � m�	� 	= >;� �	


 �� 6= �
+�;
 E��� 6:M� ��=+ ��� /� 	=

8!�	��� �,!�F >;� �++;�. �
 �= 8!-]

 	<��MI �
�;
 E��� 6:M� m�	� ��,= >;� ���

�� �	7C �C �	.��� �++;�.  +	2�� J;�� �;:=

 ��� /� b�	= >;� ��� �= \;[�8/5  �;A �=��=

�� >;� ��� �= �;
 � BC oP���++�q.  

2- \;[= 8!= �^�� � �5;A 6[`	/ ��� /� 	= �	


�� ��� /� �,�� �
+�;
 6!@	� �;A,=	�.  8!= �+

�,� �,� �	
M2 �,� ��	 �� ���!= b�	= 	


,� �;
 � BC oP���.  �,� �+ 60��;:=M2 
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 �;
 � BC oP��� �;A55/18  6= �<�� ,`�+

 �,�M4 �,� 8!= �+ 6F�F 	
 �;A 8��I

�� ��� /� �+��+ �� �;
 � BC oP���,=	�.   

3- �,� ��	�I �+ \P.�� �m�	� 	= ����
 >;� �	


�D��� �=+ ��	�I �+ m�	� ��,= >;� �� ���!= 	


 �+ �D��� \P.�� l�� 8!= OP��� � �+;=

�,�  �m�	� ��,= >;� 6= �<�� m�	� 	= >;� �	


 8!=21  	I61 �� ,`�+,�	=. �,� ��	�I �+ 	


�=+ �+ �D��� \P.�� �� !� ���!= ��F �	


 �D��� \P.�� �� !� ��=+ ��� /� 	= � �+;=

�� �
	F,=	�.   

4-  ���!= OP��� �m�	� 	= ����
 >;� �,� �
 ���=

 ��,= >;� 6= �<�� �D��� \P.�� l�� 8!=

�=+ �+ m�	��� y	HI� G	= �	
,�/�.  6��	M� 	=

 �,-
 �	0�� 8!= �+ �D��� \P.�� �� !�

\;[= 8!= h[�Y� �,� �	
M2  �!aW;� L!5+ 6=

�.? � �,-
 �	��? �=��= �+ ��.= ��!q 	= �

 8���.= ��	��? �=��= �+ ���!= ���	M� +	2��

 �,� � +�0[��M4 h!a^ �� �� +�0[�� 8��I

,�+�+ �	�� +;�.  

5-  ��� �= \;[= 8!= �^�� � �5;A 6[`	/ ��� /� 	=

�,� ��	�I �+ �D��� \P.�� �� !� �>;� 	


�� �
	F,=	�.  �,� �+ 60��;:=M2  ��;-� 6=

A 6[`	/ ��� /� ��I�= �,� 8!= �^�� � �5;

\;[= �
	F b�	= X!I�I 6= 	
1/3  �57/4 

�� �D��� \P.�� l�� �� !� �+ ,`�+++�q. 

 � �5;A �	��� �+ \;[= +�,aI �
	F �C �[�

 	= �	��? +�;��= k: 6F �+;= >;� �^��

\;[= �
	F �� �	��? �=��= �+ ���	M� � 	


�� ,
+.  

6- C oP��� �� !� �+ �5;A 6[`	/ �!g	I � �;
 � B

 >;� �� ��;<� �	��? �D��� \P.�� l��

m�	� �� �C �^�� 6[`	/ �� ���!= ��+,�	=.  

6= 6?;I 	= 6= i�	�� � �5;A L`�;/ �,�C �+

>;� �0!5��,!
 +�0[�� ��� �= m��;� �^�� �	


m�	� �+ �U5 .,-��
 �g;� ��+ 6-!.= b@	<� �@��A ��	

��	�� ��0!5��,!
 �	
��.= 	= ��;IT�� �� �+�= �	


L`�;/ �j�� >	<	f� 8�;� 6-!.= �^�� � �5;A \;[=�	
 

 �	��? ���!= �D��� \P.�� �� !� 6= �,!� ���=

>;� �� ��;<�m�	� �	
 e!MfI 6��+� �	��� �+ �� ��+
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1 - �����  

	�� � �+�7�8� 9:��� �;� �������  �< �=!>�

?*������� ���++��+ @���A ��!�< �� ]1[.  ?4�����!< 

�� 5 �B!C!< DE ?��,*1� �0!FG )2NA( ,!4BE �� +B� � 

+�,H 75 ,2�+ �� � D���,; �+ ������< � 	
�� 

                                                 
1 * B��,1� �BK��  

 	L��+ :M��E28/01/1401 ��*���< �27/04/1401 P�Q� �29/04/1401. 

 (���!S+ ?��1� DOI): 10.22091/cer.2022.8110.1386 

2 Natural aggregate 

������ �+�T���+�B� �� ���8+�!U ]2[.  V4�7� �� �+�T���

?4�W� � ������<  X����� � X��� ?Y �+ �����
�� ���

 � +�Z1�!� D!;;>� �� ���!�< [�BE ���������<� �,� 

	�� ]3[. �E ��� 2017� 7/69% �� ?4�W���� �����
�� 

� ^�WE �� 92�H V4�7� �+ ��@Y �,>��� @�0�A �1�< 

�< ��� _�F�;E 397 �B!C!� DE ,�+B< ]4[. �+ X�!;� 

����Z/ �� !� ?4�W���� �����
�� �  �� 92�H V4�7�

^�WE ?. 50 �E 60 ,2�+ �` �� �1�< @�0�A 9!-�E 

���,�+ �!< �� 3  +��!C!�DE 	�� ]5[.  +BF�.

?��,*1�  ���	!T!.�< �0!FG  ��A�;E ?< �S1� Y�<

����� ���	 
��� ����� � ������� ����� ���� ������  

����� ������ �� � �� ���!�� �� ������" ��# $�%�& �'(  

����� �)!��* ���%�  
  

 X��� ?Y V4�7� ?< �1�< �+�
 V4�7� aC�W� ���,2�+ �+� L� �!bcE �d!;>E D� �+

?��,*1� �*��
 ��� ��� �< �� ��4�T�` e�� ,���!� ��� ��U  ���<+�B� ������ ���8 ����< 

9!C>E �+ .	�� ?�L�Uf�S�� ��� f�� [�BE �=
�!g 9!C>E �� �,�  �� L�NonPAS �+�T���   �,�

 �Bh1� D� ���< .	��6 ?Y 	��WA �< ?Y ��Zi ������ j=;�  ?< @��T�� �������  kB� ?�

 ���L� .,�,� 9!C>E [�B�� � f�� �f�� �C!
 X� ���< l�
?Y  	4�T�`?< @�B2  ���SE��

 X����� � X��� V4�7� ��=
?< @�B2  �,� �< �=
�!g ���SE��Universal  ���< V4�7� �

?< �,� �< �=
�!g ���SE�� @�B2Bilinear m�L .,�,� +�B� ������ jG�;� ?!C. �+  �����<

�+�T��� �� �T2  �E100 %V4�7�  ?< �1�< �+�
����  98�,H ������< ?!C.6/61 ,2�+  �n.�,H �

5/198 ,2�+ �*��
 ��� �� L� ^/B� ?��  ��4�T�` 98�,H �6/22- �n.�,H � %4/88% 

 �U,���!� ��� �!!oE ^/B� ���<.,�  �f�� �C!
 ��� ���< �+ ?. +�+ ���� d!;>E D� p���

	��WA �+ �Y�< ���20 �����	��WA � X��� ?Y ���< ��� �Y�< ���30 ����� ���< ��� ?Y

	��WA �+ �[�B�� ��� ���< �+ .+��+ +B/� �1�< �+�
 V4�7� �� �+�T��� ��-�� X����� ���

 �Y�<15 �����	��WA �X��� ?Y ���< ��� �Y�< ���20 ����� � X����� ?Y ���< ���

	��WA D!1q�� �Y�< ���15 �����  �1�< V4�7� �� �+�T��� ��-�� 	4�T�` ?Y ���< ���

�<D�L�U �h� �+ ?< ��!� �	W� ������< �+ .+��+ +B/� ��L��   	��WA �h� �� r�
 @�hHs�

?Y  �1�< �+�
 V4�7� �� �+�T��� 	Z/ ������ ���	�!� . 

���	� �����:   ?��,*1� X������  9!C>E ��1�< �+�
 V4�7�g!=
�� �*��
 ������� ?�� 

��4�T�`  ��!��U,�� ���<.  
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�� �+ D *�/ ��L���< V4�7� ���< �� L����

 �1�< �+�
 V4�7� ,1��� ������(RCA1) 	�� �,� .

 �D��-� �� @��F� D�< 	L���<	��+�< � �+�. +�
 �

�L���< D�< ?��,*1� ,!4BE ���< �,� 	W� D�< P��+��� 

.	�� �1�< �+�
 V4�7� � ?��,*1� 9��� V4�7� D� ���

.�<!T!	 ) Y�<�0�?��,*1� _YB���  [�BE ?. 	�� (��,0�

 �!�
�B!���1�� F�i �� ?< �,� 	W�!�, ,�� V4�7� .

�1�< �+�
 �G ��d �WE^ ���4�D�< ��� �!����  ,1CE��

�+�/ �� ��U+��L ,��< ��� ���� � �������< f�*1� �+ ��� 

��TH ��+�/����  ��Z� @��,
� C��!@� �WE^ 4BE!, 

�� B��,������ .� 	!C<�8 ��1�< ��100 �� 	L���< %

 � ,���+?< C.�BG V4�7� ,!4BE ���< �<B
 ��!�< j<�1� �

�` D�< ��� �,1��� �1�< �+�
  f�Y �T!. @�7W�� �� ��

	�� ��+�B
�< ]6[.  

������ �+t�=0�� ���  X��� ?Y ��Q�

?��,*1� �� ���8 ���< � 	4�T�` ?Y D!< ���.+�!U  ?T!u�

Y D� �C2� �� 	hL�>� � 	4�T�` ?Y �� ���F!��� ?

9-� �!!oE �<��< �+ ���<�U,���!�) ��U,��� ���2 (

	�� ������ ]7[.  �+ �1�< �+�
 V4�7� �� �+�T��� �<

?��,*1� V4�7� �0!FG j<�1� ������� 	
�� t�7� ��

��� �� vTH � ,�B� � ,�+�U���+!?S ?1 �  	
�� ���

� �� !� D!1q�� � ������?4�W� D�W  ?< ������ ���

DL,�?4�<� ���3 �� ���.,<� ]8[ .���< �� L� ���,�� 

������ � ���. �A�;E ���< ?��,*1����  ��0!FG V4�7�

�� �1�< �+�
?��,*1� V4�7� �< ,1��BE  �< �-< ��

,�B� ^!.�E aC�W� ���,2�+ ]9[  ����+!?S ^/B� �

V4�7� D� @�7W�� �!!oE .,� ,1��B
 � �*+ t�G �

[!>� vTH @���A ���. � 	�� ?1 � 	
�� ���

 V4�7� � �1�< �+�
 V4�7� ^!.�E �� �+�T��� �������

?Y 	
�� �+ X����� ?!/BE �� ������ ��� ,1.. 

�1�< �+�
 V4�7� ?/BE �< ?< 5 ��� �� p��� 

                                                 
1 Recycled concrete aggregate 
2 Rutting 
3 landfills 

�B��` ��� ����*����` �����!0�  �h�+�B� V4�7� ���<

?��,*1�?Y �� X����� �� �+��`�< �� ,11. � p��� dFG 

����` ?� ��B>� ��-!��1+ +�-C�� 	�A� ��W< �� 

���� �� ,1�+ ]10[ .t�7� ^��1��� j<�1�  � �0!FG

 ,!4BE<!� ,H�� @�0�A �� ���� 	
�� ���� � ^�WE 

����
�� �� �� �- �4�i ��� �+�7�8� � �	� >�!=� 

�+ ��Z/ .	�� D� ?4�<� �� <? DL,� ���  �+�+ ��;��� ?4�<�

��,�B�  .,1��� ���Z/ 	�,� ,1���!� ��� ?.�S�` 

�� !� �� 92�H @�0�A ^�WE  �	�� �� L� ?< ��

	L���< � �+�T��� +,S� ^�WE @�0�A �� ���< vTH 

V4�7� �0!FG ����A 	�� .?< �1�< �+�
 V4�7� ��;��� 

DL,� �?4�<� ���bcE!�  �+ �T1�@,����+ �< >�![ �	� 

��?< �S1� D!1q�� � +��QU  �?1 ��� 9�H 9;�� Y�< � 

�� L� 9:��� �1�� ��++�Uw �+�T��� D��<�1< �� 

?��,*1� ��� D�< ��L���< �� �- ��� ��� D *�/ ���< 

	u�TH �� >�![ �	� 	�� ]11[ . �1�< �+�
 V4�7�

����!� �!�
 ����+ ?��,*1� ?< 	F�� � ,1����� �

 � ���. �4�*i ��EY�< x` xQ/ 	!L�u ����+ �0!FG

�� ��� �<��< �+ 	���;� ���.1��< ,]12[. �B�4  �

��i5  ��� �+2004?��,*1� �� �+�T��� ��-�� � D�< ���

 ��� ����/` � ��L���<�,�+�
  �� X����� ?Y �+

 ����<+�B�,�+�+���8�` ��. p��� . ?. +�+ ���� ��

� �� �+�T���?��,*1 ��L���< D�< ���?< �/�  V4�7�

 �n.�,H ���. � ?1!Z< 	<BG� �� L� ?< �S1� �0!FG

�� 5�
 �4�*i �!��T!4�. ��<��< 	F�� �+�;� .+B�

(CBR6)  ���< k�F�� � 5�
?�B�� �� �< �100 %

?��,*1� �< ?��;� �+ ��L���< D�< ���?�B�� �� �< �

100 ��B�>� 	L� �1�< �+�
 V4�7� %�� ���� +�+ 

]13[ ��� �+ BCF�g .1391�  �� �+�T��� �1L �<���� ?<

?��,*1� ?Y �+ ��L���< ��1< V4�7� � ��L���< D�< ���

��� X������� ���� d!;>E p��� .	
�+�� �� ?. ,�+

                                                 
4 Poon 
5 Chan 
6 California bearing ratio 
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?��,*1� �+� L�?��,*1� ?< ��L���< D�< ��� �0!FG ���

 �� L� ?< �S1�CBR ?�B�� 5�
 ��� D!1q�� �

?�B���� k�F�� ���?��,*1� �+� L� D!1q�� .+B� ���

?��,*1� ?< ��L���< D�< 	<BG� �� L� y��< �0!FG ���

 �n.�,H ���. � ?1!Z< �4�*i5�
  �,� 	�� ]14[. 

@�1<1  ��� �+ ����-�� �2005 ��,� �+�;� �

�U,1Z/�<2  �oE�!!9-� ���  �+�T��� �< �� V4�7� ��U,���

 L� �� ���,2�+ �+� ?Y ?< �1�< �+�
 V4�7� aC�W�

X��� ?��,*1� ����-E ��B>� ?� ����` d�G �� ���

+�B� ���8 ����<  �d!;>E D� �+ .,�+�+ �� 9-��� V4�7�

100% �1�< �+�
 V4�7��  ��,� ��,;� D���!<

�� 9-��� V4�7� � �U,1Z/�< 100% ?��,*1��-< ��� �

U,1Z/�< ��,� ��,;� D���. D!1q�� .,�+�+ ���� �� �

 ?. ,� zW�� �+ �1�< �+�
 V4�7� ,2�+ �� L� �<

 V4�7�X����� �� L� �U,1Z/�< ��,� ��,;� � .,<� 

?<  ���s� �� 9-��� V4�7�100 % ��1�< �+�
 V4�7�

,�+�+ ?S!�� �� ��U,��� ���. 98�,H ]15[.  � ��<�2

V4�7� �- !L � �-!��-� r�B
 a!2BE ?< ����-�� 

?< �1�< �+�
  D� �+ .,1�
�+�� X��� ?Y V4�7� ��B1�

��,;� �d!;>E 9B=E ^�A3 {�BE �4  �F�� �4�*i �

?��,*1� ?< 	F�� �1�< �+�
 V4�7� ��� �0!FG ���. 

.	��  �+ �1�< �+�
 V4�7� ?. +�+ ���� d!;>E D�

?��,*1� �< ?��;�  ��+�B
�< �L�. 	���;� �� �0!FG ���

< 	!L�u .	��V4�7� ��<�� 	F�� �1�< �+�
  V4�7� ?<

?��,*1�  �+�
 V4�7� f�BE ,2�+ D!1q�� � ���. ��

	��  !i�� �1�< ]16[.  

 �b� �+ X��� V4�7� �U,1Z/�< ��,� �!!oE

 V4�7� �< �1�< �+�
 V4�7� �� �,2�+ �1 *�/

?��,*1� �� �-< �� ��� �< ,��BE*��
 ����  e��

�4�T�`� � ��� �!U,���� ��<� �!bcE  ?. ,��< ?���+

                                                 
1 Bennert 
2 Resilient modules 
3 Elongation 
4 Flakiness 

 ���< D� �<�����!bcE �� �� �� ��BEP5!��!��-� ���- 

�2B7
 �<�SE P��9!C>E �< �1�F� ���  �=
�!g

?����< ?0�BE �< .+�. �+�T��� V4�7� ��=
 ���SE�� ���

�=
�!g ���SE�� V4�7� @�!2B7
 ?04�=�5  X��� ���<

?��+ ?�+ �
��� �� �,!F�i �!g ��1960 �g`.,+�U �  

�< +B/�  @�;!;>Ef�S��  �,�  �<���� rB7
 �+

< ��,��!!oE � �U,1Z/�9-�  X��� ��U,��� ���

?��,*1�  �.,�� @�;!;>E ���4�T�` �+�
 V4�7� ���H ��

?��,*1� X��� V4�7� �� �+�T��� �!bcE rB7
 �+  ��

 ��� �< �1�< �+�
 V4�7� aC�W� ���,2�+ ���H

�� �< ������ ��� �� L� �� �+�T��,� ����  �=
�!g

 V4�7� D�f�S��  �,�  �!bcE �d!;>E D� �+ .	��

 V4�7� aC�W� ���,2�+ �1 *�/1�< �+�
� ?<  ��/

?��,*1� V4�7�  � �*��
 ��� ��� �< X��� ��8 �-< ��

 (	4�T�` B�!���� [<��� d<�=�) ������ �U,���!� ���

+�B� ���8 ����< 9!C>E �+ .	�� ?�L�U� ���f�S�  �� �,�

f�� [�BE �=
�!g 9!C>E  �� L�NonPAS �+�T���   �,�

� 	�� ?Y 	��WA �< ������ j=;� ��  � @��T�� ���

 ?< [�B�� � f�� �f�� �C!
 ���< l�
 kB� ?� m�L �<

����  aC�W� ���,2�+ �+� L��T2 �25 �50 �75  �

100% ?��,*1� X��� ?Y �+ �1�< �+�
 V4�7� +�B� ��

 9!C>E���8 ����< � 9!C>E �+ .	�� ?�L�Uf�S�� ��� 

?< 	4�T�` ?Y ��,�?Y � �=
 ���SE�� @�B2  ���

?< ���< l�
 � X����� �X��� �=
�!g ���SE�� @�B2

�+ ?�L�U �h�  �,� ,�� .  

2- "������#$�% "��� �&'��� ��(  

�|��� �+ H��G @��� C� �� �- �������� ��� �

?Y� � X��� ���X���� �������  �U,1Z/�< ��,�

 .	�����,�� ���< ���!0� �U,1Z/�< ��,� ��W� ��!U

	�� ����-E ���QU��< 	>E V4�7� ]17[.  ��,�

!!0E �U,1Z/�<D �,�  ��B>� ?� ����` ������-E 

                                                 
5 Nonlinear elastic material 
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 �L��>�� �1E 	F�� �< �<��<����-E1  ��B>� ���. ?<

	�U�< Q��2 	�� ]18[.  

)1(                                                  d
R

r

M
σ
ε

=  

?��,*1� V4�7� �U,1Z/�< ��,�  �� �0<�E ��

�1E ����� ���  ?< .	�� �,� ?=<�� ��!< �Bh1�  ��,� D!<

�,� ��1E 	!0A� � �U,1Z/�< +�Z1�!� �TC�W� ��� 

�L�0� ?��+� �+ ?. 	�� �,�  �,� ,��.   

 �,� �+K-θ�U,1Z/�< ��,� � ?<  �� �0<�E @�B2

�� ?�L�U �h� �+ ��SH �1E  ���< �` +�<��. � +B�

,*1� V4�7�?��?=<�� 9-� ?< �,� D� .	�� �� 2 

9<�8 	�� ��!< ]19[.   

)2(                                     2
1

k
r

a

M k ( )
P

θ=  

)3      (                                  1 2 3θ σ σ σ= + +  

 [<��� D� �+ ?.θ�1E kB�S� � ��SH �1E � ���

 ��C2�1k �2k�  � �,� 	<�b ^��AaP .	�� �T��E� ���L  

�� ?.�S�` ,� � K-θ V4�7� ���< ���L� ��!< ���<

?��,*1� ����� 	�T. �,1.�����3  +��� �� �L��>�� �1E

 �,�K-θ +B�� ]20[.  �,�Uzan  ?=<�� 9-� ?<4 

9<�8 <!�� .	��  

)4(                               
2 3

1

k k

d
r a

a a

M k p
p p

σθ   
=    

   
 

)5       (                        1 2 30 5d . ( )σ σ σ σ= − +  

[<��� D� �+ ?.dσ� �L��>�� �1E �1k �2k  �3k �

�,� 	<�b ^��A .,1���  

 ��B>� ?� ����` �� ����� �,� �+ �L��>�� �1E

?< �� 	�+ �,� �+ .,`Universal ?< �1E ��/

	�� ���< �1E �� �L��>�� �Z/�4 +�T����   .	�� �,�

 ?=<�� d<�=� �,� D�6 	�� ]21[. 

                                                 
1 Repeated axial deviator stress 
2 Resilient axial strain 
3 Uzan   
4 Octahedral shear stress 

)6      (                      
2 3

1

k k

oct
r a

a a

M k p
p p

τθ   
=    

   
  

)7     (2 2 2
1 2 1 3 2 3

1

3oct ( ) ( ) ( )τ σ σ σ σ σ σ= − + − + −  

 ?=<�� D� �+ ?.octτ	�� ���< �1E � .	�� �Z/�  

�+ D!` 5!��!��-� �H��G ?���- ������ �<�SE 

(MEPDG5)� �4,� ���< a!2BE ��,� �U,1Z/�< 

?��,*1� V4�7� �+�+ }�� �� 	�� .D� ?4+�0� �� �b� 

	W� �U,� �1E ��SH � �� �b� f�� �U,� �1E 

���< �� ���< ^!.�E ��w,��� D��<�1<  �+�;�k2 ,�< 

	Fn� �,1��< �� L� ��� ?< �S1� ��SH �1E 	W� 

�� V4�7� �U,�++�U .D��<  ���Hk3 ,�< �T1� +B� �E 

�b� f�� �U,� �� ,�+ ���� ]22[.  rB7
 �+ +�B� D�

�,�  ���Uzan  �,� �Universal  �,� .	�� {+�2  !�

MEPDG ?< ?=<�� @�B2 8 9<�8 .	�� ��!<  

)8        (               
2 3

1 1
k k

oct
r a

a a

M k p
p p

τθ   
= +   

   
  

 �,�Semi-log !� �,� 5 ?. 	�� �����*4 ?�

?< ?=<�� @�B2 9 �� ��!< +B� ]23[.  

)9   (                            
3

1 2 3

d

a ap p
r aM k p k k

σ σ   
   
   =  

 �,�NCHRP6 1-28  �����*4 f��E �,� 5

	!FnE V4�7� ���<  �1E � �L��>�� �1E ^�H�< �,�

?�� [�BE ?. 	�� ?F��/NCHRP 1-28 �+�+ ?0�BE 

 	�� �,� ]24[.  �,� D�?< ?=<�� @�B2 10 9<�8  ��!<

�.	�  

)10  (                    
2 3

3
1

K K

d
r a

a a

M k p
p p

σ σ   
=    

   
  

�,� �� 5�� P���< �< d!;>E D� �+ �.~ ��� 

���,�� �+�;� ?< �,�  V4�7� �U,1Z/�< ��,� �,� ��!U

?��,*1� X���  aC�W� ���,2�+ ���H �� �+�
 V4�7�

�� 	8+ � 	�T. ��1�<�,� D� �� 5  �<���� +�B� ��

                                                 
5 Mechanistic-Empirical Pavement Design Guide  
6 National cooperative highway research program 
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���8  ?�L�U�+ � 	��  ���< �=
�!g ?1!Z< �,� 	�Z�

x�W��� ������ 9!C>E 	Z/ V4�7� D�  .	�� �,� 

3 - ���*�+ �,- ����#$�% "��� ��(  

 d!;>E D� �+�� ���p ���`��*�� @�1< � 

 ��� �+ ����-��2000 	Z/ D!!0E �,� ��� ��,� 

�U,1Z/�< V4�7� X��� ?��,*1� �� ���H  ���,2�+

V4�7� aC�W� �+�T��� �1�< �+�
   ?< ?/BE �< .	�� �,�

?��+ �1>1�?��,*1� X��� ?Y V4�7� ��,1< �� xB


?��+ ,1<�  ����+ �,�7/6  �+�
 V4�7� � ,2�+ �1�<

 ����+4/3 ,�+B< ?��+ � ,2�+ .?�B�� ��� �< ���H ���

 �B�.��� �.��E �B��` �D�< �+�
 aC�W� ���,2�+

?< +��,�����  P��ASTM D698 f�S��  �,�  .	��

 aC�W� ���,2�+ �< ?�B�� ���< ?1!Z< 	<BG� ,2�+

 �+�,>� �+ �1�< �+�
 V4�7�5  �4�5/7  �!o�� ,2�+

�� ��� �< �U,1Z/�< ��,� ����` .	��?�B ���

?��B��� �=8 ?< ��2/154  k�TE�� �8/304 �C!� �+ ���

 	<BG� ,2�+ 5�
 rB7W� ��� �n.�,H � ?1!Z<

�<,����� X��� +��AASHTO TP46-94 f�S��  �,� 

.	��  V4�7� rB7
 �+ ���!< @�!: /+�B� �+�T���  �

P��  ����-�� � @�1< d!;>E �+ ���*����` ����.~ 

�,�  	��]15[   .  

�+�+ ���  ���*����`�B<�� U,1Z/�< ��,� ?<� 

V4�7� ?��,*1� X���  aC�W� ���,2�+ ���H ��V4�7� 

�+�
 �1�<  ��,/ �+1 �+��` 	�� �,�.  

 ��,/1-  ���,�� �U,1Z/�< ��,� p���^!.�E ���< �,� ��!U?��,*1� V4�7� aC�W� ��� �1�< �+�
 V4�7� � ��]15[.  

@�0L+ 

���QU��<  
σ١ 

(kPa) 
σ٣ 

(kPa) 

Mr (kPa) 
(100% 

AB) 

Mr (kPa) 
(75%AB+25

% RCA) 

Mr (kPa) 
(50%AB+50

% RCA) 

Mr (kPa) 
(25%AB+75

% RCA) 

Mr (kPa) 
(100% 
RCA) 

1  41/36 20/68 86954 94216 158267 166226 193942 

2  62/05 20/68 97783 106139 157162 170953 231087 

3  82/73 20/68 107991 125584 177051 199456 218485 

4  68/94 34/47 114004 119571 199456 212444 249609 

5  103/42 34/47 127051 145499 227870 237657 275346 

6  137/89 34/47 139057 169759 235997 249609 273422 

7  137/90 68/95 160670 167396 281197 319011 359381 

8  206/85 68/95 182313 209487  319011 330389 369600 

9  275/79 68/95 199541 206571 312372 330389 380109 

10  172/37 103/42 189026 193942 342174 344581 407709 

11  206/84 103/42 197754 237657 359381 349445 413465 

12  310/26 103/42 222381 235997 369600 372200 437312 

13  241/32 137/9 222383 258512 410577 416373 475687 

14  275/80 137/9 228491 249609 419302 440388 482402 

15  413/69 137/9 254645 312372 443486 446605 513815 

  

��Z< �<  �U,1Z/�< ��,� ���*����` p��� �� ��!U

?��,*1� X��� V4�7�  ��(GB20)  ���,2�+ ���H

                                                 
20 Granular Base 

 �1�< �+�
 V4�7� aC�W�(RCA) D!!0E ?< ?1!Z<  D�E

 ?�
�+�� �=
�!g �,�  .,��,� ��Bh1� D� ���< ���

�,� 9��� aC�W� �=
�!g ���MEPDG �

Universal �Uzan �NCHRP1-28 �semi-log  �k-θ 
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�<�+�+ D� X���  �+ � ,�,� ��F!4�. ���*����` ���

�,� �� +�B�  ������� �+ D!!0E �<R2  �RMSE  �B>�

�+�+ ?< �,� P���< ���8 �<���� +�B� ���*����` ���

 .	L�U  

�,� �B!���F!4�. ?< �B<�� p��� �=
�!g ���

 V4�7� aC�W� ���,2�+ �1 *�/ ?< ?/BE �< aC�W�

 �1�< �+�
 ��,/ �+2 .	�� �,� �+��` ���� ?�BU ?. 

�� ?hHs�  �+B�^!.�E ���< X��� V4�7� aC�W� ���

?��,*1� ��1�< �+�
 V4�7� � �� �,�semi-log  D���.

 ��,;�R2 ��+ ��+D!1q�� .  �,�k-θ� �+ ,2�+ ���

�Y�< �1 *�/ 1�< �+�
 V4�7� � �L�. 	8+ ����+

�,� 	Z/ ���� �7� �=
�!g ���L�� V4	�! w D��<�1<

 �,�semi-log  �k-θ�,� � ���L� ��!< ���< �F��1� ���

?��,*1� X��� V4�7� �=
�!g  ���H ��RCA 

���  p��� .,1��<?< 	�+ �,�` �,� �B!���F!4�. ��  ���� ��

��  �+ �1�< �+�
 V4�7� � X��� V4�7� ^!.�E ?. ,�+

 �< � �U,� 	W� ���SH �1E �� L� �< +��B� �n.�

�1E �� L� �1E � �L��>�� ���  ���< ���	�� Z/� ��

�+�+ ���� +B
 �� �U,� f��.,�� E�B2�+� ?.  +�B� �+

 �,�NCHRP 1-28  ^�Ak3  ���,;� +��B� �n.� �+

 ?. 	�� 	Fn����� �,1�+  �U,1Z/�< ��,� �� L�

 ���L� �< kBAB� D� .	�� �L��>�� �1E �� L� �< V4�7�

?��,*1� V4�7�  �� ��h��� ��� w+��,� ���,1i {�F=��

��  w,<� ���. ��,� ��,;� �L��>�� �1E �� L� �< +��

 D��<�1< �,�NCHRP 1-28  ���< �F��1� �,�  !�

 ���L� ��!<g?��,*1� V4�7� ^!.�E �=
�!  V4�7� � ��

 �1�< �+�
�.	�!  

 ��,/2- �,� �B!���F!4�. p�����,2�+ �+� L� ���� ?< �=
�!g ��� aC�W� �RCA  V4�7� ?<DGABC.  

^!.�E  
 �,�MEPDG   �,�Universal  

K1 K2  K3  R2  RMSE K1 K2  K3  R2  RMSE 

(100% AB) 102×566/9  506/0  005/0  9996/0  1/905  102×652/9  503/0  004/0  9997/0 2/872  

(75%AB+2
5% RCA) 

103×035/1  486/0  131/0  9626/0  7/11876  103×188/1 458/0  066/0  9621/0 5/11953  

(50%AB+5
0% RCA) 

103×705/1  598/0  293/0 -  9914/0  8/8684  103×350/1 621/0  107/0 -  9923/0 4/8272  

(25%AB+7
5% RCA) 

103×842/1  554/0  263/0-  9845/0  0/11350  103×532/1 562/0  083/0 -  9834/0 8/11757  

(100% 
RCA) 

103×183/2  534/0  275/0 -  9895/0  7/10357  103×751/1 556/0  102/0 -  9926/0 4/8719  

^!.�E  

 �,�NCHRP1-28   �,�Uzan  

K1 K2  K3  R2  RMSE  K1 K2  K3  R2  RMSE 

(100% AB) 103×942/1  334/0  174/0  9980/0  6/2336  102×619/9 503/0  004/0  9997/0 9/881  
(75%AB+25

% RCA) 
103×144/2  305/0  221/0  9631/0  0/11789  103×130/1 459/0  066/0  9621/0 5/11923  

(50%AB+50
% RCA) 

103×486/3  414/0  101/0  9934/0  9/7636  103×464/1 621/0  107/0 -  9923/0 3/8249  

(25%AB+75
% RCA) 

103×574/3  374/0  106/0  9838/0  0/11609  103×630/1 562/0  083/0 -  9834/0 5/11760  

(100% RCA) 103×116/4  372/0  083/0  9949/0  3/7192  103×891/1 556/0  102/0 -  9926/0 6/8717  

^!.�E  

 �,�semi-log   �,�k-θ  

K1 K2  K3  R2  RMSE K1 K2  K3  R2  RMSE 

(100% AB) 102×880/8 741/1  177/1  9090/0 4/15577  104×702/9  507/0 -  9997/0 9/895  
(75%AB+25

% RCA) 
102×694/9 730/1  205/1  9185/0 6/17536  105×068/1  520/0 -  9608/0 8/12143  

(50%AB+50
% RCA) 

103×520/1 944/1  108/1  9292/0 7/24967  105×661/1  522/0 -  9771/0 0/14239  

(25%AB+75
% RCA) 

103×662/1 839/1  105/1  9193/0 3/25939  105×802/1  486/0 -  9707/0 9/15602  

(100% RCA) 103×964/1 815/1  092/1  9371/0 6/25333  105×132/2  463/0 -  9766/0 5/15479  
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 �,� ?. 	��+ ?/BE ,�<Uzan L �< �+B< �<��< m�

�1E ?�� ��� ?F��/9<�8  �+�T���  �	��E�B2�+�   ?.

 �,�Universal �1E �+B< �<��<�� m�L �< ?�� ���  ?F��/

9<�8  �+�T���  ����< p��� .	��f�S�� �,� �� ����  ,�+

 �,� �+ ?.Universal  �MEPDG  �	8+ ��U,+ ��

�,� d!;>E �+ .,1��� �F��1� ����A�H� �,� 

Universal ?< ��B1�  X��� V4�7� ^!.�E �=
�!g �,�

?��,*1� �1�< �+�
 V4�7� � ���+�T���+�B�  .	L�U ���8 

4- ���+�/ �&'��� 0�	�1  

?< �d!;>E D� �+ �!bcE �+,� �<���� �Bh1�

 �< �1�< �+�
 V4�7� ���H X��� V4�7� �� �+�T���

������ +�-C��f�� �� ��4�T�` ���  �� L�NonPAS 

����+�T  �,�  �+ .	�� D�?����<�  �=
�!g �,� 	T��� 

?C�/ MEPDG �Universal �NCHRP 1-28 �Uzan �

semi-log  � k-θ�+�!� �,� ���� �?����< D� �+ .,�� p��� 

? SE 9!C>E� ������� �� ?C�/ �1E���. ����� � 

	L� �+ �� !
� ?� 	Z/ ��C2� �1E��� ����< �1E � ��

���.��� ��C2� �n.�,H �1E ����< �1E  � ���<

���< ���. 	�� � �Z/� �n.�,H �1E �;L� �+ ��;� 

M��� aC�W� ?F��>� �� ,�+�U]25[.  

       +�B�� ?�Y ���Zi ������� j�=;� ��� d�!;>E D� �+ 

 ����<���8 ?�L�U  .	�� 	4�T�` ?Y ?�<  @�B�2   ����SE��

������ � X����� V4���7� ����=
 X�?��< @�B��2  �����SE��

  �,��) �=
�!gUniversal(    ?�< ����< V4��7� �  @�B�2

   �,���) ���=
�!g �����SE��Bilinear( m���L  .,�,���

��������� � @�7W��� Y aC�W� V4�7�?  ����  ������� 

C>E 	Z/ �!9 g! �=
��   f��� [��BE  �� �L� NonPAS  �+

��,��/ 3 <��!��  �,��� .	���� � �+��D ;>E��!�d ����� ��p 

���`��*���� l�����  �  ����� �+ ������-��2009 �����< �

�,� ���� g!=
�� ?��,*1� X����� V4�7�  �+�T���� �� 

 	�� �,� ]26[    U,�1Z/�< ��,�� �� �B�h1� D�� ���< .� 

 V4�7�SB-4 �+�T��� d!;>E �`  	�� �,�.   j�=;� ��

+�B� ���< 9-� �+ �1  �����+�+  �,�    f�,�.�� �+ .	��

    � 	�!08B� � M���� ���;� 	�!08B� �jG�;� ��   �1�E ���;

 �����+�+  �,� .	��    ������� jG��;� D� 9!C>E ���<

 �+f�� �� L� NonPAS�      �+ ��� ���i ��< +��T1� �B�>� ��

?� ?=;�   ��� ���i 92�L,H � ��i ?F4 ���i  .�� M���

  �B�� ����+ �1E }s2� � ?Y [�� �1E ?=;� d�G ��-

.,� �+�T��� ^�4B.  �<��< ��i �� t�G �� +��� �:�8 �1E

�< kPa 586 �< �<��< ��i �� X��E k�0� � mm 22/104 

.,� ?�L�U �h� �+   �� ���� D!��WE 	Z/   jG��;� �� 5�

 5!���!��-� P�� ?< m��T� ������-    �n.�,�H ���<�SE

        � 	4�T��` e�Y D!��� ���E ��;L� ����. ����. ��,;�

.,� ?F��>� ���< l�
 ��� ����L ���. �n.�,H  

 ��,/3- ?Y V4�7� @�7W�������� aC�W� ���  

Φ (º)  K0  
 ^�A

) �B��B�ν(  
�4�*i 

(kN/m3)  
V4�7� ���L�   	��WA

(cm)  
?Y��  

- - 3/0 195/21 

�=
 ���SE��  5  

10  

51  

20  

	4�T�` 
M r (kPa) 

610×1/3  

40 357/0 35/0 61/19 

Universal�,� :�=
�!g ���SE��  

10  

15  

20  

X���  

k3 k2  )(kPa1 k  ^!.�E  

004/0  503/0  102×652/9 0 % RCA 

066/0  458/0  103×188/1 25 % RCA 
107/0 -  621/0  103×350/1 50 % RCA 
083/0 -  562/0  103×532/1 75 % RCA 

102/0 -  556/0  103×751/1 100 % RCA 
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 ��,/3- ?��+�  

28 6/0 35/0 61/19 

Universal�,� :�=
�!g ���SE��  15  

20  

30  

40  

X����� 
k3 k2  )(kPa1 k  ^!.�E  

121/0 -  620/0  35/787  A-1-a 
(GW) 

20 717/0 45/0 84/18 

Bilinear�,� :�=
�!g ���SE��  

-  ���<  

  ���< kB� ?� �� ���� ?<78/42K2=  �1110K3=  �

178K4= .	��  
)(kPa1 k   ��,� ���< l�
 kB� 

6895  13800 f�� �C!
 X�  

20822  20684 f�� X�  

52952  48263 [�B�� X�  

  *�+           

23�4+5

R=104.22 mm
P=586 kPa

 *�+�,�
       

 ��6%
             

10
0 

m
m

10
0 

m
m

22
5 

m
m

32
5 

m
m

  

  *�+           

23�4+5

R=104.22 mm
P=586 kPa

 *�+�,�
       

 ��6%
             

15
0 

m
m

17
5 

m
m

35
0 

m
m

47
5 

m
m

  
 ��� ������ j=;� (a4�)(AC5-B10-SB15).  f�+ ������ j=;� (x)(AC10-B15-SB20). 

  *�+           

23�4+5

R=104.22 mm
P=586 kPa

 *�+�,�
       

 ��6%
             

20
0 

m
m

20
0 

m
m

45
0 

m
m

62
5 

m
m

  

  *�+           

23�4+5

R=104.22 mm
P=586 kPa

 *�+�,�
       

 ��6%
             

51
0 

m
m

22
5 

m
m

40
0 

m
m

52
5 

m
m

  
 fB� ������ j=;� (�)(AC10-B20-SB30).  f��Zi ������ j=;� (@)(AC15-B15-SB20). 

  *�+           

23�4+5

R=104.22 mm
P=586 kPa

 *�+�,�
       

 ��6%
             

20
0 

m
m

25
0 

m
m

55
0 

m
m

77
5 

m
m

  

  *�+           

23�4+5

R=104.22 mm
P=586 kPa

 *�+�,�
       

 ��6%
             

20
0 

m
m

30
0 

m
m

60
0 

m
m

82
5 

m
m

  
 �S1� ������ j=;� (�)(AC15-B20-SB40).  ��� ������ j=;� (�)(AC20-B20-SB40). 

 9-�1 - ����< +�B� ������ j=;� ��  

�T�` B�!���� �<�SE [<��� �� ��� 9,FE ���< 	4

���. �+�;�  � �*��
 ��S� �BF� +�,0E ?< ����>< ���

��Z< �U,���!�  ��!< ?��+� �+ [<��� D� .,� ��!U

�,+�U.,�� �+ P�� �!���� �H��GB 	4�T�` � �BF� +�,0E

�*��
 l�E �� ��!UBC/ ���< ��S� )Nf ?��<�� ( ?<

	4�T�` ?Y D!�� ��E �+ ���. ���. )tε ( � ��,�

	4�T�` ?Y ���SE�� )E1 (^�H�< kPa  .	�� ?4+�0�

�!� 	Z/ 	4�T�` B�!���� �<��
  ��8 �*��
 ��� �1!<
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 ��4�T�` D�<?< @�B2  	�� ��]27[ :  

)12             (      3 291 0 854
10 414 . .

f tN . ( ) ( E )ε − −=  

 D!1q���+ P��  B�!���� �H��G  �	4�T��`  +�,�0E

 �� ��!UB��C/ �����< ����S� �B��F��U,�����!� �����< )Nd (

) ���< l�
 ��� �:�8 ����L ���. ?< ?��<��cε  .	��� (

<��
 ?4+�0��     �!�� 	�Z/ 	4�T��` B�!�����    ���� ��1!<

������ �U,���!� ?< @�B2  	�� ��]28[.   

)13(                  9 4 4771 365 10 .
d cN . ( )ε− −= ×  

5 -  �%�,�/8�6' �9
�,�/ �  /� ��3�4+5

���% ���' :3�;� �% ���+�/  

E�!bc  �1�< �+�
 V4�7� aC�W� ���,2�+ �+� L�

?��,*1� X��� V4�7� ?< �< �� ��� ��� �� L�  �*��


�+ ��4�T�` e��  9-�2  �����+�+  �,� .	��  ?�B*����

�� �,����+�B� �0=;� ?i ?-1� ?< ?/BE ��,< +B� 

,2�+ �� L� �< ���< kB� ?� �� �+ �	�� �h�  V4�7�

*��
 ��� ��1�< �+�
?�� � �� L� ��4�T�`   ?�L�

.	��  

    
AC5-B10-SB15  (a4�)j=;�  AC10-B15-SB20  (x)j=;�  

    
AC10-B20-SB30  (�)j=;�  AC15-B15-SB20  (@)j=;�  

    
AC15-B20-SB40  (�)j=;�  AC20-B20-SB40  (�)j=;�  

 9-�2 -  V4�7� ?< �1�< �+�
 V4�7� aC�W� ���,2�+ �+B�� ?L�A� �!bcE?��,*1� X������4�T�` ?�� �*��
 ��� ��� �< �  

?�� �*��
 ��� �� L� ,2�+  ?< �B<�� ��4�T�`

 ?< ���< kB� ?� ����� V4�7� aC�W� ���,2�+ �+� L� �

?��,*1� X��� V4�7� ?< �1�< �+�
 ��,/ �+ ��4  �+��`

.	�� �,� ��,/ ?< ?/BE �< ������ jG�;� ?!C. �+ �

+�B�  �����<�+�T��� �� �T2  �E100% V4�7�  �1�< �+�


 ?<��� 98�,H ������< ?!C. �6/61 �n.�,H � %5/198 %
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 ��� �� L� ^/B�?�� �*��
 �� ��4�T�` .+B�

 j=;� +�B� �+ �!bcE 98�,HAC20-B20-SB40  �

 j=;� +�B� �+ �!bcE �n.�,HAC5-B10-SB15  �< .	��

/�< ��,� ��1�< �+�
 V4�7� ,2�+ �� L� �U,1Z

?��,*1� X��� � �1�< �+�
 V4�7� ^!.�E  �� L� ��

�� y��< X��� V4�7� �U,1Z/�< ��,� �� L� .,<�

�� 	4�T�` ?Y ���SE�� ��,� 	F�� ?. +B� )E1(  ?<

) X��� ?Y ���SE�� ��,�E2 .,<� ���. (�� ?.�S�` 

 	F�� �< 	4�T�` ?Y D!�� ��E ���. ���.E1  ?<E2 

!;��� ?=<���+ �+��+ �  	F�� ���. �< ?S!��E1  ?<E2 �

�� ���. 	4�T�` ?Y D!�� ��E ���. ���.�+ � ,<� 

 ��� �� L� ?< �S1� 	�Z�?�� �*��
  ��4�T�`

�� .++�U �+  j=;�AC5-B10-SB15 ��<��< 	!L�u �

 ��� ��� �< �!bcE D���!< � 	�� D!�� ��!�< ������

?�� �*��
  ��4�T�`�� L� �<  �1�< �+�
 V4�7� ,2�+

 j=;� D� �+��  �+�+ .	��  

 ��,/4-  ?��;� ��� �� L� ,2�+?�� �*��
 ��4�T�`  ?<����  aC�W� ���,2�+ �� L�RCA.  

������ jG�;�  
?��,*1� X��� ?Y �+ �1�< �+�
 V4�7� �� L� ,2�+��  

�T2  ?<25%  �T2  ?<50%  �T2  ?<75%  �T2  ?<100%  

AC5-B10-SB15  8/12  �4�9/12%  6/75  �4�0/97%  6/96  �4�9/118%  5/154  �4�5/198%  

AC10-B15-SB20  7/7  �4�2/17%  0/57  �4�3/63%  1/78  �4�5/89%  6/114  �4�8/127%  

AC10-B20-SB30  7/8  �4�0/9%  0/70  �4�0/73%  5/90  �4�1/94%  4/135  �4�0/140%  

AC15-B15-SB20  3/0-  �4�1/5%  0/32  �4�5/38%  3/43  �4�1/50%  0/65  �4�6/72%  

AC15-B20-SB40  0/7  �4�8/11%  1/52  �4�6/54%  0/67  �4�2/70%  5/96  �4�0/101%  

AC20-B20-SB40  0/4  �4�3/4%  2/25  �4�2/33%  8/42  �4�6/43%  6/61  �4�7/62%  

  

?<   	4�T�` ?Y 	��WA �� L� �!bcE ����< �Bh1�

 ��� �� L� ��� �<�*��
 ?�� ���4�T�`  �+ ?��;� ��

 j=;�AC10-B15-SB20 � AC15-B15-SB20  �

j=;� �+ D!1q�� AC15-B20-SB40  �AC20-B20-

SB40 ���� .,� �+�T��� �� ?hHs� ?. ?�BU �+ �+B�

 �< +�B� �+ �� X����� � X��� ?Y 	��WA �,��� 	<�b

��� ,2�+ ���. �	4�T�` ?Y 	��WA �� L� � 

?�� �*��
 ��4�T�`  �1�< V4�7� �1 *�/ �b� �+

?��,*1� V4�7� �< ��L���<  �0!FG ���� �,���� .++�U

 ����1E @,� �,��< ���. 	4�T�` 	��WA ?i�� ���

D!�� ?Y ?< ?.�� �E.	�� ���. ,��  

?<  � X��� ?Y 	��WA �� L� �!bcE ����< �Bh1�

 ��� �� L� ��� �< X�����?�� �*��
 �`��4�T     ��

 j=;� �+ ?��;�AC10-B15-SB20 � AC10-B20-

SB30 j=;� �+ D!1q�� � AC15-B15-SB20  �

AC15-B20-SB40 ���� .,� �+�T���  ?hHs� ?. ?�BU

�� �< +�B� �+ �� �+ �+B� ?Y 	��WA �,��� 	<�b

?Y 	��WA �� L� � 	4�T�` �X����� � X��� ���

��� ,2�+ �� L� e�� �*��
 ��4�T�`  �,����

�� .++�U  

+�B� jG�;� ?!C. �+  ?=<�� ���< kB� �����<

 ��� �� L� �< ��!;���?�� �*��
 ��4�T�`  �b� �+

?< .+��,� �1�< �+�
 V4�7� �� �+�T��� ��B1�   ���n� �n.�,H

 ��� �� L� ,2�+��4�T�` e�� �*��
  �+� L� �<�T2 

 �E100 ,2�+ V4�7� �1�< �+�
  j=;� �+AC10-B20-

SB30  ?<����  f�� �C!
 ���<0/140 �% j=;� �+

AC15-B15-SB20  ?<����  f�� ���<6/72 � % j=;� �+

AC10-B15-SB20  ?<����  [�B�� ���<8/127 %

�� ,��<���� .  ��,/ �+ ?. ?�BU4 �� ?hHs� �++�U

 ��� �� L� ,2�+?�� �*��
 ��4�T�`  �� ?< �B<��

 ?< ���< kB� ?����� L� V4�7� aC�W� ���,2�+ �+� 

?< .	�� 5+ � �*,- ?< ��!�< ��1�< �+�
 ��B1�   ���n�

 j=;� �+AC10-B15-SB20  ��� �� L� ,2�+

��4�T�` e�� �*��
  ?<����  �+� L��T2  �E100 %
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 �+ �1�< �+�
 V4�7� �� [�B�� ���< �E f�� �C!
 ���<

6/114  ?<8/127 j=;� �+ D!1q�� � %AC10-B20-

SB30  ��4/135  ?<0/140% �� L�   D��<�1< .	�� ?�L�

 ��� �� L� ��� �< ���< kB� �!bcE?�� �*��
 

��4�T�`.	�!� +BZ�� ��,1i �  

6 -  �%�,�/��6% ���=/��=  �% ���+�/ /�

���% ���' :3�;�  

�!bcE  �1�< �+�
 V4�7� aC�W� ���,2�+ �+� L�

?��,*1� X��� V4�7� ?< �< �� ��� � L���� � 

���< �U,���!� �+  9-�3  �����+�+  �,� .	�� 

�� �,���� ?. ?�B*���� �U,���!� ��� @��!!oE �+B�

.	�� @��T�� �1�< �+�
 V4�7� ,2�+ �� L� �< ���<  

 �� ?< �B<�� ���< �U,���!� ��� �� L� ,2�+

 ?< ���< kB� ?���� V4�7� aC�W� ���,2�+ �+� L� �

��� V4�7� ?< �1�< �+�
?��,*1� X ��,/ �+ ��5  �+��`

.	�� �,�  

    
AC5-B10-SB15  (a4�)j=;�  AC10-B15-SB20  (x) j=;�  

    
AC10-B20-SB30  (�)j=;�  AC15-B15-SB20  (@)j=;�  

    
AC15-B20-SB40  (�)j=;�  AC20-B20-SB40  (�)j=;�  

 9-�3 - 7� ?< �1�< �+�
 V4�7� aC�W� ���,2�+ �+B�� ?L�A� �!bcE?��,*1� X��� V4� ��� ��� �< �����< �U,���!�  

������ ?hHs� ?. ?�BU jG�;� ?!C. �+ �++�U

+�B� ������  �����<�+�T��� �� �T2  �E100 ,2�+ 

V4�7�  ?< �1�< �+�
��� 98�,H ������< ?!C. �6/22 - � %

 �n.�,H4/88�� ���< �U,���!� ��� �� L� ^/B� %-

 .+B�+ �� L� �< D!1q�� ���. ��1�< �+�
 V4�7� ,2�

 ���< �U,1Z/�< ��,� � ���. ���< l�
 ��� ����L

�� �� L��+ � ,<�  ��� �� L� ?< �S1� ?S!��

�� �1�< �+�
 V4�7� ,2�+ �� L� �< ���< �U,���!�-
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.+B�  

?<  	4�T�` ?Y 	��WA �� L� �!bcE ����< �Bh1�

��� V4�7� ���< �U,���!� ��� �� L� ��� �< ���H X

 j=;� �+ ?��;� �� �1�< �+�
 V4�7� aC�W� ���,2�+

AC10-B15-SB20 � AC15-B15-SB20  D!1q�� �

j=;� �+ AC15-B20-SB40  �AC20-B20-SB40 

���� .,� �+�T��� �� ?hHs� ?. ?�BU �+ �� �+ �+B�

 �< +�B� � X����� � X��� ?Y 	��WA �,��� 	<�b

�. �	4�T�` ?Y 	��WA �� L� ��� ,2�+ ��

�� �,���� ���< �U,���!�.++�U  

 ��,/5-  ?��;� ?< ���< �U,���!� ��� �� L� ,2�+��� aC�W� ���,2�+ �� L� �RCA.  

������ jG�;�  
?��,*1� X��� ?Y �+ �1�< �+�
 V4�7� �� L� ,2�+��  

�T2  ?<25%  �T2  ?<50%  �T2  ?<75%  �T2  ?<100%  

AC5-B10-SB15  9/23- 4� �3/22-%  5/4-  �4�7/0%  7/0-  �4�8/6%  1/8  �4�2/28%  

AC10-B15-SB20  1/34-  �4�7/32-%  4/21-  �4�2/15-%  7/11-  �4�5/5-%  2/0-  �4�9/8%  

AC10-B20-SB30  4/27-  �4�7/5%  7/2  �4�1/46%  4/12  �4�5/59%  6/32  �4�4/88%  

AC15-B15-SB20  7/34-  �4�1/33-%  5/30-  �4�6/28-%  0/28-  �4�6/25-%  6/22-  �4�3/19-%  

AC15-B20-SB40  2/2  �4�1/6%  0/23  �4�7/32%  5/30  �4�8/42%  3/45  �4�8/62%  

AC20-B20-SB40  3/0-  �4�4/0%  9/3  �4�7/11%  2/10  �4�1/17%  1/18  �4�6/27%  

  

?<  � X��� ?Y 	��WA �� L� �!bcE ����< �Bh1�

��!� ��� �� L� ��� �< X����� ?��;� �� ���< �U,�

 j=;� �+AC10-B15-SB20 � AC10-B20-SB30  �

j=;� �+ D!1q�� AC15-B15-SB20  �AC15-B20-

SB40 ���� .,� �+�T��� �� ?hHs� ?. ?�BU �+ �+B�

 �< +�B� �+ �� �� L� � 	4�T�` ?Y 	��WA �,��� 	<�b

?Y 	��WA ��� ,2�+ �� L� �X����� � X��� ���

 �U,���!��� �,���� ���<.++�U  

����  ��,/ �+ ?. ?�BU5 �� ?hHs� ,2�+ �++�U

 ���< kB� ?� �� ?< �B<�� ���< �U,���!� ��� �� L�

 ?<��� ?< ��1�< �+�
 V4�7� aC�W� ���,2�+ �+� L� �

 5+ � �*,-	�!�?< . ��B1�   j=;� �+ ���n�AC10-

B20-SB30  ?< ���< �U,���!� ��� �� L� ,2�+��� �

 �+� L�100 �E f�� �C!
 ���< �+ �1�< �+�
 V4�7� %

 �� [�B�� ���<6/32 ?< %4/88 ��� D!1q�� .	�� %

 ���H X��� V4�7� �� �+�T��� @�B2 �+ ������100 %

 j=;� �+ �1�< �+�
 V4�7�AC15-B20-SB40  ��

3/45  ?<8/62 j=;� �+ � %AC20-B20-SB40  ��1/18 

 ?<6/27�� L� %  .	�� ?�L�  �< ���< kB� �!bcE D��<�1<

  :�H � @��T�� ����< �U,���!� ��� �� L� ���

.	�� 	!���  

�� ?hHs� D!1q��  ��� �� L� ,2�+ ?. ++�U

+�B� ������ jG�;� �� ���- �+ ���< �U,���!� 

 ?< ����<��� �+�
 V4�7� aC�W� ���,2�+ �+� L� �

?< .	�� �,� �T1� �1�< ��B1�  j=;� �+ ���n� AC15-

B15-SB20  ?< ���< �U,���!� ��� �� L� ,2�+��� �

 �+� L��T2  �E100�+ �1�< �+�
 V4�7� %  �C!
 ���<

�� [�B�� ���< �E f�� 6/22 -  ?<3/19 -�� L� %   ?�L�

 ����L ���. ?. 	�� 9!4+ D� ?< kBAB� D� .	��

 .	�� ���< l�
 �U,1Z/�< ��,� j<�E ���< l�
 ���

���*1�Y ?.? 	W� ���8BL ��� �� �E ���< l�
 �,�B�

�� ?<�SE �� ����. �1E �+ � ,1.  ��,� ?S!��

�	�� �1E j<�E � �=
�!g ?. ���< ?Y �U,1Z/�<  

�� ���. .,<�   

7-  ?	�@� ��(�A/� ���B� ��CD1 �%�,�/

RCA ���+�/ �	� �9
 �%  

��-�!��  �� ��,;� D���. ?< ?/BE �< ^4�g �<��
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 ��� D!< ��� � 	4�T�` ?Y ��4�T�` e�� �*��

 V4�7� �+� L� �� 9F8 ������ ���< ?Y ���< �U,���!�

 V4�7� aC�W� ���,2�+ �+� L� �� ,0< � �1�< �+�


?��,*1� X��� V4�7� ?< �1�< �+�
 ��� ���< �+ ��

[�B�� � f�� �f�� �C!
 ,/ �+ ��6 .	�� �,� �+��`   

��,/ 6-  ^4�g �<��
 ��!��-�aC�W� ��� ������< �+  

������ jG�;� 

��+� L� AC20-
B20-SB40 

AC15-
B20-SB40 

AC15-
B15-SB20 

AC10-
B20-SB30 

AC10-
B15-SB20 

AC5-B10-
SB15  ����<��-�!�� 

^4�g �<��
 
f�� �C!
 ��� ���< 

FATIGUE FATIGUE RUTTING FATIGUE RUTTING RUTTING kB�  
0 % RCA 

2176576 686482 680748 252617 78082 1266 N  
2262916 767747 448214 275255 51867 964 N 

25 % RCA 
4 12 34- 9 34- 24- �� L� % 

2898176 1061455 486345 436982 68468 1227 N 
50 % RCA 

33 55 29- 73 12- 3-  �� L� % 

3126148 1168386 506589 490404 73802 1303 N 
75 % RCA 

44 70 26- 94 5- 3 % �� L� 

3541020 1379537 549391 606374 84994 1623 N  
100 % RCA 

63 101 19- 140 9 28 �� L� %  

f�� ��� ���<      

FATIGUE  FATIGUE  FATIGUE  FATIGUE  RUTTING  RUTTING  kB�  
0 % RCA 

2356590  745820  775668  269296  181281  2961  N  

2453681  831383  815560  293451  119532  2290  N  
25 % RCA 

4  11  5  9  34-  23-  �� L� %  

3128663  1144355  1074448  461163  153788  2981  N  
50 % RCA 

33  53  39  71  15-  1  �� L� %  

3372419  1258040  1164373  516381  164719  3163  N  
75 % RCA 

43  69  50  92  9-  7  �� L� %  

3818496  1483673  1338823  637342  188510  3534  N  
100 % RCA 

62  99  73  137  4  19  �� L� %  

[�B�� ��� ���<      

FATIGUE  FATIGUE  FATIGUE  FATIGUE  FATIGUE  RUTTING  kB�  
0 % RCA 

2627056  836821  866643  259817  263935  25105  N  

2741132  895037  876276  282391  309219  19500  N  
25 % RCA 

4  7  1  9  17  22-  �� L� %  

3288288  1272512  1175136  441731  414490  23979  N  
50 % RCA 

25  52  36  70  57  4-  �� L� %  

3750499  1397091  1269752  494841  500163  24932  N  
75 % RCA 

43  67  47  90  90  1-  �� L� %  

4246524  1644095  1455161  611670  601141  27138  N  
100 % RCA 

62  96  68  135  128  8  �� L� %  
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����,/ �+ ?. ?�BU ��6 �� ?hHs� �< �+B�

 jG�;� �+ ���< l�
 	���;� �� L�AC10-B15-

SB20  �AC15-B15-SB20 ��-�!��  �� �<��


���< �U,���!�  ?<?�� �*��
 ��4�T�` oE!!� ?�L� 

 ��� .	��?�� �*��
 ��4�T�`  ?<����  �+� L�

 X��� V4�7� ?< �1�< �+�
 V4�7� aC�W� ���,2�+

?��,*1�� �� L� �< �����< l�
 	���; �� �� L�.,<�  

��i @�B2 �+ �f�� �C!
 ��� ���< �+  �� ��B�

 j=;�AC5-B10-SB15 �AC10-B15-SB20  �

AC15-B15-SB20 ��  �+� L� ?. +�. ��!< D!1i ��BE

25 ?< �1�< �+�
 V4�7� ,2�+ ?��,*1� X��� V4�7���  �

 +�,H �� !� ?< �� ������ �C. ���4 -12  �� L� ,2�+

��  ���,2�+ ���< �C. ��� �� L� ,2�+ D� .,�+50 �

75  �100  +�,H �+ ^!E�E ?< �1�< �+�
 V4�7� ,2�+

33-73  �,2�+44-94  � ,2�+63-140 .	�� ,2�+  

��i @�B2 �+ �f�� ��� ���< �+  �� ��B� j=;�

AC5-B10-SB15  �AC10-B15-SB20 ��  ��BE

 �+� L� ?. +�. ��!< D!1i25 +�
 V4�7� ,2�+ �1�< �

?< ?��,*1� X��� V4�7���  ?< �� ������ �C. ��� �

+�,H �� !� 4 -11 �� �� L� ,2�+  ,2�+ D� .,�+

 ���,2�+ ���< �C. ��� �� L�50 �75  �100  ,2�+

 +�,H �+ ^!E�E ?< �1�< �+�
 V4�7�33-71  �,2�+

43-92  � ,2�+62-137 .	�� ,2�+  

��i @�B2 �+ �[�B�� ��� ���< �+ ��B�  ��

 j=;�AC5-B10-SB15�� �  ?. +�. ��!< D!1i ��BE

 �+� L�25 ?< �1�< �+�
 V4�7� ,2�+  X��� V4�7�

?��,*1���  +�,H �� !� ?< �� ������ �C. ��� �1 -17 

�� �� L� ,2�+  ���< �C. ��� �� L� ,2�+ D� .,�+

 ���,2�+50 �75  �100  ?< �1�< �+�
 V4�7� ,2�+

 +�,H �+ ^!E�E25-70  �,2�+43 -90  � ,2�+62-

135 	�� ,2�+.  

�< +B/� �?-1  jG�;� �+AC10-B15-SB20 � 

AC15-B15-SB20� ?Y 	��WA +�� ������ ���

 �	����-�!��  �f�� �C!
 ��� ���< �+ ^4�g �<��


���< �U,���!�  V4�7� �+� L� �	4�H D� �+ � 	��

?��,*1� X��� V4�7� ?< �1�< �+�
 �� �� �< ,��BE y�

 ���. ������< �U,���!� +B� .  

 �+�� kB�S�  V4�7� �� �+�T��� �!bcE ?. ,+ ��BE

 �C!
 ��� ���< �+ X����� � X��� ?Y �+ �1�< �+�


	��WA �+ f�� �Y�< ���20 ����� X��� ?Y ���< ���

	��WA � �Y�< ���30 ����� X����� ?Y ���< ���

 	Fn� 	��V4�7� �� �+�T��� �  �1�< �+�
	�� ��S� .

	��WA �+ �[�B�� ��� ���< �+ D!1q�� �Y�< ���

15 �����	��WA �X��� ?Y ���< ��� �Y�< ���20 

�����	��WA D!1q�� � X����� ?Y ���< ��� ���

 �Y�<15 ����� 	4�T�` ?Y ���< ����  V4�7� �� �+�T���

 ��L���< �1�<	�� ��S����< �+ �E��F� ?< . �	W� ���

D�L�U �h� �+ ?< ��!�   	��WA �h� �� r�
 @�hHs�

?Y  ��L���< �1�< V4�7� �� �+�T��� 	Z/ ������ ���

�!	� .4�H�+� ?.  ����< ,�< �a!0A ��� ������< �+

 �T1� �!bcE y��< �1�< �+�
 V4�7� �� �+�T��� �` ?. +B�

 ��� ��� �<���< �U,���!� �� .�!
 � +B�  

8- ���F� ����  

+�B� ������ jG�;� ?!C. �+  �����<�+�T��� �� 

�T2  �E100% V4�7�  ?< �1�< �+�
����  ������< ?!C.

 +�,H6/61  �E5/198 ��� �� L� ^/B� %?�� �*��
 

��4�T�`  +�,H �6/22-  �E4/88 ��� �!!oE ^/B� %

���< �U,���!� ��.+B�  

� �� L� ,2�+ �	4�T�` ?Y 	��WA �� L� �< ��

���< �U,���!�  ��� ���4�T�` e�� �*��
  �� ����

�� ���. X��� ��8 �+ �1�< �+�
 V4�7� �+� L� .,<�  

 �+� L� �<�T2  �E100% V4�7�  �n.�,H ��1�< �+�


 ��� �� L� ,2�+?�� �*��
 ��4�T�`  j=;� �+

AC10-B20-SB30 �B<��  �< �<��< � f�� �C!
 ���< ?<

0/140 �% j=;� �+AC15-B15-SB20  ���< ?< �B<��
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 �< �<��< � f��6/72 � % j=;� �+AC10-B15-SB20 

 �< �<��< � [�B�� ���< ?< �B<��8/127 %	�� D!1q�� .

 ��� �� L� ,2�+ �n.�,H���< �U,���!�  j=;� �+

AC10-B20-SB30  �< �<��< � [�B�� ���< ?< �B<��

4/88 �% j=;� �+AC15-B20-SB40  ���< ?< �B<��

�C!
  �< �<��< � f��8/62 � % j=;� �+AC20-B20-

SB40  �< �<��< � f�� �C!
 ���< ?< �B<��6/27 %	�� .

�� ���� kBAB� D� �,�+ �< ��!;��� ?=<�� ���< kB�

 ��� �� L���4�T�` e�� �*��
  ��� � �U,���!�

���<  .+��,� �1�< �+�
 V4�7� �� �+�T��� �b� �+    

 j=;� �+AC10-B20-SB30  ��� �� L� ,2�+

��4�T�` e�� �*��
  ?<����  �+� L��T2  �E100 %

 �� [�B�� ���< �E f�� �C!
 ���< �+ �1�< �+�
 V4�7�

6/114  ?<8/127 ��� �� L� ,2�+ � %���< �U,���!� 

 ��6/32  ?<4/88�� L� %   ���� kBAB� D� .	�� ?�L�

�� ��� �� L� ��� �< ���< kB� �,�+e�� �*��
 

��4�T�`  ��� ��� �< ��� +��,� ���,1i �!bcE �U,���!�

���<.+��+ ��!���  :�H � @��T�� �!bcE �  

�< V4�7� �� �+�T��� ��=
�!g 9!C>E p��� X���

 �C!
 ��� ���< �+ X����� � X��� ?Y �+ �1�< �+�


	��WA �+ �f�� �Y�< ���20 ����� X��� ?Y ���< ���

	��WA � �Y�< ���30 ����� X����� ?Y ���< ���

 ��S�	�� X��� V4�7� �� �+�T��� @�B2 D� �!g �+ .

�� 	4�T�` �+�
 ���H  ��� ���. ^F� ,��BE

���< �U,���!�  V4�7� �� �+�T��� �X��� D!�� �< .+B�

	��WA �+ �[�B�� ��� ���< �+ �1�< �+�
 �Y�< ���

15 �����	��WA �X��� ?Y ���< ����< ��� �Y20 

�����	��WA D!1q�� � X����� ?Y ���< ��� ���
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 ��� ��� �+Q� 7��7 .�� �) �n-�!= aQ� �����  ��7 	HF

1��
� ���)� � b��H��)�� 	�� ]22[. ���1�����  �n�

                                                 
7 Fang 
8 Zhang 


`F!� ��7� �� �7 ��� �9��� ��8�7 � Do�EF� g�: �� 

N-[ ��� =�-? G7�) � 4F ���)��� )�8 =_5�J�+�. 

��� t��l ��)��0�7 �7�  �� GL�.<!k0 =��� AISC-

LRFD �K�=� �� +�-� �[ Do)�_� � 1< �!)�YQ� 

�� +�-� ]23[.  ��� �) ��)�M � �,B�2020  	�,�

��7� �;5�M  D�HaL �)	��? ��,�-[�  	HF �+�

��V?��7� 8�F!; .+�)�8 ����7 �� ����l =7 	�)   �+�0

� ����� +�) ��7 =8� ��V?��7� 8�F!;��  	�,� D�HaL

�!��+; ��,�� V�� QX �) �QF 	5�. � 	��!< F�HaL� 

8�F!;� �QF �� ��� ��8� ��7 �� � =8 	��!��   �0

��� �7 f��Q��= ��V?��7� ��� .	��l ��7� L-F!A  ���>�

�? D�HaL!1�C�  N�7�;5�M QX �)!< )��-�� �a����) 

�� �Y� �) .)-��	 ��7� �CF =k���!< ��Y7�  	���K� ��

��7� �;5�M �-[ Do�EF� �)� ��V?��7 	HF� 8�F!;�� 

+[ =5)�_�+� �!)�YQ� 	�� �+� ]24[ .+7���<  +�H�

���,�� �� 
`F D��n�!� ��7�  �) �����)��� ���  N-[

 �) �� �) �+� �)�)\��  <�>�? �@� �) �7 ��-H� ���7

 ��+7 �-: � �	��C6 =HaL 	��C6 ���EF� �-: ���EF

 �) ��EF�4F I:�K�  �G7�)  �) �� �) �+� �)�) N-[

\�� ��� .)�) ���M =_5�J� )�-�l  WF= BHF �!G ��� 

)+��  Do�EF� �) =8 )�) ����4F I:�K� �7 �-: D��n� �

 ���EF�7��-H� ���  =HaL 	��C6 � ��EF�	��? 

y-�H� �F 5�. �) �	���  Do�EF� �) =8G7�) I:�K� �7 

�
0< 
 �������!B� � �Y�!	� ]25[.  

� �)<  =5�K�4 ������� =_5�J�� �+� �7 ��� 

O�� �) �+� ����5+� )�+H� �� [� y-8�70 �� >�  O�W��

: =8 +�!A ��!_�  � ��EF� �-: +Q��� ��������� �� ���7

��-H�  � =HaL  8�� �� <!Qm�� N-[ ���+�� �n� ���

=[� �) g�: �� ��EF� �7 �:-M � =��F I:�K�  ��-� ��

�� +�)�Y� �) .�	 ��� =7 =[-F �7l )+���  D�@./�

.��:� ��7� F_!!< �8!	 n`F!� 
`F!� ��7�  �7	���K� 

��8� ��9�� ��8� �!)�YQ� .+� 

2- ( )*�����	���+ ,*! �,-� ..��  
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 �)0!< =��� -05 AISC360-LRFD ]18 [ =k��� )-� =�

:	�� �+�  

A5� -B�F )-�!� B8� IJK�9:  

)2(  0.9n g yT A Fϕ =
 

�-Z5�
 IJK� 	�,� )-�10:  

)3(  0.75 , , 1-n e u e n L

x
T A F A UAϕ = = =  

�-�;5�M N�7 � ���7 	�,� )-�11:  

)4(  
{ }min 0.6 ,0.75*0.6n y g u nvT F A F Aϕ =

0.75n bs u ntT U F Aϕ =
0.75 min{(0.6 , 0.6 )}y gv u nvF A F A+  

 G,� g7�J�1 :���) c7��� <� �)  

AnJ� :j  Z5�
 IJK�Ag �B8 IJK� jJ� :Ant :  jJ�

 ���8 Z5�
 IJK�Anv ���7 Z5�
 jJ� :x =BL�> :

 	��? \�� �F IJK� jJ�  8��Agv jJ� :��B8 ���7 

AntZ5�
 ���8 jJ� : L ���EF� �-: :W c!H� :

IJK� �Tn ��Y��  ���8 ��7 = F�  �)o-> �!B�F �QF =

Ubs���7 �!
�F f�6 :� Fu: )o-> ��Y� �QF.   

3 - !���&�� 01 2�� �*! �����  

�+� O�� �� �)�a��� �7 ����  �� >�Abaqus 6.18 

�� O�W��  .)�!?=[-F�7  =7 G,�  �7 � j5�E� )�� ��V�

�>�!!xF �) j5�E� �W. <�>�? 	7�n �,�G �) )�� ���

=� ���5� �� �+� 	
��  �+_7C3D8RH ��? 	�� ��

 �+�;!� �-!�o-��> �7)y����7 � c7���6�� � �)< 

���5� �� =��) ���5� �)) ���> ��� ��� Continuum � (

�!��� �-H�� ��7)� ���5� ��� Beam  �Truss=7 (  ��-Q�

4 � =�>�? �@� �) =>�6� �-YW�� )-�� .< ���5�  ��

����� � =�>�? ��,7� +�-� �8��F �)�� ���>� =8 V���� 

                                                 
9 Gross section 
10 Net section fracture 
11 Shear rupture 

�6)f  �-��-�5/0 � (� ) �4 �6) +��7 �0 =7f 

7 �-��-�!�  ��475/0���> �QF =8 �W�0 �� .(�  ���5� �)

=HaL �QF Gk��� �)  W7 �	�� ZC���� �� ��� ��-F  ��

���5� ��� 5-�_�� ��7� ���7� �8��F )�-� ���>� V���� 

	>�? 4�8  N�� �7 ����1��� ?!� ����8 =�>�  �)�a���

 N�� =7 G!BHF .	�� �+�General static  O�W��

�� �)-�  �-7�� �J
�!d ���>� � ��+Q� �J
�!d D��n�

 ���7 .	�� �+� ��H5 D�;��H� �)  !� j5�E� =7

;�!= ���=7�[ ���Q8 	HF ���V?��7 �  ��Y��� =7 ��[

 ��7 �	��?-9� IJK� ��Y��� =7 ��,��!!xF q-� ��  �����

�� ))�?=7�[ <� �  ��[=7 D�-L �W�+F � �J
 ) �7

 f!�45 =[�)(  ��Y��� =7 b+� ��,��!!xF =7 �-E. �F

-9� �� )���)-�. =[-F�7  =7  �YQF =_5�J� <� b+� =,Q�

 ���8 -9� �1�C!�? 	!>�i ����7	��  ��>

�� )-�  � 	�� �)�) ^� �BL� -9� �) cK> 	�,� =8

�� �M�7 �5�� 	��? \�� � N-[  ��> <� �7 �+Q���

=7�[  =7 	;�� 	��? � N-[ �) �+� )�W� ��[

=7�[ ��[  �)-7 +��-
 ���8 ��!�7 -9� �) �+� )�W� ���

���< �� �� �� N-[ ��-F=7 D�-L ����8  4 D�-L =7)

 ���5�Solid  IJK� �7 ��B�� �� �Fo�7 =�!�!��o� ��+� �

 �)��  B> =7 �0 �1) \�� � 	��? \�� =7 �0 \�� 4 =8

 +!M g�: �� ���8 -9�Tie  �) �)��0 D�[�) =8

�� +!K� �1+, =7 �� -9� �) �� =HaL  (+Q8.)�8 �+� 

 -9� ���>�=7 D�-L ����8-  ����-�  �7	C� ?+� �

 �+� 4!���F� ��� )-� �+� ���7  N�� �� 	�,� ����

Ductile Damage  �) �+� =k��� y-8�70 �+� �)�a���

	�� �) . <�	�,� �+�� =7  �, ���) ��!� �)��� �)

 q��� �) ����H7 ���8 �7 �QF 	�-H� =� =J7��

=7�[ ��1) � 	�,� ) ��Y� ��[u� ( =7 =��)� �) =8

�� j!6-F�� =�
�)�� O�+8 .)-�y����7 =_5�J� 

���-[12 H� =� � ����H7 ���8 =J7�� =7 �QF 	�-

c7��� D�-L )5) �F (7( �� ��>)-� ]20.[  

                                                 
12 Jeong 
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)6(  2 ln(1 )RC A= − −  

)7(  1/
1 2

3
( )

2
mC C=

 

) =J7�� �)5 �(η  ��+K� �	�� �QF ��-H� =� f�6

C2 ) =J7�� �76 j5�E� ���8 )��+����� =�-�� ����0 �� (

=7 �@� )�-��� 	�) ���7 �0 �-�_� ��+K� =8 +0

 )�+. �����
�� ���)o->8/0 .	�� ) =J7�� �)6 �(AR 

 	�,� =!.�� �) 	.��� ���8 +L�)	��.  

� �)<  �n� �) 	�,� =8 	�� �+� ��> 	5�.

� �� =7 � N���? �+��!<��- ��a. � �)�� �) ��)�W 

�� �)-� ��> q��� �) ���8+Q 7��
� =7 _7�F ��-Q��  ��

_6�!	 �-H� =�	 �QF � =�>�? �@� �)� )-�. 

Qm��!< =[-F�7  ��� =7!	 � �) Z5�
 IJK� 	�,�< 

=[-F�7 � �����  .�� �) �QF  8��F =7!= � �� ��EF�< 

 =BL�> �F -9� �� 	��M10 ����!����  	��? \�� =;5 ��

K7 =7 	;��!= � �+��F  � ��C����)-� ��� �Fl  G!BHF

G7�M  �:�!��Q �F .)-�  

Gap-5mm
tp

weld

RHS

tpx

wg

Lg

L a

dw

w

  
 G,�1 - ���������� .��:� ��8�  

 ���7����0 �����  D�_5�J� �� l������0��1�� 

I[�� ]19 [.	�� �+� �)�a��� ) <� �����0 ��  	!>�i

���)��� ���8 ��EF� �7 G7�) ���	�� =7 	��  ����7

 <� j5�E� e�-
 �� =5�K� <� �) �	�� �+�����0 �� 

 ���7 .	�� �+� �)�a����+� ����  �)ABAQUS  +�7

 G+;F ���7 �)-� �)�a��� �_M�� ���8 � �QF ��

�QF =7 ��+QY� ���  �)�a��� �� Do)�_� �� �_M��

	�� �+)�?:  

)8(  (1 )σ σ ε= +  

)9(  ( )ln 1 / Eε ε σ= + −  

E=�!�!��o� ��+� :�σ���+QY� �QF:ε ���8 :

���+QY�σ��_M�� �QF:ε ���8:�_M��.  

�QF =7 �+!�� ���7 �F �YQF c7��� <� �� �_M�� ���

 =B.���?+��do13 �� �0 �� t� ��� �)�8 �)�a��� ��-F

��  8��F =JK� 4 �) ���8 � �QF.+7�  

)10(  mKσ ε=  

=[-F�7  =7  ��+K� ��)-��m  �7��7195/0  �K  �7��7

34/841  ��,����1�	�) =7 �� �7 .+0=7 	�)  �+�0 

�QF =J7�� o�7 )��-� -  �_M�� ���8=7 D�-L  G,�2 

.)-7 +��-
 y����7  ��)-�� G,�2�  � �!B�F �QF �)�K�

 :�7 +Q��� �7��7 ��Y�Fy=360 MPa  �Fu=506 MPa.  

4- �4
� �����(  

                                                 
13 Necking 
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�+� D�!6�> ����) �� ��Q!�:� ���7  �+� ����

 G7�) ���)��� IJK� �7 ���8 ��EF�	�� =7 	�� 4 � 

 =�-�� g;: �4F ���)��� IJK� �7 ���8 ��EF�

���1����0 I[�� ]19[ l��� � �+� =�
��  �7 G!BHF

�+� =��K� ���1����0 l���+��. ��)-�� �)���  G,�3 

=�-�� �� �, )�-� �) =��K� <��� �+) ��.)-�  

    
(A5�)  (�)  

 G,�2 - QF =J7��� - 8��� (A5�) �+QY�� �_M�� (�) �  

  
  

(A5�)  (�)  

 G,�3 - �K�=�  (A5�)QF =J7���- ���8 ���8 ���>� (�) � ���0 =�-����1�� BHF �7!G )+��  

4-1 - 5&�6 78�� 9�:%  

 q��� IJK� �) N-[ q��� �� 	�,� )-� <� �)

�� N���? IJK� �) �J!H� )�+��� �) � �+� �) +7�

 �+���� �)�� ���8 � �QF  8��F �+�7� =!.�� <�

�� )-� �!!xF �� >� �7G,� ���8 ������-�  =7 �)�_�

 )�+.9/0 �QF � �+!�� ���8 ����+Q7� ) G,�4- 

A5�(.  

4-2 -  � 78�� 9�:%�  

 �) <�)-��  IJK� G8 �) � ��EF� �� ��) 	�,�

�� ^� ���8 -9�+�).  �+���� �7 	5�. <�

��74 ?+�� ���8 � G7�M -9� c�� �) o�7 ���

 	�,� �_!�� =!.�� �) =,Q� G!5) =7 .	�� Z!C�F

�� ^� 	�,� �F �)+� D/,�� G!5) =7 G!BHF +�)

�� +Q8 ��!�7 � =�>�� �!� G��8 � )-�ho-�_�  �F

��74 ?+�� ��� �!�)��. �� �< ���  4) � D�-L �)

 ��+K� ��8�+. �7 -9� �) )-[-� ���8 ��7 ��+K� �)-7

G7�M  G�HF ���8 �+���� � �������-�  )�+.2/0 

�� 	�� �)�) ��� �B8 IJK� �) 	�,� =8 +!�Y> ��-F 

G,�)4- �(.  
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 �) ���8 � �QF  8��F �+���� �7 	�,� )-� <�

 ��+�7� �) �	�� Z!C�F G7�M N-[ �5-: )�+���

 ^� N-[ ��Y��� � �+�7� �) ���8 � �QF  8��F ���V?��7

�� G!BHF N-[ ��+�7� �) �QF ���8 �+���� �7 +�)

�� AM-��.)-�  

    
(A5�)  (�)  

 G,�4 -  IJK� 	�,�(A5�)Z5�
 �B8 (�) � )+� �+� �)�  

5 -  �=�E  !,4���F� �
�,* �4+�G  

k [!D� �+� ��� �+� =�
��  �:-M G!BHF ���7

+[ �) ��1  G,� �5  ���+[ �) l��� �2  �F5  �)��0

.	�� �+�  

 ��+[1- I:�K� D�EC��  
t (mm)  H(mm)  B(mm)  Section 

7  120  149  HSS1  
7  160  189  HSS2  
7  80  109  HSS3  
7  120  189  HSS4  

��+[ �) �+� �8� )��-�  [ =7 )��-� O��F �) ��

-9� )��0 �-:  �7��7 (	��? �) <!7 )��0 =BL�>)120 

����!���	��? )��0 �-: � )a �7��7 (10  +_7 ����!����

N-[ )dw �7��7 (8 ���!B!� �	��? 	��C6 )t �7��7 (15 

	��? ��� � ���!B!� )Wg (30  �-: .	�� ���!����

��EF� )L�+� O��F �) .	�� �+� �)��0 ���+[ �) ( �) ��

 	��? ��EF� ��!� ��Y���5  )-[� �5�
 ��9> ���!B!�

)��) .c!H� +Q��� ��������� ��� )w G,� �) IJK� (

�+� �)�) ����.+��  )o->�)�a���)�-� ����)  !� ��  �7��7

360  ��	  �7��7506 .	�� ��,����1�   

B

t
tp

    
(A5�) (�)  

  
(�)  

 G,�5 -  IJK� D�! [) �-M�X ��EF� (A5�)��7 �) g�: �� ��EF� (� � =��F IJK� (�)  

 ��+[2- k [!D� �+� ���7 � N-[ �-: ���������� ����7 ���.��!� ��-H�  
	���  ���� 

	���  ���� 

	�,� )-� 
AISC 

	�,� )-� 

FEM    
L(cm)  Section  Model 

725.76  1322.3  SY  SR  12  HSS1  HSS1-12  
1170.8  1566  NF  SR  15  HSS1  HSS1-15  
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 ��+[2- =��)� 
	���  ���� 

	���  ���� 

	�,� )-� 
AISC 

	�,� )-� 

FEM   
L(cm) Section Model 

1233  1661.6  NF  NF  17  HSS1  HSS1-17  
1303  1708.4  NF  NF  20  HSS1  HSS1-20  
1355  1747.8  NF  NF  23  HSS1  HSS1-23  

1382.6  1752  NF  NF  25  HSS1  HSS1-25  
1406  1756.5  NF  NF  27  HSS1  HSS1-27  
725  1289  SY  SR  12  HSS2  HSS2-12  
907  1529  SY  SR  15  HSS2  HSS2-15  
1028  1678  SY  SR  17  HSS2  HSS2-17  
1564  1957  NF  NF  20  HSS2  HSS2-20  
1656  2104  NF  NF  23  HSS2  HSS2-23  
1746  2169  NF  NF  27  HSS2  HSS2-27  
833  1322.3  NF  NF  12  HSS3  HSS3-12  
893  1566  NF  NF  15  HSS3  HSS3-15  
921  1661.6  NF  NF  17  HSS3  HSS3-17  
953  1708  NF  NF  20  HSS3  HSS3-20  
976  1747  Y  NF  23  HSS3  HSS3-23  
989  1751  Y  NF  25  HSS3  HSS3-25  
1000  1756  Y  NF  27  HSS3  HSS3-27  
1208  1478  NF  SR  15  HSS4  HSS4-15  
1299  1753  NF  SR  17  HSS4  HSS4-17  
1478  1864  NF  NF  23  HSS4  HSS4-23  
1518  1938  NF  NF  25  HSS4  HSS4-25  

GF:Gross section Fracture (�B8 IJK� 	�,�) 

NF: Net section Fracture (Z5�
 IJK� 	�,�) 

SR:Shear Rupture (���7 �1�C!�?) 

 ��+[3- k [!D� �+� IJK� �7 -9� )��0 �-: ����7 ���HHS.  
	���  ���� 

	��� ���� 

AISC 
failure 
mode  

FEM 
failure 
mode  

Free 
length(cm)  

L(cm) Section  Model 

1170.8  1600  NF  SR  80  15 HSS1  HSS1-15-S 
1170.8  1589  NF  SR  120  15 HSS1  HSS1-15-M  
1170.8  1628  NF  SR  220  15 HSS1  HSS1-15-L  

921  1660  NF  NF  80  17 HSS3  HSS3-17-S  
921  1661  NF  NF  120  17 HSS3  HSS3-17-M  
921  1660  NF  NF  220  17 HSS3  HSS3-17-L  

 ��+[Error! No text of specified style in document.-  [k�+� D�!N-[ ���+�� ������� ����7 ���  
	���  ���� 

	��� ���� 

AISC 
failure 
mode  

FEM 
failure 
mode  

dw(cm)  L(cm) Section  Model 

907  1507  SY  SR  0.6  15 HSS2  HSS2-15-w6 
907  1529  SY  SR  0.8  15 HSS2  HSS2-15-w8  
907  1571  SY  SR  1.0  15 HSS2  HSS2-15-w10  
1233  1620  NF  NF  0.6  17 HSS1  HSS1-17-w6  
1233  1619  NF  NF  0.8  17 HSS1  HSS1-17-w8  
1233  1625  NF  NF  1.0  17 HSS1  HSS1-17-w10  

��+[ 5- k [!D� �+� ���7 � ��EF� �-: ���������� ����7 �����!� ��-H�  
Ucode/ UFEM UFEM Ucode  L(cm)  Section  Model 

1.03657 0.858341 0.83  12  HSS1  HSS1-12  
1.029955 0.888 0.86 15  HSS1  HSS1-15  
1.024147 0.899846 0.88 17  HSS1  HSS1-17  



��;Y��� .�!���)�� <!�. � ��!�6� �  139  
 

����� 	
���� ��� ������ ���   ����� ����� ���2 ������ �  !�� �1401 

 ��+[5- =��)� 
Ucode/ UFEM UFEM Ucode L(cm) Section Model 

1.02741 0.921418 0.90 20  HSS1  HSS1-20  
1.039893 0.947 0.91 23  HSS1  HSS1-23  
1.026962 0.942205 0.92 25  HSS1  HSS1-25  
1.029674 0.951 0.92 27  HSS1  HSS1-27  
1.006636 0.791987 0.79 12  HSS2  HSS2-12  
1.010765 0.838 0.83 15  HSS2  HSS2-15  
1.014158 0.862 0.85 17  HSS2  HSS2-17  
1.01174 0.882297 0.87 20  HSS2  HSS2-20  
1.028665 0.914223 0.89 23  HSS2  HSS2-23  
1.055853 0.956 0.91 27  HSS2  HSS2-27  
1.01158 0.879 0.87 12  HSS3  HSS3-12  
1.029254 0.921 0.90 15  HSS3  HSS3-15  
1.037748 0.942 0.91 17  HSS3  HSS3-17  
1.03774 0.956 0.92 20  HSS3  HSS3-20  
1.029971 0.960 0.93 23  HSS3  HSS3-23  
1.020779 0.957 0.94 25  HSS3  HSS3-25  
1.020413 0.961 0.94 27  HSS3  HSS3-27  
1.010684 0.816 0.81 15  HSS4  HSS4-15  
1.010053 0.838 0.83 17  HSS4  HSS4-17  
1.019127 0.891 0.87 23  HSS4  HSS4-23  
1.024699 0.906 0.88 25  HSS4  HSS4-25  

  

 G,� �) ���� c���6 �� �  G,� �) �+Q77 

.	�� �+� �)�) ����  

  
 G,�6-  �-H� � �-M�X ��EF� �7 �:-M )�+H� �� [� �+�

���� c��� �����  

  
 G,�7 - ��  �+Q7� [� �+�� :-M )�+H��  ��EF� �7 ��

��7 �) ���-� N-[ �) g�:  

6 -  ��( IA- �
�,*2A1 ���+ ,J � A�K  

6 -1 - 2A1 �>* � ��( IA-  

=[-F�7  =7 �� �@� =7 IJK� ���KF� +��  �-: =8

)��0 -9�� n�F!�� ��� >�i!	 ��8� ��7 +��7 =���)� 

�:�!��Q � ��< �-: �7 =�-�� �� q-6-� ���  �-?��-?

���7� +7 .	�� �+�Y� 5) =7 =8 	��!G  �) ���KF )-[�

�) � IJK� !��=W 	��? )��0 �-: �	��? ��
 O+� 

)a�� �0 	��C6 � (� ��8 	���K�� �Y��  -9��nu� 

��� +Q��7 G,�) 8(.  

6 -2 - 7�1 �<*! �4+�G  �=�E �L �1 M8*� �N� ��� ,*! 

U ,*! -A? 78��� %A1 I�O= �*� A?�P��  

 ��)-�� �) G,�9  	;�� �7��7 �) ��EF� �)��7 ���7

��-H� <!0 =J7�� �7 � 	�� �+� ��� ��EF� �-: =7  =���

AISC �K�=�  .	�� �+� =[-F�7 =7 G,�  �+)�� )-� 

=8 AISC �20 =@>�H� +L�) =����8  ���7 �V5 ��)-7 �F

�)�E�M� Do)�_� �.��: �)�8 �F)11) � (12 ( 	Y[

�!
`F f�6 =;��H� �� )�YQ�!� ���7:+�-�  

)11(  ⎩⎨
⎧�� = ��4�B � H�U = 1 # x′L       
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 �0 �) =8H  �B .+Q��7 �� �:-M IJK� )�_7�    

  
  

(A5�)  (�)  

 G,�8 - �!n`F  (A5�) -9� )��0 �-: N-[ ���+�� (�) ���8 	���K� �7� :-M IJK��  

)12(  ' U = 1  ,   x′L ) 0.2
U = 1.2 # 1.4x′L       

=J7�� 	�� �8� =7 O�o )11( o-L� �YQF  ���7

 I:�K�HSS  �+� =�a? f5�J� g7�J� � 	�� �+�� �)�)

 ���8 �)���� �.��:  �)o-> ��� ��8) � ����� ��8)

	�� �+� )�YQ�!� �>�L ��)�M�!� ]26[.   

  
 G,�9 - �K�=� ���l BHF!G � �7!� !7Q� AISC  =J7�� �

�!)�YQ�� ��7� :-M IJK�� -M�X ��EF� �7.�  

 �-8V� =J7�� �7 �:-M I:�K� ���7 ���8 <� �)

 \�� �) 4�8 =7 ��EF� 	��C6 <�>�? �@� �) ��+7

 �:-M IJK� � 	��?.	�� �+)�? )�YQ�!� �� �) +QX

 	�� ��!� ����!7 ��!�7 ��� !5��0 )�+_F =7 e-E
 <�

 �=5�K� <� l��� g7�J� ��� c7���=�>�)-;Y7 f��6 �7 �� 

 <!k0 )-
 +QX��) =��� <!k0 �) �+� =k��� c7��� =7 	;��

 =Q!Y7 �Q!K ���J7��� �) �+�0 f��6 =8 )��) ����� =���

	�� �+� =k��� (	�!� . �)) =J7��12( ���7 =;��H�x′ 

=J7�� �� )13( a���.	�� �+� �)�  =7 �B!J��� �:-M

 	��C6 �+� �8 ��> �7 � =��?�+[ ���)��� �) D�-L

�� =�>�? �@� �) 	��? 	�� �5�. �) <� � )-� =8

 �)�YQ�!� =J7��<!0 =��� AISC-LRFD  	��C6

��� �@� �) �� �:-M � 	��? f[-� <� � )�!?

=@>�H� =����8 �� D�;��H� �+� �F <� I>� ���7 �)-�

�� =J7�� G,��  =;��H� 	Y[x-  �� )�YQ�!�.))�?  

)13(  
x- = b/ 0 � 2b/ h/42b/ � h/ 3   , b/ = b # 2t  
, h/ = h # t5  

 �=J7�� <� �)t  � IJK� 	��C6tp  	��? 	��C6

�� .+��7  

6 -3 - 7�1 �<*! �4+�G  �=�E �L  �N� � M8*� �A#$*

�4Q�� ,*! U ,*! -A? 78��� ,- � 2A1 I�O= �*�R 
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KHF =��)� �)!g� )�+_F� :-M IJK�� J���!B�  �7

�-: ���  � ��EF� AB�C���-H� ���7 ���  �7 � AB�C�

 ��EF�h�./JL� -M�X� ��?�7 N-[ ��+7� �: ��g  �)

��7�� � A5�C� 	�� �) �) \���  ���+� ���� �+� 

 G,�)10( >�i �!	  IJK� jJ� �� �)�a��� �7 -9�

 �Y�0 Z5�
=7 	�)  �+�0 	��  =8� �)< � )�-�!  

=J7�� �� ��6 �7f  )-;Y7=�>� =k��� .	�� �+�  

  
 G,�10 -  �QF I�-FxF!!� G,�=�>� :-M IJK��  �) �7

��-� N-[� O�� �) � [� �� >�� �Y��� �) )�+H�� ��V?��7 �

(I7�����!B!� �7 <F-!�)  

�7 =[-F  =7  G,�11 )�+ �� )-�  ��)-�� =8

0!< =��� 5/1  +L�)=@>�H� =����8 �)-7 5) =7 =8)!G 

 =J7�� �8 b/�
�0!< =��� � �)< �)�-�!��  p/L� =7

��7 �()��+�� )�E�M�� �F .��: �)�8��  Do)�_�)14( 

�6 =;��H� 	Y[f �!
`F ��7� �!)�YQ� �� +�-�:  

)14(  

U = 1.0408 # 1.1573xL     
Or U= 1.0532e-1.305x 

 =J7�� �)���k�+� = �K� �)=� :-M I:�K� �7� 

J���!B�  4�8 =7 �YQF �Y�0 ��EF� =84  �-H� �� \��

 O�W���� ?!)�� )�K�� �6f �!
`F ��7� ���8 b/�
�� 

 =7 	;��0!< =��� 5) � =���)!G  �� �0�� +��-F  �� ��EF�

�:g J��� IJK� b�: �) �) =8 +��7 \�� �)!B�  ��

�:g  ���M N-[�� ?!)�  ��K��� ���7 ����K�� �F �QF �� 

�� ))�? ��V5  �0 b/�
�h��;�� 5� �)-7 ���8�  ��Qm��

 c7���0!< =��� =@>�H� =����8 �F +Q���.  

  
 G,�11 -  �) g�: �� N-[ �7 �:-M IJK� G!BHF =��K�

 �Q!7 �!� �7 \��AISC  =J7�� ��)�YQ�!�  

6 -4 -  �N� � �L E� �= G��4+ !�<* 7�1�8*� !  �*

,��S  �A#$*��4Q�  !,*U ���= 78�� ��  

�-: �7 =��F IJK� �)�+_F =��)� �) AB�C� ���

 �) ���-� N-[ �) g�: �� ���?�7 N-[ ��+7 ��EF�

 �� ���7�� � A5�C� 	�� �)�+� ����  	!>�i � �+�

 �Y�0 Z5�
 IJK� jJ� �� �)�a��� �7 -9�=7 	�)  �+�0 

	��  =8 �Q 1�[ c7���  !� )�-� <� �)=k���  .	�� �+�

k [!D� �+� ��� �+� =�
�� ���7 BHF!G ���8 =��F 

 N-[ �7 �5-: ���-�+[ �)�� 6 	�� �+� �)��0.  

��+[ 6- k [!D� �+��� ����7 ���=��F IJK� �) ��EF� �-: ��������  
Ucode/ UFEM  UFEM UCODE L/W W(cm) L(cm) Section Model 
1.046095 0.784571 0.75 1 20 20 20X2 P20X2-1 
1.057303 0.792977 0.75 1.05 20 21 20X2 P20X2-1.05 
1.057565 0.793174 0.75 1.1 20 22 20X2 P20X2-1 
1.079504 0.809628 0.75 1.15 20  23 20X2 P20X2-1.15 
1.068749 0.801562 0.75 1.2 20 24 20X2 P20X2-1.2 
1.090688 0.818016 0.75 1.25 20 25 20X2 P20X2-1.25 
1.064165 0.798124 0.75 1.3 20 26 20X2 P20X2-1.3 
1.096412 0.822309 0.75 1.35 20 27 20X2 P20X2-1.35 

y = 1.0532e-1.305x
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 ��+[6- =��)� 
Ucode/ UFEM UFEM UCODE L/W W(cm) L(cm) Section Model 
1.091047 0.818285 0.75 1.4 20 28 20X2 P20X2-1.4 
1.088873 0.816655 0.75 1.45 20 29 20X2 P20X2-1.45 
1.053784 0.916792 0.87 1.5 20 30 20X2 P20X2-1.5 
1.049221 0.912822 0.87 1.55 20 31 20X2 P20X2-1.55 
1.068215 0.929347 0.87 1.6 20 32 20X2 P20X2-1.6 
1.063672 0.925395 0.87 1.65 20 33 20X2 P20X2-1.65 
1.073211 0.933694 0.87 1.7 20 34 20X2 P20X2-1.7 
1.082749 0.941992 0.87 1.75 20 35 20X2 P20X2-1.75 
1.064592 0.926195 0.87 1.8 20 36 20X2 P20X2-1.8 
1.087705 0.946303 0.87 1.85 20 37 20X2 P20X2-1.85 
1.081083 0.940542 0.87 1.9 20 38 20X2 P20X2-1.9 
1.074482 0.934799 0.87 1.95 20 39 20X2 P20X2-1.95 
0.987566 0.987566 1 2 20 40 20X2 P20X2-2 
0.997674 0.997674 1 2.05 20 41 20X2 P20X2-2.05 
0.993704 0.993704 1 2.1 20 42 20X2 P20X2-2.1 

1 1 1 2.15 20 43 20X2 P20X2-2.15 
0.993946 0.993946 1 2.2 20 44 20X2 P20X2-2.2 
0.994072 0.994072 1 2.25 20 45 20X2 P20X2-2.25 
1.01461 1.01461 1 2.3 20 46 20X2 P20X2-2.3 
0.994288 0.994288 1 2.35 20 47 20X2 P20X2-2.35 
1.00255 1.00255 1 2.4 20 48 20X2 P20X2-2.4 
0.990318 0.990318 1 2.45 20 49 20X2 P20X2-2.45 
1.00269 1.00269 1 2.5 20 50 20X2 P20X2-2.5 

  

xF!!�G,�  G,� �) =�-�� =�>�12 ����  �)�)  �+� 

.	��  
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�Y���� ��V?��7� �)!<F- � �7!B!I7�����(  
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source not found.13  )-� �� �+)� =8� <!k0 c7�
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�+� ���� >�i � �+�!	  IJK� jJ� �� �)�a��� �7 -9�

=7 �Y�0 Z5�
 	�)  	�� �+�0.  	�+7 l��� =7 =[-F �7

�+�0 �c7��� 0!< =���  ��;�� �)��-� �)=@>�H�  	�� =����8

��7 �� �<  ��-@Q���6 �7 c7���f Y7!=Q �+� y����7 

g!KHF <� �) �+� O�W�� =_5�J�  .	�� �+� =k���

���������� )�-� �-H� ���7 ���EF� �-: G��� �)�a���� 

�!��� �-H�� .+Q��� N-[ ���+�� �  

�� =W!�� <� =7 �������� =_5�J� <� O�W�� �7 �!��

<!0 �-��> =���AISC  f�6 =;��H� ���7�!
`F  ���7

 ��7 �) g�: �� ��EF� �7 �:-M IJK� )�-� �)G7�M �-;M 

 �+. �F �-M�X ��EF� �7 �:-M IJK� ���7 ��� �)-7

=@>�H��)�E�M� ���7 	Y[ <!�� =7 � 	�� =����8 �F

 c7��� ���8 ��9�� �.��: �+�=�>� )-;Y7��� 

 .	�� �+� )�YQ�!� �V5:-M I:�K� e-E
 �)�  ��EF� �7

�: ��g  �)��7 �� �)�a��� =��� <!k0 c7��� ���� �� ��-F

 � �-M�X ��-[ ��EF� �7 �:-M I:�K� ���7 ��� )-��

	;�� �7 =��F I:�K� 2
L

W
p  c7��� �� ��-F ��

   .)-�� �)�a��� < 1�[  

+7Y� 5) =7 =8 	��!G IJK� �) ���KF )-[� 

�:-M �) � !��=W 	��? )��0 �-: �	��? ��
 O+� 

)a�� �0 	��C6 � (� ��8 	���K�� �Y��  -9��nu� 

��� +Q��7.  

e-E
 �) K���-: �7 =��F I: ���  ��EF� AB�C�

��?�7 N-[ ��+7�  ��EF� ��: ��g ��-� N-[ �)�  �)

��7�� � A5�C� 	�� �)� �� �>�i!	  �� �)�a��� �7 -9�

=7 �Y�0 Z5�
 IJK� jJ� 	�)  � �) =8 	�� �+�0< 

� )�-�!   c7���=�>� )-;Y7��� .	�� �+� =k���  ZC��

=��� <!k0 c7��� =8 +� AISC  ��� 	;�� ���7L/W 

 ���82=@>�H� � �)�E�M� ���7 �V5 ��)-7 =����8 �)�8 �F

 c7��� �.��: �+� =Q!Y7 �!
`F f�6 =;��H� ���7

.+)�? )�YQ�!� ���7  

71,�  

[1] Munse W.H. & Chesson J.R., (1963). "Riveted and Bolted Joints: Net Section Design," ASCE Journal of 
Structural Engineering, 89. 
[2] Marsh, (1969). "Single Angles in Tension and Compression," Journal of Structural Division,ASCE, 95. 
[3] Gaylord E.H.Jr, Gaylord C.N., and Stallmeyer J.E., Design of Steel Structures, 3rd ed. New Tork: McGrow 
Hill, 1992. 
[4] Easterling W.S. & Gonzales L., (1993). "Shear Lag Effects in Steel Tension Members," AISC Journal of 
Engineering, 30(2), pp. 77-89. 
[5] Orbison J.G., Wagner M.E., & Fritz W.P., (Murch 1999). "Tension plane behavior in single-row bolted 
connections subject to block shear," Journal of Constructional Steel Research, 49(3), pp. 225-239. 
[6] Humphries Matthew J.R. & Birkemoe Peter C., (June 2004). "Shear lag effects in fillet-welded tension 
connection of channels and similar shapes," Connections in Steel Structures, vol. 5. 
[7] C. Fang, A.C.C. Lam,M.C.H. Yam, (2013). “Influence of shear lag on ultimate tensile capacity of angles and 
tees”, J. Constr. Steel Res. 84, 49–61. 
[8] Orbison J.G., Wagner M.E., & Fritz W.P., (Murch 1999). "Tension plane behavior in single-row bolted 
connections subject to block shear," Journal of Constructional Steel Research, vol. 49, no. 3, pp. 225-239. 
[9] K.K. Adewole, L.H. Teh, (2017). “Predicting steel tensile responses and fracture using thephenomenological 
ductile shear fracture model”, J. Mater. Civ. Eng. 29 (12), 06017019. 
[10] S. Chen, X. Qian, A. Ahmed, (2016). “Cleavage fracture assessment for surface-cracked plates fabri-cated 
from high strength steels”, Eng. Fract. Mech. 161,  1–20. 
[11] A.M.G. Coelho, F.S.K. Bijlaard, (2007). “Experimental behaviour of high strength steel endplate con-
nections”, J. Constr. Steel Res., 63 (9), 1228–1240. 
[12] P. Dusicka, G. Lewis, (2010).  “High strength steel bolted connections with filler plates”, J. Constr. Steel 
Res., 66 (1) ,75–84. 
[13] X. Qian, Y. Li, O. Zhao, (2013).  “Ductile tearing assessment of high-strength steel X-joints under in-plane 
bending”, Eng. Fail. Anal. ,28 (2), 176–191. 
[14] P. Može, D. Beg, (2010).  “High strength steel tension splices with one or two bolts”, J. Constr. Steel Res. , 
66 (8) , 1000–1010 
[15] J. Wang, S. Afshan, L. Gardner, (2017).  “Axial behaviour of prestressed high strength steel tubular 



144  .��:� Y7!=Q )o-> I:�K�� ��8� �: ��g 0 c7��� )-;Y7!< =��� �6 p/L� e-E
 �)f 
`F!� ��7�  

 

����� 	
���� ��� ������ ���   ����� ����� ���2 ������ �  !�� �1401 

members”, J. Constr. Steel Res., 133, 547–563. 
[16] K. Ke, Y. Chen, (2016). “Seismic performance of MRFs with high strength steel main frames and EDBs”, 
J. Constr. Steel Res.,126, 214–228. 
[17] K. Ke, M.C.H. Yam, (2018).  “A performance-based damage-control design procedure of hybrid steel 
MRFs with EDBs”, J. Constr. Steel Res.,143, 46–61 
[18] AISC. (2005), Specifications for structural steel buildings, ANSI/-AISC360-05, Chicago. 
[19] GUO H. (2005), “Shear lag effects on welded hot-rolled steel channels in tension”, A thesis submitted to 
the faculty of graduate studies and research in partial fulfillment of requierments for the degree of mastrer of 
science in the uinversity of Alberta. 
[20] Yu H.L. and Jeong D.Y.  (2010) "Application of a stress triaxiality dependent fracture criterion in the finite 
element analysis of unnotched charpy specimens," Theoretical and Applied Fracture Mechanics, 54, 54-62. 
[21] American Society for Testing Materials (ASTM) (2001), “A370 standard test methods and definitions for 
mechanical testing of steel product”. 
[22] Abedin, Mohammad, Shervin Maleki, Nafiseh Kiani and Esmail Shahrokhinasab, (2019), "Shear Lag 
Effects in Channels Welded at Both Legs." Advances in Civil Engineering. 2019, Article ID 8041767, 10 pages, 
https://doi.org/10.1155/2019/8041767 
[23] Barkhori, M., Maleki, S., Mirtaheri, M., Nazeryan, M. and Kolbadi, S.M.S. (2020), “Investigation of shear 
lag effect on tension members fillet-welded connections consisting of single and double channel sections”, 
Struct. Eng. Mech., 74(3), 445-455. http://doi.org/10.12989/sem.2020.74.3.445. 
[24] Zhang, J., Han, B., Xie, H., Yan, W., Li, W. and Yu, J. (2021), “Analysis of shear lag effect in the negative 
moment region of steel-concrete composite beams under fatigue load”, Steel Compos. Struct., 39(4), 435. 
http://doi.org/10.12989/scs.2021.39.4.435. 
[25] Maleki, S., & Ghaderi-Garekani, M. (2020). Block shear failure in welded gusset plates under combined 
loading. Journal of Constructional Steel Research, 170, 106079. 
[26] Azhari M., Mirghaderi R. Design of Steel Structures. Based on the AISC Code, (2005), tenth Editing, Ar-
kan-danesh Publications. 

  



�����     ���	
���� ������ ��� ����� ��� ����� �2 � ������ �  !��1401 )145 -156(  

����� 	
���� ��� ������ ���  ���� ��� ����� �2 � ������ �  !��1401 

  

  

�� �����			
� �			�

�� ����  

* �+,---��� ���---�� �---�+./� �

 ��0���*���� 	1.2 � �3�.  

:6!����,7� 	��  
esmaeil_mohammadi@civileng.iust.ac.ir 

��������� ���*  

 �+,---���* ���---�� �---�+./� �

 ��0���*���� 	1.2 � �3�.  

:6!����,7� 	��  
broujerdian@iust.ac.ir 

 

 

  

  

  

  

  
1

  

1 - ����  

���!�  �8 ��9��: �����8 	;< ��= >�� ���

 �* �9��: �����8 ?�;< ���8 @A�� ����B� C�!2DE


�� F�B�= �G� +�D�. 	!2DE
 H� �� ?��� 1 (H!�I< 

�=+.��*�=��8 ���!� J !��,�2  �2 (H!�I< ��,� KL: J !

�M���3 �+.��� *�O� ����� �* J !��,� �* H� P+� .

.;.�� ����!� ?,� ��Q�� � -  �����8 	;< ��O8�:

 ���=�8 � 	B� �9��:	�� J !��,� �� �*�R��� P+� .

                                                 
 * D��+.� �DT��  

 	B��* :U��<16/12/1400 ��0���8 �13/05/1401 W�L� �19/05/1401. 

 (���!O* F��.� DOI): 10.22091/cer.2022.7994.1373 

2 Restoring Force Mechanism 
3 Energy Dissipation Options 

 �=+.��*�=��8 ���!� ���� �+��*�=��8 ����!� �*

�!!Y<?,�    F!7�� 	!1ZD� F8 �9��: �����8 	;< F�B�

 *D
	�� �* .�!��� �� +!7D< ���8 ��= >�� �.;.�� �� �

�9��: ���!�-  ��,��!!Y<[
�* �/� J !��,� F8 ��!� �

 �=+.��*�=��8 ���!�F8 �=+�D���8 ����� ���!� �* 	�� 

]1[.   

���D/= �����D* , ��� ���!� ��  ���+�� ���

 ��= >��+.���  �* F>�^ ��  ���!� J !��,� �* ��

 ���!� �* �M��� KL: � �=+.��*�=��8H!�I< �� *D� .

=��8 ���!� J !��,��� �*�R��� �8 ���!� �* �=+.��*� 

�!� �+!.< ?8�> �*�>  ����7�E<�  ��D*F8  � � �D!��+�DB

_D38  �����D/=� �� �0+, F8 H!�I< �� *D�?8�> .  ��

���D�� 8*�O� � �=+.��*�=��8 ���!�  *�O� � �=+�D���8

���� ���	
� �� ��� ���� 
�� ���
� ���� �������� ��� -

������ �
���
� �� ������� �� � ��! � ��� �"�#�$ %&�  

  
� �*H `;<!a ���8 F8� �� �D�� �b�- (�,�� �D��) ��7* K�Z U��� �*  ���!� ����* �3`b ���

F�� ��D* �9��: �8��8 - ���D/= .	�� F�
�*�� �� ���� ���8 *�D� ��� C�`9c *�+1< ����* �4 �8 �

12 �16  �20  �[
�!e �,!��.* ���B� .+.��� F`9c 	;<22 ���7 *�D>� �� � ��* 28  *�D>�

���7 �� * �6 ?�=  �� ��!� F>�^ �� ����* f7�� �+.��� J�� �*  �� B�OpenSees  �+� J�O��

	��.  g[� �* �* �G�*�D� ���*�D>�DBE  �MCE � ���� F8 � �+� h�!`��� ���� .+�D� 

�+�  ����F8 C�D2 �*  �+18J�O��  F�B�= .	�� � �*H `;<!a  �����*�*  �+� 	��  F>1�b� ( 

�� �� B� F7 7� C+� �� B� �8 �<i�8 ���*D�  �+8�2 �� B� C�D2 F8 �<i�8 ���*D� C��b� (

� ?8�Z ���!8 f7�� ��+8 ?�= 6* � � ��* ���*�D>� �* ��D* �* W�8 � ��
 �	�� �+���

3��O8�: (  �	�� �G� P�2 ?8�Z �  !Q�� ����8 *�D� F7 7� g[� �* �* +����� ���4(  �D��

��- ���� �* ���!8 ��7*  �	�� �*D8 �bD� f7�� ����* ?�= 6* � ���*�D>� 	;< ��5 �j>�+k (

�� �D�� �b� - �� f7�� ����* ?�= 6* � F7 7� 	;< ��D* ���
 �0.7 �� B� �* ��7* F> 	

 �^ ��+`�12  � 	�� +2�*6���� �* ��7* �� �D�� �b� �3> C�D2 F8 (  ��D* ���F�� - ���D/=  ��

.	�� �G� P�2 ?8�Z J��*�8 J�= �����D* ��� C�D2 F8  

���� �� !��: �!���  ���= >�����D/= ��D*  ���Y<!!�  +���-�� ?,-� �   �D�-� �-b� �-,��  �-b� �

�<i�8 ���*D�.  



146  b� ����8U��� *��^�8 �* �,�� �D�� � F�� �����D* ���-���D/= ��= >�� �� ��*�D>� 	;<� * � � ��* ��Dk6 ?�=  

 

����� 	
���� ��� ������ ���  ���� ��� ����� �2 � ������ �  !��1401 

 � � �D!��+�DB F8 	9�� ��D* �
�Q �8 ���!� �*

_D38  �0+, F8 	9�� ��D* ����9��: ���!� �8 F93e 

�� +..>���!� �* �M��� KL: ����D!B . ���D/= ���  ��

	!1ZD� �*  l3�A� ���F��� ���D/= � �� ��  +.��D<

+�*�= �*�R���. miD�1� Pn<� �� 8� H� �M��� �=  �*

?;� ��8 ��� ?;� �* ��D* �D���!� �* � � �=+�D�

 �*�R��� ��D* �
�Q�� **�=. �� ���D!B H�  +.��D< ��

F����� �D!B ��7D�1� *�03!�  �?,� ���=��!� � �D,�� 

 ��!e+�D� �*�R��� ]1[.  

�����.4 ]2[  ��� �*1963  ��� �8 F!7�� C�17�[�

 �,!��.* U���	>�k ���D/= _D38 �� o32 ��� �8 � 

 	A< F�� 6 ��� J�O��*�* 	!38�Z �*�* ���� p��� .

_D38 ��D=M�� ��  �8q[`� q8���8 �  r�� F8 s�R<�� 	9��

 _D38	�� o��.���3�� .5  ����,�� �]3[  ��� �*1980 

+�*�* ���� �=+�+.38 	7�k �* 	���`� �� B� ���8 F>� 

��  ��/� H!�� F8 �� o32 ���� ��D<*�>. ����/� H� 

�� ?8�> F3!�� F8 +��D< ��� �!�  �+!.< *�L� J�O�� F>

 *�,3�� t��8 sDuD� H� o��.�6�;< 	;< ����  ���

�� F7 7�  .*D� *�,3�� �8 �����D* �� �*�R������D/=  �* ��

���� �� ��3���� v�D< ��8 H!7��6 ����,�� � ]4[  ��� �*

1991  .	B�= C�D2  

�,!�!� � ����D>7 ]5[  ��� �* �7D�1� *�03!�

 ���� � +�*�> �*�R��� �M��� Kx�: ��D.� F8 �� ��D*

+�*�* F> ��  �� ���D!B H� ��k�� F8 F7 7� �� +18 ��D<

 yD1<*�> .���0����� �?,� �8 � 3B ����D!B s�D��  ���

 �� l3�A��8 *�+;� �� :� ?!3;< ����8 *�D�  +�*�* ���Z

H!!1< �� F.!/8 �D!B ���B� �  +�*�>]6[. �*��8  ����,�� �

]7[  F�� �����D* �8 ���� ����8 �� �3ER�+�*�> H� �* .

 ���� �* �M��� Pn<� ���8 �*iDB ����=��!� �� a!`;<

                                                 
4 Housner 
5 Aslam 
6 Priestley 
7 Kurama and Pessiki 
8 Wada 

 	�+8 a!`;< H� �* F> ��/� FO!�� .	�� �+� �*�R���

+�^�  ���>�!!Y< �* ��
�D.,�!e?,� �9�� C�`9c 

�� C�`9c ���8 �2DEA� �* ��G.��� ���> � �7���k� J

6 .*D8 �G.��� ���� 

��.� ����,�� � ]8[  ���= >�� �����D* �*

���D/= F97 �* H�8 �=+�*�
 �� ��!=D3: ���8 ��  �� ���

CD��
 ���!z�� ���  �� B� �DG.� F8 � �=+��DE;�

F�B�= �G� �* ��/� ����B ���> .+�*�> �*�R���  �+�

���D/= ��D* ���
 	���`� F9��;� ���8 H�8 ��� 

005/0 �� .	�� �+� *�/.�!�  H!.Q��``;� ]9[  ����

 +�*�*�� ����D* H�  �< ��� *D
 �9��: 	���`� +.��D<

 	R�*3  {Rk 6!��n� ?ER� *�O� ��+8 �J�8 +2�*

.+.���  

D�����9  ����,�� �]10[  ��D* ���!� �k��c F8

�!� �.�8 ���8 ���7� �8 F�
�� �!� ���  .+.�
�*�� �+!.<

+�*�* ���� �/�^  F>H� F7 7� 	;< ����!�   !� ++� ���

�� �� � +.> {Rk �� *D
 6!��i� ���B� +��D<  �* H!.Q

F7 7�  ���!� H� ��=+��� �9�� ��,��!!Y<  !� |� 8 ���

 .	��  !Q�����10 ����,�� � ]11[Wn< �  ���8 ���

F��8 J�B W�� �� �*�R��� �8 ���!� H� ���B� ?!3;<11 

+�*�* J�O�� ���!� H� �k��c ���8 �����!1� � }��� �� F

+�*�>�*+� C�17�[� �� �
�8 �* .  ��+� J�O�� F!9� ���8

����D* H� ���B� �����  �+� �*�R��� ��~!� ����.B ��

	�� ]12[ ��k H� �8 .��.�  ����,�� �]13[  ����

 ��= >�� �����D* ���B� g!;2 ����8 ���8 F> +�*�*

�� ���!� H� �* � :� �1Z�� ���B� 	��8 ?!3;< �* ��  ��

.*D� ��;7   

��``;� ]14[F
�Q ���B� �  ���= >�� �����D* ��

���D/=  �+� ����8 ��D* l3�A� ���������� ��;7 �8 ��

��� .	�� �� B� ���8 F> *�* ���� �D8 � a!`;< p

Kx�: 	k��� 	�� ��/8 ����!� ����>  �M��� ���

                                                 
9 Restrepo 
10 Perez 
11 Closed-form 



 �+�;��* �:��8 � F��Q��*  147  
 

����� 	
���� ��� ���� �����  ���� ��� ����� �2 � ������ �  !��1401 

�� .+8� �� B� �� H!.Q  ��D< �� B� �8 �� ���� 	R�*

 �F!7�� �=+!.< �!� 	9�� �� B� � ��D* �*�18� 	9��

�!� �� B� �8 .*�* ���> ?8�> �=+!.<  �� B� � � ��

?8�> 6!��i� ��A� ���� � ���D/= _D38 ����* ��D<  � ��

F��� 	��� �� .*�* ���> �� ��D* ��  �� B� �8 H!.Q

 ���!� �* �M��� _n/��� 	!B�� ����!� �* �=��!�

�� �� B�  +8�]15[.  

�O� � �,*�8 ����,�12 ]16[  �����D* F��`� F8

���D/= �� ��= >��  F7 7� g[� �* �* ���+�� �����D* �8

F�
�*�� ?��;� �j>�+k F7 7� � ��c +�� �����D* .

���D/=  ����+�� �����D* �8 F��`� �* ��= >�� ��

o!�^ ���� ��� �� ?�;�� �� ����> ��  �7� +�D�

��O8�: ���!� H� �* �j>�+k ��� 	�� ���!8 �� ��n� .

�8 o!�^ H� ���� �!e �� :� ��L� ���D/= ��D* �* ��  ���

K��� *�O� 	3� F8 H!.~�� .	�� ���!8 *�� ���  ����

 ��D* ���!� �* F7 7� �}�Z FR7�� �b� F> 	�� �+� �*�*

���D/= U��� ��� �8 ���+�� ���8 ��D* � ��  ���� ���

.	��  !Q��  

���0����� ]17[ ���!� �* +�*�* ����   �����D*

���D/=  ��F��� �i�8 ��A� 	3� F8 ��= >��  ���D/=  ���

 ���!8 �* .	�� 	
�D., C�`9c �* �+�*�O� ��O8�:

�8��
 �C�`!`;<  ��D* F�� 	��Z �=+���8 	3� F8 ��

 � 	��o!�^  *�+;� ��D* F.��� � FO.� �* �} : �=+*

��  .*D��� �D* ����* H!.Q �=��B�* � ���!< ��/��� ��

 .+.> �8��
 ��Q* 	�� H,�� C�`9c �* �� �^ F8 ?E��

���!� H� �*  ��O8�: �� B� �8 ��  ��A� ��9��: ���

�� ���> ���!� 6!��i��!e ����D* �� �*�R��� .+8� �

���D/= ��= >�� �� ���!� �* ���� ���+�� ���  ���

�� �!=D3: J�� F`9c sDZ� �� +��D< +.> �]18[ .  

�D!=13 ����,�� � ]19[ 3;< F8!*�18� ?� 

�!��� ����D* �  ��= >�� ?�= 6* � ���*�D>� 	;<

                                                 
12 Buddika and Wijeyewickrema 
13 Guo  

 ��D* ���!� ?}��� ?k ���8 .+.�
�*�� f7�� ����*

���D/=  H� �* .	�� �+� *�/.�!� F��8 J�B ?k ���

 +� �*�* ���� a!`;<���!� o!>�< F>  �8 ���+�� ���

���!� ���D/= ��D* ���  � ��= >�� �����!�  ��D* ���

���D/=  ���*�D>� 	;< �s�R<�� �* �M��� Kx�: q�D< �8 ��

.+.��!� �bD� f7�� ����* ?�= 6* �  

��``;� ]20[ ���D/= ��D* ���!� ����8 F8  �8 ��

�D��  C�D2 F8 a!`;< H� .+.�
�*�� ��/��� ���

Kx�: ��!=��,8 �8 ���0����^  �M��� ���O ?,�

 l`� �����+: a!`;< H� �* .	�� �+� F�
�*��

���D/=��D* ���!� � C�`9c  ����* F8 �+..> ����* ��

���!� .	�� �+� J�O�� 8�: �< �+� �B�1� ��� ��O

 �9��5 ��  !� +2�* < .+.��� {Rk �� *D
 	���`� +.��D

F!2D< ���� �* ���� ���!� �����+: ���8 ���  ��D* ��

���D/= .	�� �+� ����
�� l`� � ��  

K�:�14  ����,�� �]21[F�� ��D* �-���D/=  �� ��

 �� ��D* r�� �b� � �*�* ���Z ���
 K�Z ���� 6 ?
�*

��O8�: ��� �8 +�*�> ����8 C�`9c �9�� ���.  p���

 ��D* r�� �� B� �8 *�* ������O8�:  �9�� ���

	
�D., ���!� C�`9c �� �<  .*D� 

*�:��8�� �  �+�;�*� F��Q ���8 F8�  ���B�

<i���k�� *��D ���F�� - ���D/= �� ]22[ ���D/=�* �  ��

]23[  ��= >����<D> � �!�� F9<�� +.�
�*�� .���� �� 	;< 

F� sD� *�D>�  ���7 ��� ��* �� �?�= * �6 ?�= ���*� 

f7�� � ��+8  �f7�����8*�D�� .	B�= ���Z  �3> P+�

!`;< H�a ��H!!1< � ���> �  F8 �<i�8 ���*D� C��b�

F�� ��D* F��� �* W�8 � ��
 C�D2-���D/=  �*D8 ��

.	�� � F8 �* �<i�8 ���*D� C��b� ���> �DG.

���!� ���D/= �����D* �/�^ �G� *�D� ���  F��=�* ��

]24[���D/= �  F��=��/Q ��]25[���D/= � F��=+.Q �� ]1[  �

���D/=�*  ��]23[  �]26[  H� �* .+�*�* *�/.�!� ��

���� C�`!`;<  �8 �G�*�D� ���s�R<��  	;< l3�A� ���

                                                 
14 Ajrab 



148  b� ����8U��� *��^�8 �* �,�� �D�� � F�� �����D* ���-���D/= ��= >�� �� ��*�D>� 	;<� * � � ��* ��Dk6 ?�=  

 

����� 	
���� ��� ������ ���  ���� ��� ����� �2 � ������ �  !��1401 

���L=��8 ���7 ��� ���*�D>� �� ��* �� �?�= * �6 

?�= ���*� f7�� � ��+8 f7�� Z ����8 *�D� � 	B�= ���

���� �� �* F.!/8 ��� .+� @A�� C�`!`;< �� 6 �*

C��b� ����8 F8 �/�^ C�`!`;< H� F��*� FR7D�  �����* �

���� �^ ��� �8 F7 7� +.�
�*�� �� ]27[. ���p  *�* ����

����* FR7�� ��;7� � F7 7�� +��D< U��� ���  �� ����

� B�� F8 .+�* �Dc� F> �O8�: �K��� �j>�+k� 9���� 

�O8�: �C�`9c W�8 ���
� 9���  	9�� � J�8 +�����

<�< F8 ?8�> �j>�+k �.<!o  �8 �8��86/24 �3/9 �4/10 �

6/9 �623  �11 ����* FR7�� ��;7 �8 +2�*�  7�F7  F8

� B� ��j>�+k C�D2�  F�B� .	��  

�� �D��- �+� ���8 (�,�� �D��) ��7*  ����

���� K�Z ����* F> ���  *�D� �+.��� �3`b ���!� ���

 ��D�� H� �� �*�R��� �8 ?2� �* .*�!0!� ���Z �*�R���

K�Z �+18 F� C��b�  �* �� �3`b ���!� K�Z ����* ���

?!3;<  �+18�* ����� * ��D<.	B�= �G� � �� �D��- 

F,.� F8 F:D< �8 ��7*  ���� �[
�!e F!k��  �� l3�A� ���

�� ���Z �!b�< 	;<  �* ���+���� F> 	�� H,�� �+�*

���8 	3� F8 ���!�.+.> *�O� ���!� F!k�� i�8 �3`b �� 

���D/= �����D* l3�A� C�`!`;< �*  !� sDuD� H�  ��

	�� �+� F�B�= �G� �* �= >�� ]22 � 27[. 

�+� �� �D�� ����- �� ��7*  ����* +��D<

�=+!~!� ��
 ��� �?!3;< �<�9��;� ���� �� B� �� �

 H� F8 �7���� �����!� *��^�8 	3� F8 ���� H�B� �+�

�D�� ����!� �<�9��;� C���9��� ��� �  H� �* .*D�

�+� a!`;< ���D/= ���= >�� �����D* ���  J�=) ��

(��*�8  C�`9c ����*4 �8� 12 �16  �20  � ��;7 �8 F`9c

�� �b� ��;7 ��+8 - * J�� �� �*�R��� �8 ��7  �� B�

OpenSees .	�� F�
�*�� ?!3;< J�� H� �* ��  �* �8 �� B�

 �+� J�O�� F�+.� � g7�E� �[
�!e ��D
 H�B�= �G�

?!3;< .	�� F~A��< �,!��.* sD� �� ��-  �*D8 �����

����D* .	�� ��� F�D�O� F� 	;< ?��� 	��0.822 

K��� ��* 	��0� )FF �(14 K���  ����* 6* � 	��0�

) f7��NF-Pulselike(  �14 K���  ��+8 6* � 	��0�

f7�� )NF-non Pulselike�� F�
�*�� (  .*D�

�+� ���� J�� �* �� F8 �� B�  C�D2 F8 � �+18�* C�D2

�+� � J�O�� ����  �� U��� ���� �* .*D� ���� ���  �* ��

����7 ���*�D>� ?8�`  F�B�= ���Z ����8 *�D� l3�A� ��

.	��  

2- ��$ %�&�'  

2 -1- �(�)  *� +,-�
 �.�
  ��/�&�(0  �� 

��8� �+� ���� ��J �� B�� �� 8�	� 6 ��� 

u�B!C� 7��!F � � *D� J�O��!  �+� ���� F8 C�D2 

�*�� ���� �1<l .**�= ?,� 1-  l7�*��D ���D/= �� 

F��=+.Q �� ���� 	�� �*�*. � �*H *��D  ?;�=���Z!�� 

Kx�: ��E<� � ��� M���� )ED � (?8�> ��� �!� .<!�+ 

)PT (� .~��!H � :�� *��D  �����*�*  �+� ��8 .	��� 

�+� ���� �H �!���  �*J�� �� B� OpenSees �M�� 

v3.3.0 ]28[ �� g7�E� � ���7� ��� l3�A� �*�R��� 

�� *D�. ?,� ��� 1- K  �1-  ����7+� o!<�< F8 �

���D/= ��D* ���� �,�� �D�� �8 � ��+8 ��  �D��)P-

Delta�� ���� �� ( .+�*  �*?,� ��� 1- K  �1- � 

�+� ���� * F�����D F8 C�D2 ��i�!6  �G� �*F�B�= 

 �+� 	�� ]26[. ��L= Ci�`� F8 F:D< �8 F]29 -31[ 

k��c �* �DQ� ���:�  e![
�� .�8 �+��  �+�� �*�*

� 	��� ��D< �H ;2 �� r�B!g  �* �.< fz� � 	���*

 H�8*�D� ���8� ��Z� � � F�B�=H  sDuD�C�9b� *D� �* .

�/���� *��D  F8 ��E<� 	/:+,�0 �� �F  �8PT��  �

ED��  ��� .Q!H ���.B� ���<� ���7� �� 	A� ��� 

��E<� �+.�*  o32�*�R���  �+� ��8 .	��� �+� ���� 

 h��< �D[�_D38 ��  F>F8 C�D2 ���B�  F8+,�0  �

��F +���* ��E<��  �����.B� ���B� �A� �8� 8� �/�	 

�*�R���  �+� .	�� ?8�> ��� �!� .<!�+ �*�R���  �+� 

���*�  ?�;< ��+8 g7�E� ���B����B �  sD� ��

ElasticPPGap �8 �=  � �R2�!� .<!=+� 7��!F �*�R��� 

�� *D� .���7� ��� ED�� F8 C�D2  �.BZero Length 



 �+�;��* �:��8 � F��Q��*  149  
 

����� 	
���� ��� ���� �����  ���� ��� ����� �2 � ������ �  !��1401 

	/: M��� KL:� 8!H _D38 ��� ���D/= ��  _D38 ����D/= �� �� �F *�D� �*�R��� ���Z F�B�= .	��   

PT

Fy

Starin

Stress

Hard 
Contact

Stress

K=Ifinit

Starin

Rigid Element

W
al

l E
le

m
en

t

ED Starin

Stress

Sh
ea

r 
K

ey
 E

le
m

en
t

R
ig

id
 E

le
m

en
t

T
ru

ss
 R

ig
id

 E
le

m
en

t

Leaning 
Column

Main 
Structure

 

PT

Fy

Starin

Stress

Hard 
Contact

Stress

K=Ifinit

Starin

Rigid Element

W
al

l E
le

m
en

t

ED
Starin

Stress

Sh
ea

r 
K

ey
 E

le
m

en
t

Main 
Structure

 

 

�,�� �D�� �8 ��D* �3!3;< �+� (�)  �,�� �D�� ��+8 ��D* �3!3;< �+� (K)  ��D* �, !B �+� (l7�)  

 ?,�1 -  �+�J�� �� B��  ��D*���D/= �� ���= >��  

2 -2- *� 1�23�� ��� ��/ 

�+� ���  �*+�*�D� ���8�  ����* �F7�`� H� �*

�n� F8��� ����
��  ?,�2  C�`9c *�+1< ����* �4 �8 �

12 �16  �20 	�� ]32[. �+�  ���*�D� ���8�  ����*

s�R<��  l3�A� ���a8�[�  ?,�3  �G� �*F�B�=  �+� 

 .	�� ����b�� ���7 �+� �* ��  �8 �8��8 ��D* ���250  H<

 �G� �* ��D* �� ���8 F`9c �� �* ��!�F�B�=  �+�  .	��

 ?��� H�8 �,!��,� C�EA��  �

 	��Kx�: C�EA�� �  ��� �M���

  � �� � ?8�> H!.Q  ���

�!�  ����* �+!.<  � 

��  �8 �8��8 C�`9c s�R<�� .+.��83500 �!3� ���  �G� �*

F�B�=  �+�  .	��  

25
 m

8 
m

40 m

5kN/m2

 
 ?,�2 -  ���B� ����* �����D* �8 ���� �n����D/= �� ]26[ 

R 4-1 St R 8-1 St R 12-1 St R 16-1 St R 20-1 St 
 ?,�3 -  �����D*���D/= �� F��=+.Q  s�R<�� �* �G.��G�*�D� 

a!`;< H� ]22[ 

2 -3- *� )�& 567
 8�9 ��� �.�
   

���D/= ���!� �O.� 	;2  �* ��a!`;< ]22[ 

��u�k a!`;< ��=+.�D� v�D<  a!`;< a8�[�]33[ 

J�O��  �+�  .	�� C�EA��F�D�� �  ���0����^:?��� 

��D* 	��Au 125 �!3� ���  �H�8 ����B 	���`� 

 �u�� � �7Dc ����D<���^ C�EA�� 

  � �� .Q!H ?8�> ��� 

�!� �+!.<  ����*  � 

	��.  a!`;< �*]22[  o��.� 	Z* �� �>�k p���

�+� ���� 	��.  



150  b� ����8U��� *��^�8 �* �,�� �D�� � F�� �����D* ���-���D/= ��= >�� �� ��*�D>� 	;<� * � � ��* ��Dk6 ?�=  

 

����� 	
���� ��� ������ ���  ���� ��� ����� �2 � ������ �  !��1401 

 �O.� 	;2���!�   ���+��^!H F��� ��  �*

 a!`;<]1[ ��u�k a!`;< ��=+.�D� v�D<  a8�[�

 a!`;<]34[ �� J�O�� *D� ��D* 	��Au  �� ���D/=

�G�*�D�� 102 �3!�  ���	�� H�8 �,!��,� C�EA�� .

 ?���  � 	�� �

 �u�� � �7Dc ����D<���^ C�EA��  �

 �*�R���  �+�  H� �* .	���+� ����  ��

 	/: �9�B q[`��+� ����  ��D* q[`����*�R�  �+� 

 H�8 �� ���� ���7� �k�D� �* � 	���DE;� �+� �*�R���  

�+� .	�� 

2 -4 - �.�; ��/�&(�&  ���&(� 
&��5  

��* *�D>� F��* F� �� a!`;< H� �* )FF(  �

�8 ?�= 6* � ) f7��NF-Pulselike( f7�� ��+8 � 

)NF-non Pulselike(  a8�[� ?�17��D��*

FEMAP695 ]35[ �*�R���  �+�  F8 ��*�D>� H� .	��

 FcD8�� C�EA�� �8 6!,R< �* a!`;<]22[  �����*�* 

 �+�  F8 F:D< �8 .	���H F>  �* ����* �`B� ���*�D>�

FR7�� �� ?!3;< � +.��8  ����G�*�D�  a!`;< H�+18�*� 

?!3;< �* *�D>� 6 �� �	��  ���*�R���  �+�  ���8 .	��

?!3;< �* ?�= �� ��* ���*�D>� �� �*�R���  �8 *�D>� �� ���

FR7�� � PGA  6* � ���*�D>� � ���!8 �?�=FR7��  

 ?�= �8 *D�� 	/:K�A���  �+� 	�� ]36[.  

���7 ���*�D>� �*�> h�!`� ���8  a8�[� ��

 ?�17��D��*FEMAP695  �*�>  i���� F8 �+�8�

 ��*�D>�F�
�*��  �+�  .	�� a8�[� �*�>  i���� F[8��

 ?x�� J�O�� :*D�  

, ,( ) /i PEER i PEER iNM Mean PGV PGV= )1(  

F[8�� �*  ��DB NM i i���� o�u F8 �D8��*�D>�   i �J�

PGVPEER,i  �� >�� *�D>� �`B� K���i � J�

Mean(PGVPEER,i)  F�D�O� F��!���*�D>��  �`B�*�D� 

�G� 	��.  

�* F!9� ���� ��� ��+18�* ���8 h�!`� ���*�D>� 

miD�1� a8�[� H!^ F��� ASCE7 ]37[ �* �*�+;�  

 �7�  F��!� l!c ��*�D>� F8 l!c �k��c 

h�!`� �� **�=.   

3 - ,)'���$ <��   

3-1-  5=-) 5��6��� �>������� ��=? ��  

 F��!�F`9c ��!� �9�� ��O8�: �j>�+k ���� �� �� 

 F7 7� g[� �*MCE  ?,� �* l3�A� C�`9c *�+1< �84 

 �* l3�A� ���*�D>� ?,� H� .	�� �+� �*�* ����

�� �b� ��+8 	7�k- �� �b� �8 � ��7* -  �����*D��) ��7*

 ����*PD�!8 �� (�� � ���� ���!8 �* .+.> F8) ��  :�  ����

20  ���*�D>� �(F`9cNF-non Pulselike  �*�`�

�� *�O� ���� �* ����!8 �9�� ��O8�:  .+..> Pn�
�

�� �b� ��;7 ��+8 � �8 �����*D�� -  F7 7� g[� �* ��7*

MCE  g[� �*  !� sDuD� H� � 	��  !Q�� �3!


DBE �� �+����  �>x F8 J�i .*D��� �b� F> 	�� -  ��7*

��� C�`9c �9�� ��O8�: �� B� t��8 F�!��  �7� *D�

 �j>�+k �9�� ��O8�: �� B� t��8 �3> C�D2 F8

�� C�`9c .*D�  

3-2- 1��=? @�A �>��� 

�!F�� * C�`9c ��
 �j>�+k��D ��*�D>� 	;<� 

���7 l3�A� ��  g[� �*DBE  �MCE  ?,� �*5  �6 

�� �+� �*�* ������ � s�R<�� �� B� �8 .	  �� B� H!.Q

 �* ��
 C�D2 F8 �<i�8 ���*D� C��b� �F7 7� C+�

�� �� B� s�R<�� F7 7� sD� �* ���!8) +8�  ���f  �NF-

non Pulselike �� �+���� .(*D�  �9�� ��O8�: F8���

�� �b� ��;7 �C�`9c-  ��
 �� B� t��8 F�!�� ��7*

��� ��D* �* 2 F8 �7� *D� �G� �* �8 Wn< H� �3> C�D

�� �b� H�B�= - �� �� B� ���7* .+8�  

3-3- 1��=? %�� �>���  

�!F��  �j>�+kW�8 * C�`9c��D ��*�D>� 	;<� 

���7 l3�A� ��  g[� �*MCE  ?,� �*7  �*�* ����

.	�� �+�  



 �+�;��* �:��8 � F��Q��*  151  
 

����� 	
���� ��� ���� �����  ���� ��� ����� �2 � ������ �  !��1401 

 
 

  

  
 ?,�4 -  F��!�F`9c H!8 �9�� ��O8�: �j>�+k ���7 l3�A� ���*�D>� 	;< �  g[� �* ��MCE ���� F8 �D8��  (l7�) :���4  �F`9c

 (K)8 (�) �F`9c12  (C) �F`9c16  (�) � F`9c20 F`9c  
 

 

 

    
 ?,�5 -  F��!��
 �j>�+k 	;< ��D* C�`9c ����7 l3�A� ���*�D>�  g[� �* ��DBE ���� F8 �D8��  (l7�) :���4  (K) �F`9c8 

(�) �F`9c12  (C) �F`9c16  (�) � F`9c20 F`9c  

�� � s�R<�� �� B� �8  �F7 7� C+� �� B� H!.Q

�8 C�D2 F8 �<i�8 ���*D� C��b� s�R<�� � F�� �* W

�� �� B� F7 7� sD� �* ���!8) +8�  ���FF  �NF-

Pulselike �� �+����  �9�� ��O8�: F8��� .(*D�

�� �b� ��;7 �����D* ��
 � C�`9c -  t��8 F�!�� ��7*

��� ��D* �* W�8 �� B�  H� �3> C�D2 F8 �7� *D�

�� �b� H�B�= �G� �* �8 Wn<-�� �� B� ���7* +8� .  

3-4- )��-B 5��6���  

(�) (K)  (l7�) 

(C)  (�) 

(�) (K)  (l7�) 

(C)  (�) 



152  b� ����8U��� *��^�8 �* �,�� �D�� � F�� �����D* ���-���D/= ��= >�� �� ��*�D>� 	;<� * � � ��* ��Dk6 ?�=  

 

����� 	
���� ��� ������ ���  ���� ��� ����� �2 � ������ �  !��1401 

��+`� �j>�+k �Z?8 �D9Z  ��!� �9�� ��O8�:

F`9c  +����� �����!� ���8  ���= >�� ���a!`;< a8�[� 

]38[ �8��8  �806/0 2�*.	�� �+� F�B�= �G� �* +  

 

   

 

    
 ?,�6- F��!� ���7 l3�A� ���*�D>� 	;< ��D* C�`9c ���
 �j>�+k  g[� �* ��MCE ���� F8 �D8��  (l7�) :���4  (K) �F`9c8 

(�) �F`9c12  (C) �F`9c16  (�) � F`9c20 F`9c 

  

  
 ?,�7 -  F��!����7 l3�A� ���*�D>� 	;< ��D* C�`9c W�8 �j>�+k  g[� �* ��MCE ���� F8 �D8��  (l7�) :���4  (K) �F`9c8 

(�) �F`9c12  (C) �F`9c16  (�) � F`9c20 F`9c

 ?,� �*8  �*�`� F��!� ��!� �9�� ��O8�:

F`9c F7 7� 	;< � l3�A� �����D* ���8 +����� ��  ���

 *�,3�� g[� �* �* � l3�A�DBE  �MCE  ����

�� .+�*  H� a8�[� ��!� �9�� ��O8�: �*�`� ?,�

F`9c ) �D9Z ?8�Z �j>�+k ��+`� �� +����� ��06/0  (+2�*

.	�� ���> �� 	R�* �*�`� F> 	�� �>x F8 J�i H!.~

 *�D>� 	;< +�����NF-Pulslike ���� ����< �*  ��

.	�� ���!8 �9�`< �� �b� -  �9�� ��O8�: �� B� �* ��7*

(�) (K)  

(�) (K)  (l7�) 

(C)  (�) 

(l7�) 

(C)  (�) 



 �+�;��* �:��8 � F��Q��*  153  
 

����� 	
���� ��� ���� �����  ���� ��� ����� �2 � ������ �  !��1401 

F`9c ��!� �� .*��+� �*�� �!b�< +����� �� ?8�Z H!.~

�� �b� F> 	�� �+���� - !� ���> t��8 m���= ��7* ��

F`9c ��!� �9�� ��O8�:  F8 �7� 	�� �+� +����� ��

F`9c ��!� �9�� ��O8�:  !Q�� ��+`� F8 �3> C�D2  ��

�� �� B� �� +�����  .+�*���� F> 	�� �>x F8 J�i  �8 ��

 �8 ��7* �� �b� H�B�= �G� �*w P-Delta  ��� ���� �

�� �b� ��;7 ��+8 - �8 ��7*w/o P-Delta  �+� �*�* ����

.	��  

    
)l7�(  )K(  

 ?,�8 - F��!� +����� ��O8�: 	;< ���7 l3�A� ���*�D>� F7 7� g[� �* �� )l7�( DBE  �)K( MCE

3-5- �)�$ @7$ 8=-) �/  

�+��< �* �.< 	9�� �j>�+k ���  ?,� �*9  �*

����  ���*�D>� 	;< � l3�A� �� g[� �* �* l3�A�

 F7 7�DBE  �MCE .	�� �+� �*�* ����  F7 7� �*

DBE �*�`�  �� ���> iD�1� �.< 	9��6 *+�  	��

F8)  : 6  F7 7� 	;< *�D�NF-Pulselike(.  g[� �*

MCE ?8�> �.< 	9�� �*�`� ���� ���!8 �* ��  ��

	�� 6 *+� �� ��=� 8.  	;< �F7 7� g[� H� �*

 ���*�D>�FF� ?8�> �* �!3�< ��� �+���� ��  �7� *D�

 ���*�D>� 	;<NF-Pulselike ���� ����< �* �< �� �!3

?8�> �* �� +���� �� �� .*D� 	;< H!.~ ���*�D>�

NF-non Pulselike ?8�> �* �!3�< ����� 6 �*  ��

.	�� �+� �+���� �� �b� - �.< 	9�� �� B� �* ��7*

?8�> +`� � *��+� �*�� �!b�< ��  !Q�� �^ ���L=�b� ��

.	��  

    
)l7�(  )K(  

 ?,�9 - �+��< �.< 	9�� �j>�+k F��!� ���7 l3�A� ���*�D>� 	;< �� F7 7� g[� �* �� )l7�( DBE  �)K( MCE

3-6- E�� 5=-) 5��6��� �>���  

 �j>�+kJ�8 �9�� ��O8�:,� �* � ?10 ���� �*  ��

 F7 7� g[� �* �* l3�A� ���*�D>� 	;< � l3�A�

DBE  �MCE  .	�� �+� �*�* ���� F7 7� g[� �* �*

 ���*�D>� 	;< J�8 +����� 	R�*NF-Pulselike 

�� .	�� ��*�D>� ��� �� ���!8 �� �b� H!.Q -  �* ��7*

���7 ���*�D>� ����< .	��  !Q�� ��  

4- <��,) &� F��  

 ��+: �*1 �b�<!� � �D���- U��� �8 ��7* ��� 

���� ��� ���8 *�D�� �� ���� �� .+�* �D[����  ���� F>



154  b� ����8U��� *��^�8 �* �,�� �D�� � F�� �����D* ���-���D/= ��= >�� �� ��*�D>� 	;<� * � � ��* ��Dk6 ?�=  

 

����� 	
���� ��� ������ ���  ���� ��� ����� �2 � ������ �  !��1401 

 ���*�D>� 	;< iD�1� �	�� �+� �*�*NF-Pulselike 

�� �b� ��+`� -U��� �� B� t��8 ���!8 ��7*  ���� ���

�� �� �b� H!.Q �� .*D� -U��� �� B� �* ��7*  ���FF 

 �� ���!8NF-non Pulselike .	��   C�D2 F8 H!.Q ��

�� �b� �!b�< �3> -F7 7� 	;< ��7*  ���!8 �<++� ���

	���� �b� ���!8 .- ���*�D>� 	;< ��7*MCE  *�+k

12  	;< +2�*NF-Pulselike، ��
 U���  �� B� �� ��

�� .+�*  

    
)l7�(  )K(  

 ?,�10 - F��!�  �j>�+k�O8�:� 9��� J�8 ���7 l3�A� ���*�D>� 	;< F7 7� g[� �* �� (l7�) DBE  (K) �MCE 

 ��+:1- �� �D�� �!b�< - U��� �8 ��7* ���� ��� ����8 *�D� ���  

U���  F7 7� g[�  �� �b� �� ���� Wn< �� B� +2�* �j>�+k -��7*  

FF  NF-Pulselike  NF-non Pulselike  

	R�*  
DBE  3  4  2  

MCE  3  5  1  

��
  
DBE  2  5  3  

MCE  2  12  4  

W�8  
DBE  5  3  3  

MCE  5  4  4  

 

5 - �6�,) ���   

��D* ���B� ����8 F8 a!`;< H� �* F�� �.�8 ���- 

���D/=  ��4 �8 �12 �16  �20  .	�� �+� F�
�*�� F`9c

����  ?�= 6* � � ��* ���*�D>� 	;< �G�*�D� ���

f7�� ����* � F~A��< ?!3;< *�D� f7�� ��+8-  �����

F�B�= ���Z ?!3;< .+�� J�� �* ��  �� B�OpenSees  C�D2 F8

�* � g7�E� �[
�!e ��D
 H�B�= �G� �* �8 �+18

���� .	�� �+� J�O�� F�+.�  g[� �* �* �G� *�D� ���

 F7 7�DBE  �MCE F�B�= ���Z ?!3;< *�D� �+� .+��  ��

* ��+8 � �8 C�D2 �* �*�� �b� H�B�= �G� � -  *�D� ��7*

�� C��b� �3> �Dc F8 .+�� F�B�= ���Z ����8-  �* ��7*

U��� �� B� ���� ���  J�= ���  .	��  !Q�� ��= >�� ��*�8

U��� �* �!b�< H���!8  F7 7� g[� �* ���� ���MCE 

�*  .	�� �*D8 ���
 Wn< sD��� ���!8 �* H!.~

Wn< *�D� ��� �� �b� ��G�- �7* ���*�D>� 	;< �NF-

Pulselike U��� �� B� t��8 ���!8 �� ���� ���  .*D�

�� �3> �Dc F8 ?!3;< �* F> 	R= ��D< ���� ���  ���

J�=   !� � i�8 �<�9��;� �Ok F8 F:D< �8 ��= >�� ��*�8

�� �D�� �=+!~!� - �� ���7*  � *�> �G� P�2 �^ �� ��D<

U��� .	�� �D9Z ?8�Z �i�8 	Z* �8 ��  

���!�   ����*���D/= �� ���D/= �  F��=+.Q ��

��  : +.��D<� �!��� ��� ���7 HD�  ���  �. 0�:

���!� o��.� ���� ���  ���+�� ��^!H F��� ��  ��k �

F�� �����D*- ���D/=  ��.+�*�= K�A��� �� �b� -  �* ��7*

���!� H� ��  !� ��  �1� .+��8 ��L=�!b�< p��� �* +��D<

�� �.*D� F�
�*�� sDuD� H� F8 �<^ C�`!`;< �* *D  



 �+�;��* �:��8 � F��Q��*  155  
 

����� 	
���� ��� ���� �����  ���� ��� ����� �2 � ������ �  !��1401 

G����   

[1] E. Mohammadi Dehcheshmeh and V. Broujerdian, “Seismic Design Coefficients of Self-Centering Multiple 
Rocking Walls Subjected to Effect of Far and Near-Field Earthquakes,” Civ. Infrastruct. Res., vol. 7, no. Issue 1 
(In progress), 2021, doi: 10.22091/cer.2021.7025.1257. 
[2] G. W. Housner, “The behavior of inverted pendulum structures during earthquakes,” Bull. Seismol. Soc. Am., 
vol. 53, no. 2, pp. 403–417, 1963. 
[3] M. Aslam, W. G. Godden, and D. T. Scalise, “Earthquake rocking response of rigid bodies,” J. Struct. Div., 
vol. 106, no. 2, pp. 377–392, 1980. 
[4] M. J. N. Priestley, “Overview of PRESSS research program,” PCI J., vol. 36, no. 4, pp. 50–57, 1991. 
[5] Y. Kurama, D. Ph, S. Pessiki, and D. Ph, “Seismic Behavior and Design of Unbonded Post-Tensioned 
Precast Concrete Walls,” PCI J., no. May-June, p. 18, 1999. 
[6] R. S. Henry, S. Aaleti, S. Sritharan, and J. M. Ingham, “Concept and Finite-Element Modeling of New Steel 
Shear Connectors for Self-Centering Wall Systems,” J. Eng. Mech., vol. 136, no. 2, pp. 220–229, Feb. 2010, 
doi: 10.1061/(ASCE)EM.1943-7889.0000071. 
[7] A. Wada, Z. Qu, H. Ito, S. Motoyui, H. Sakata, and K. Kasai, “Seismic retrofit using rocking walls and steel 
dampers,” in Improving the seismic performance of existing buildings and other structures, 2010, pp. 1010–
1021. 
[8] R. S. Henry, N. J. Brooke, S. Sritharan, and J. M. Ingham, “Defining concrete compressive strain in 
unbonded post-tensioned walls,” ACI Struct. J., vol. 109, no. 1, pp. 101–112, 2012. 
[9] T. Holden, J. Restrepo, and J. B. Mander, “Seismic Performance of Precast Reinforced and Prestressed 
Concrete Walls,” J. Struct. Eng., vol. 129, no. 3, pp. 286–296, 2003, doi: 10.1061/(ASCE)0733-
9445(2003)129:3(286). 
[10] J. I. Restrepo, J. Mander, and T. J. Holden, “New generation of structural systems for earthquake 
resistance,” in NZSEE 2001 Conference, 2001. 
[11] F. J. Perez, S. Pessiki, and R. Sause, “Seismic Design of Unbonded Concrete Walls with Vertical Joint 
Connectors,” PCI J., vol. 49, no. 1, pp. 58–79, 2004, doi: 10.15554/pcij.01012004.58.79. 
[12] R. S. Henry, S. Sritharan, and J. M. Ingham, “Finite element analysis of the PreWEC self-centering 
concrete wall system,” Eng. Struct., vol. 115, pp. 28–41, 2016, doi: 10.1016/j.engstruct.2016.02.029. 
[13] R. S. Henry, S. Sritharan, and J. M. Ingham, “Residual drift analyses of realistic self-centering concrete 
wall systems,” Earthq. Struct., vol. 10, no. 2, pp. 409–428, 2016, doi: 10.12989/eas.2016.10.2.409. 
[14] A. Gu, Y. Zhou, Y. Xiao, Q. Li, and G. Qu, “Experimental study and parameter analysis on the seismic 
performance of self-centering hybrid reinforced concrete shear walls,” Soil Dyn. Earthq. Eng., vol. 116, pp. 
409–420, 2019. 
[15] X. Hu, Q. Lu, and Y. Yang, “Rocking Response Analysis of Self-Centering Walls under Ground 
Excitations,” Math. Probl. Eng., 2018. 
[16] H. A. D. S. Buddika and A. C. Wijeyewickrema, “Seismic Performance Evaluation of Posttensioned 
Hybrid Precast Wall-Frame Buildings and Comparison with Shear Wall-Frame Buildings,” J. Struct. Eng., vol. 
142, no. 6, 2016, doi: 10.1061/(ASCE)ST.1943-541X.0001466. 
[17] X. Lu, B. Yang, and B. Zhao, “Shake-table testing of a self-centering precast reinforced concrete frame 
with shear walls,” Earthq. Eng. Eng. Vib., vol. 17, no. 2, pp. 221–233, 2018, doi: 10.1007/s11803-018-0436-y. 
[18] T. Sun, Y. C. Kurama, P. Zhang, and J. Ou, “Linear-elastic lateral load analysis and seismic design of pin-
supported wall-frame structures with yielding dampers,” Earthq. Eng. Struct. Dyn., vol. 47, no. 4, pp. 988–1013, 
2018, doi: 10.1002/eqe.3002. 
[19] G. Guo, L. Qin, D. Yang, and Y. Liu, “Dimensional response analysis of rocking wall-frame building 
structures with control devices subjected to near-fault pulse-like ground motions,” Eng. Struct., vol. 220, p. 
110842, 2020. 
[20] Q. Liu, C. W. French, and S. Sritharan, “Performance of a Precast Wall with End Columns Rocking-Wall 
System with Precast Surrounding Structure,” Struct. J., vol. 117, no. 3, p. 103, 2020. 
[21] J. J. Ajrab, G. Pekcan, and J. B. Mander, “Rocking wall–frame structures with supplemental tendon 
systems,” J. Struct. Eng., vol. 130, no. 6, pp. 895–903, 2004. 
[22] V. Broujerdian and E. Mohammadi Dehcheshmeh, “Development of fragility curves for self-centering 
base-rocking walls subjected to far and near field ground motions,” Sharif J. Civ. Eng., 2021, doi: 
10.24200/j30.2021.57279.2897. 
[23] E. Mohammadi Dehcheshmeh and V. Broujerdian, “Probabilistic Evaluation of Self-Centering Birocking 
Walls Subjected to Far-Field and Near-Field Ground Motions,” J. Struct. Eng., vol. 148, no. 9, p. 4022134, 
2022. 
[24] V. Broujerdian and E. Mohammadi Dehcheshmeh, “Investigation of the Behavior of Self-Centering Base- 
and Double- Rocking Walls Subjected to Far-Field and Near-Field Earthquakes,” Ferdowsi Civ. Eng., 2021, doi: 



156  b� ����8U��� *��^�8 �* �,�� �D�� � F�� �����D* ���-���D/= ��= >�� �� ��*�D>� 	;<� * � � ��* ��Dk6 ?�=  

 

����� 	
���� ��� ������ ���  ���� ��� ����� �2 � ������ �  !��1401 

10.22067/jfcei.2021.68094.1008. 
[25] E. Mohammadi Dehcheshmeh and V. Broujerdian, “Determination of optimal behavior of self-centering 
multiple-rocking walls subjected to far-field and near-field ground motions,” J. Build. Eng., p. 103509, 2022, 
doi: https://doi.org/10.1016/j.jobe.2021.103509. 
[26] V. Broujerdian and E. Mohammadi Dehcheshmeh, “Locating the rocking section in self-centering bi-
rocking walls to achieve the best seismic performance,” Bull. Earthq. Eng., 2022, doi: 10.1007/s10518-022-
01325-y. 
[27] E. Mohammadi Dehcheshmeh and V. Broujerdian, “The effects of rotational components of near-fault 
earthquakes on self-centering base-rocking walls,” Bull. Earthq. Sci. Eng., 2021. 
[28] Mazzoni S, McKenna F, Scott MH, Fenves GL, “Open System for earthquake engineering simulation 
(OpenSEES) user command-language manua,” Pacific Earthq. Eng. Res. Center, Berkeley, CA, USA, 2009. 
[29] L. Wiebe and C. Christopoulos, “Mitigation of higher mode effects in base-rocking systems by using 
multiple rocking sections,” J. Earthq. Eng., vol. 13, no. 1 SUPPL. 1, pp. 83–108, 2009, doi: 
10.1080/13632460902813315. 
[30] M. Khanmohammadi and S. Heydari, “Seismic behavior improvement of reinforced concrete shear wall 
buildings using multiple rocking systems,” Eng. Struct., vol. 100, pp. 577–589, 2015, doi: 
10.1016/j.engstruct.2015.06.043. 
[31] T. Li, J. W. Berman, and R. Wiebe, “Parametric study of seismic performance of structures with multiple 
rocking joints,” Eng. Struct., vol. 146, pp. 75–92, 2017. 
[32] D. Pennucci, G. M. Calvi, and T. J. Sullivan, “Displacement‐based design of precast walls with additional 
dampers,” J. Earthq. Eng., vol. 13, no. S1, pp. 40–65, 2009. 
[33] J. I. Restrepo and A. Rahman, “Seismic Performance of Self-Centering Structural Walls Incorporating 
Energy Dissipators,” J. Struct. Eng., vol. 133, no. 11, pp. 1560–1570, 2007, doi: 10.1061/(ASCE)0733-
9445(2007)133:11(1560). 
[34] K. Orakcal and J. W. Wallace, “Flexural modeling of reinforced concrete walls-experimental verification,” 
ACI Mater. J., vol. 103, no. 2, p. 196, 2006. 
[35] FEMA, FEMA P695 :Quantification of building seismic performance factors. US Department of Homeland 
Security, FEMA, 2009. 
[36] M. Archila, “Directionality effects of pulse-like near field ground motions on seismic response of tall 
buildings.” University of British Columbia, 2014. 
[37] ASCE/SEI 7, “Minimum Design Loads for Buildings and Other Structures (ASCE/SEI 7-10).,” 2010. 
[38] F. C. Blebo and D. A. Roke, “Seismic-resistant self-centering rocking core system with buckling restrained 
columns,” Eng. Struct., vol. 173, pp. 372–382, 2018. 
 



�����     ���	
���� ������ ��� � ����� ����� ���2 ������ �  !�� �1401 )157 -172(  

����� 	
���� ��� ������ ���   ����� ����� ���2 ������ �  !�� �1401 

  
  

���� ���	�
� �� ����  

 ������ ��*+,� ���-  �*./���0
  1!//2 ��3//���0 ��//�*+,� �//+4

.(��) �+!�
 6��� �77�8�  
::!����.8� 	��  

adibzadeh@edu.ikiu.ac.ir 
  

  

  

  

  

1  

1 - �����  

���*�� �� �. ���� �0 ��0�!- ��;<� =�>�� 1�< ��� 

��0�!- ��;<� �0?>4 	>@< �*�� ) ��>AWUF-W (

� 	��  �0 ��BC�1397 � FG 	�� �0>�� ��!2 ���A

��
�0  0�>� �H!�� ��!�2 IJ� �0 ��;<� 1� �0�K���

�� ���L ] 0�!-1�C>;
 .[ 	0�*O� F2 FA>< �2  PQ� ���

 �0 ���� ����
�� �7� R���@� �� ��0 SOT� �0 �*�

U�� :�G F2 ��>A ��0�!- ��;<� �� �0�K��� 0�>�  ���

) ����� � �����WFP�( �� �V� F2 FG *�� �*+W �0 

                                                 
 * >��*+� �>Y��  

 	4��0 :Z��<22/03/1401 ��3���2 �18/05/1401 ]�^� �20/05/1401. 

 (���!_0 F��+� DOI): 10.22091/cer.2022.8291.1405 

 ��0�!- ��;<� �� �0�K���WUF-W  ���L FA>< 0�>� ���!2

0�!32 ]2 .[�� FH8�J��0 �*�� � �K 1397   !�

���� �*+�0 FTHA �>�� `��+� 0�.7��  F2 	T�� ��

�>�� ��2 �] 	�� a�>� ����!< ���2 b�C>;
 1,3 .[ �.

FTHA �>�� �,� �� A� �� .	�� �3��>!� U�� ��  

1 -1- ������ ���  

�3��>!� U�� �� ��2 R�c�O� �0 FG  �0 �!< ���

�� `;� �>�� PJ@� d
�0 00�-�  �� 4� �>V+� F2

 ���4 � ��G d2�@� �0 �>�� FA� ���
 ��e�

�� �0�K��� ] 00�-1.[ FTHA �>�� 	
��  ��>+� F2 ��

���*��  �2 ��!�W �0 � ���� �0 �0?>4 �>�� PJ@� 1�<

�8�f  �,�W 1���,� �� �. FG 	�� ����� ��,� ���

��>!� U�� `;�FTHA �>�� d
�0 �0 �3 ] 	�� ��1 �4 

�����  ��	
 �� ������� ����� ������ ����� ����  

 !�� ��� �"#� ��	
 �$ %�  &	
��' (� ���)   

  
��0�!- ��;<� �*�� 	>@< ) ��>AWUF-W �� �. (���*�� 1�<  �0?>4 ��0�!- R?�;<� =�>��

 �0a�L 0>A� 1� �2 .	�� ���
 ����8�f d!80 F2 �  �>�� �0 �3��>!� U�� `;� ���
FTHA �>�� �g��h i2��� FH�>< ��� FTHA ��� ��� jk��� � �3��>!� U�� ��*2 l��  ���2 F��Lm
 ���

FTHA �>�� �0 �3��>!� U�� �+ 3�A  �0>2 ��-*���� � ��g��h �1!@@O� FA>< 0�>� ���>�� ��
.	�� 1!W **A 0�.�� F2 	�+� �2 F���  �!V� ���AISC 341-16  �7� R���@� ��0 SOT� �

FTHA �>�� FA� 	��eQ dL�*g n��2�0 �*� 0�_� R���,2� � ���� ��3��>!� U�� *L�4 ��  1� �0
 �����42 �*�  ��0�!- ��;<�WUF-W F
�f ���^-��2 	O<  0�>� 	
�>+. ���^-��2 � ��

L �0*� FH8�J� FG 0�0 ���� ����� 1� o��� .*+�4�- ���0�.��  �� ��0 SOT� �_+� ����
FTHA l�>�� FA� 	��eQ �� d@��� �3��>!� U�� `;� l6� 8� �2 �+T� ���� �7� R���@�  ��

	e�  �2 �2��2 �gmC� `�Q ����� �2 � �0>2 F���!-7/1 FJ2�� F2 �0 �7TL �  SOT� 6��,f ����
� � ��0 1!W � F��AISC 341-10 �� F2 ��>< `��+� ��+!�h� F!��g  ��*2 ��;<� �g��h 	,A

��>!� U��3� FTHA �>�� �0 .	4� 	�0 ��  

  ������  	�!"��:     ��/;<�WUF-W�   F/THA �>�/�  ���   F/
�f ���^/-��2 ����0�/!- �� U�� �
�3��>!�.  

���	$ �%��&'*  

  ����/�� ��*+,� ���- ���0����
.���0�+4 �*  ��3���0 ���*+,�

(��) �+!�
 6��� �77�8� 1!2.  
 ::!����.8� 	��  

hamedi@eng.ikiu.ac.ir 



158  - ��;<� �0 �>�� FA� 	��eQ dL�*g!��0� >@<	 *��� �>A� <!� �>�� F2 FTHA �� � U�� *L�4!3��>�  

 

����� 	
���� ��� ������ ���   ����� ����� ���2 !�� �  ������ �1401 

� 5 .[ �>��FTHA 	e� ����0 ��  �0 F2 �7
�0 �*++G

�� F�
�� ]�� ��*L FG ��� ]�� �0 .*�>�  �	�� �<

m� R�>C F2 6��,f FA���.�>A : � �*�W�0 p 

P7Q �FqA �  FG ����,f FA� F2 �� �3��>!� U�� 6��,f

pm� �� ]>A �*�  � ��!3��0 d!80 F2 ]�� 1� .*�0

]�2 d!�O< ]>A � �� >K� ��� a>7J� �r��� �2 F4�Q� �c

	�� �<**A FG 6�0 ]�� �0 .	�!��  6��,f P7Q ��;<�

 6��,f FA� F2 �3��>!� U���2  ]>A�.��.8� ���2�� 

�� R�>C 2 F+ � FG 0�!- �	�� �T���� �F���0 �?�

�T�@<  � 	�� �����2 d2�L�!s�+<  0�_� *����� ���

��  .*+G1���  �0 �3��>!� U�� `;� FG 	���>��  �2

 PJ@�H �0>2 t���0 �0 d!80 F2 ��T!7C �  dO�

 ��*+f ���;<� d.��.	�!� 	Am22 �0  ���1972 �2 

�0�K��� �� d;K� ��>Y< �3�e!�- ��� � : d!7O< ��G 

���_� FJ2�� �)1(  ���� 	!4�u �T�@< 0��W�2 	,A ��

FTHA �0?>4 �>�� FA�  ���2 �3��>!� U�� ��*2 ��

 �!< �� �0��� �3+8 �� ���� ����4 � ���G ���!� d�O<

] 	�� �0>�� Fk��� �>�� F26.[  

)1(  )
72

(
6

1
2

bb

t
btFR

fc

fc
fcfcyn −

+×=  

��+!�h� `�Q �2 FG FJ2�� 1� �0 2 w�4 �  ���

�0��  ��*�W 	�*2 �30 �*++GFy  ��!7�< �+< x�H�tfc 

 ��>�� FA� 	��eQbfc  � �>�� FA� w��b  ��2 w��

�� �!<  .*��2Rn  d�O< ���2 �>�� FA� ���� 	!4�u

 	�� ����4 � ���G ���!�FG ��  ���!� y�� *��><

+�� (��!� d�>G) ����4 � ���G :!��m� �3+8 �2 �u�

 w�4 �!<.0>�  

 i2���)2(  �)3(   !�W �01!  F���AISC 341-10 

) i2���E3-10  �E3-11(  dL�*g 1�4�- �V� �0 	,A

�>�� ���2 �>�� FA� 	��eQ FTHA ���  �*� F�
�� ��

�� PJ@� H �Gc  �*�0>2��� . �0 1!W  F���AISC 341-

                                                 
2 Blodgett 

16  FJ2��)2( �*� x^g  � �0 0>A>� FJ2�� ���+G

AISC 360-16 T� �0�*g �< FG FJ2�� F2 F!)1( 	��  �

	0�*O� 0 ���3*� �] 	�� F�4�- ���L �V�7-9[.  �2

;<� F��f 0�.7�� �0 R��K< 0>A� 6��,f ���� �0 ���

��0 SOT� �+!�  i2���)2(  �)3( �>�� ���2  ���

FTHA ��  !� U�� �� �*� F�
�� 	�� �*� �0��W. ]2[  

)2(  
ycyc

ybyb
bfbf

bf
cf

cf

bf
cf RF

RF
tb

b
b

b

b
t 8.1)

4
(14.0

2











−−≥  

)3(  
12

bf
cf

b
t ≥  

 i2��� �0)2(  �)3�( tfc  ���2 �>�� FA� 	��eQ dL�*g

 ��3��>!� U�� `;� �� �V� x�CFyb  �Fyc  �+< dL�*g

 � �>�� � �!< ���2 0?>4 �!7�<Ryb  �Ryc  �+< 	T��

 �*� 1!!H< �!7�< �+< dL�*g F2 ��V��� 0�>� �!7�<

?>4 .	�� �>�� � �!< 0�!� �0 W z>�1!  F���AISC 

341-22 FJ2��  !� )3( ] 	�� �*� {Kg10 1!+|�� .[

FTHA Ph�@� ���2  1!!H< 	,A ���!2 R�@!@O< 6�_�� ��

] 	�� �*� 0�,+�!� �>�� FA� 	��eQ dL�*g8 �2 .[

 �7� R���@� ��0 SOT� �_+� ���� �0 ���g 1�

 FG ���� ����
����!
� 	�� �*� }m2� �� x^g 1�Q �

 FJ2�� �0)2(  �)3( ����< ���2 �3��>!� U�� `;� �

 �!< ��0�!- R?�;<�IFTHA �>�� F2 d.�  �*� F�
�� ��

 U�� ��A>< ��*2 F2 F �*� ��� 8� �>�� FA� 	!4�u

 FG 	��F2 FA>< �2 �0 y�*+� i2�>Q AISC-341-16 F2 �

	e� �V� �� F���!- ] *W8  �11.[  *+�SAC  �02000 �

 FJ2��)3(  Ph�@� ���2H �� Fk��� ��  FH8�J� �0 .*���

 ��;<� �0 ����W �2 �>G^�WUF-W  U�� ��*2

 �� �V� x�C ���2 �>�� FA� 	��eQ dL�*g ��3��>!�

 �2 �2��2 �3��>!� U�� `;�19 � *C�0 �!< ��2 w�

FJ2�� � 	�� �*� 1!!H< )3(  �>G^� F_!�� FH�>< �2  !�

FTHA �>�� ���2 ] 	�� �*�W 	�*2 ��12.[  

1 -2- ��*+�,� -	��  



`0� � �*��g �0��  159  
  

 

����� 	
���� ��� ������ ���   ����� ����� ���2 ������ �  !�� �1401 

�� �V� F2 �~H2 FG *��  U�� �+ 3�A � x^g

FTHA �>�� �� �3��>!�  ��;<� 0�.7�� 0>T,2 `A>� ��

��  !� .00�-  �F�>�� ��>+� F2�H!+C  ����.�� � �!��0 

FH8�J�  R?�;<� ��� �2 �0*� ��WUF-W  	O<

���^-��2 F
�f �� F�>�� d��� ���  : F2 d;�� �!< �0

�>�� p�< FH�>< d!80 F2 FG *�0>�� 0�,+�!�  dO� �0 ��

 ��A F2 	�� ��,2 ��>�� FA� F2 �3��>!� U�� ��;<�

	e� �� �3��>!� U��  00�- �0�K��� �A��
 �*++G

]13����.�� � ��eT��,A .[ � : �0 ���3����W ����

d!7O< �� �0�K��� �2 ��!��.� �0  F2��� �3�e!�- �?>8

0>2 �0>�� Fk��� 	Am2 FG �7!7O< �2�  �2 FG *�0�0 ����

��0�!- ��;<� �� �3��>!� U�� x^g  �>�� F2 �!<

FTHA  =>� �� ��WUF-W �� 4� �  0�*g5/1 ��2��2 

�>�� FA� 	��eQ  i2��� F2 	T��)2(  �)3(  dO� �0

��;<� Ff�-� ��!!B< �!V� ����0 �< ��;<� ���4�.� ��

 �T��A04/0 1!W R��� 8� �2 �2�J� ��0��  F���AISC 

 ����0 �0 ��� �	�� �0>203/0  �� �. �0 ��0��F�>��  ��

	�� �*� �*���� p�< : ]14 .[ 1���,� �� �.

 d��>��2��
  R?�;<�WUF-W�.� � �c>K� ]>A 	

] 	�� �>�� FA� F2 ��21.[  �H�  !� 1!@@O� �~H2

 *�0>�� 0�_� �2F��f �0 ��*+� R��!!B<   S��2 ��;<�

�+� P�><��2� ̀�< ���G  ��;<� dO� �0 :!��m� ���

.*�>� �>�� FA� F2 �!< ��2 �*�  : �h ����.�� � ����

 FG *�0�0 ���� �0*� ����� �K+� ��� F2 FA>< �2

���2 	���@�  F2 �!< ��2 ]>A 	�.� �0 ��;<� F��f

 R?�;<� �0 �>�� FA�WUF-W� �� ><0�_� �2 ��  �0

��2 �����*A � �!< ��A �0 ��!�  F!g�� �0 ��A � ��

���8 0�.7�� �!< ����O2  �� ��;<� �� �0 �0�K��� ���2

a�L �@<�� ��� � i�>�� ���
 ��� ] 0�015.[  � �����

 R?�;<� ��� �2 �0*� FH8�J� : �h ����.��WUF-

W  PJ@� �2 �>�� F2 �!<H FTHA �>�� �  �*� F�
�� ��

 PJ@� �0 ��I R�>C F2 �>�� �>A� �0>�� �*� �2 � d.�

 `�Q : ���0�!- �� : �!<�gmC�  i��� F2 FG

� �>�� PJ@� 0�H2� � ��*+� ����� ���2 �� 	�� F��2�

FJ2�� �0 )2( �0>�� 0�,+�!� *�� ]16 .[ F2 FA>< �2	��T� 

 ���4��7
�0 �-��4�0 FTHA �>�� ��  ���2 ��>0 F2

 F2 ����.�� � �.,7L ��0?>4 ���
 a�L �0 �0?>4

	e� �� �0�K��� ����2  � �0?>4 ���2 ��>0 �0 �*++G

	e� F��f ���*�� ��� �*+G  F�
�0�� FOKC ����G �2 ��

	e� F��f �*� :f>G �2 *�0�0 ���� � �*++G  ��

d.� � ��^� �� �� 4� ���!� ���4� `�Q *2� ]17[. 

�� ��-*0 1� �� 	e� `;� �0 ��>< �*++G 
�0 ��� �2 �7

0�2 ��,2 �3��>!� U�� ����� �0 . �*!f�� �F2��� �0�.

 ����.�� ��
�� �� 4���2 d!7O< : �0  �2��
 ���

 FH8�J� 0�>� �� ���
 a�L d
�0 �0?>4 ���2 ��>0

���L �0�0 *�� ]18[�� �V� F2 . �� FG *��  o��� �� ��><

�!@O<  ���2 �>G^��!� �3��>!� U�� �2��
 0>� �+!2 

 !� .0>�� �0�K��� ��W> � �*8>+�3  �0FH8�J� �� 

�W��0�!- ��;<� �0 ���4� ���3���  =>�RBS  �>�� F2

*4�L  PJ@� �2 �3��>!� U��H  	��eQ �2FA�  0�*g70 

� ���!2 *C�0FJ2�� �� �*�W 	�*2 	��eQ dL�*g � )2( 

�0�*O� �0 ��  W R��� 8�1! F���AISC 358   ]�� -

 ��0�!- ��;<� �g��h ��.�� �2 �*!�< PL�� �0 FG *�0>��

WUF-W 	�� �3��>!� U�� `;� ��*2 1!+|�� .

 *+�4�- F_!��?���g� �3��>!� U�� ��*@4 �0 FG  ���4�

 ��;<�RBS  ��;<� �� ��,2WUF-W �� *��2 ]19 .[

Ff�-� ������ ���2�� ]>A ]�� �� �0�K���  �.��.8� 

FTHA �>�� �0 �3��>!� U�� `;� ���2 ��  �*� ���*��

 �	��?>G���4  �2 �2�_< ����� : �0 ����.�� �

 FG *�0�0 ���� d��G t�!@� i��� 	��� 6*� R�>C �0

�>� ��*+��0�,+�!� i2�>Q ��� � �����0 �� 

�>�*+ ���.�>A �� �0�K��� ���-���2��   1.�� �.��.8�

`!�W �� 4� F2 �_+� 	�� ^� F!g�� �0 0�< 	�.� ��

��2 ��;<� ] 00�- �>�� FA� F2 �!<20 .[ � ��!k�Q�

                                                 
3 Reynolds and Uang 
4 Ozkula 



160  - ��;<� �0 �>�� FA� 	��eQ dL�*g!��0� >@<	 *��� �>A� <!� �>�� F2 FTHA �� � U�� *L�4!3��>�  

 

����� 	
���� ��� ������ ���   ����� ����� ���2 !�� �  ������ �1401 

 =>� �� ��0�!- ��;<� �*� F� �0*� FH8�J� �h ����.��

�� 4� �2 FG *�0�0 ���� ��>A �*�� 	>@<  0�*g50 

�*C�0 �>�� FA� 	��eQ  dL�*g 	��eQ F2 	T�� FG

FJ2�� �0 2 	�� �*� �4�H� F2 �!< ��0�!- ��;<� ���4� �

 ����0 �< �3��>!� U�� *L�4 l�>��06/0  �0 *C�0

1!W i2�>Q �0�*O�  F���AISC  F_!�� �0 � F�4�- ���L

a�L �0 �0�K��� ���2 � 	�� `��+� ��� � i�>�� ��

]5.[  

 Ff�-�1!W �0  F���AISC 358-16  F2 Fh>2�� FG

�!� �� R?�;<� �� �*� *!�<  ��;<� ���2 �*��2WUF-

W  	�� �*�� ��J� �3��>!� U�� `;� 	,A ��� 8�

	0�*O� ����  ��2 	��eQ � �!< ��� �>;
 �0 ���

	�� �*� �Gc �!<. dL�*g 1!+|��  ��� F2 F���0 	T��

) �!<L/da�L �0 (  `!<�< F2 ��� � i�>�� ���5  �7 

�*� �Gc  .	��]21 .[ �0 ���!2 R�H8�J� ���g 1� �2

 	T�� � �!< ��� �qG�*g �>;
L/d  .	�� ���A �0

 �0*� ����� : �0 ����.�� � �*��g �F�>�� ��>+� F2

|!� ��0�!- ��;<� ���2 FG *�0�0 ���� :�G F2 �

�� 4� ������ � ����� +!�GF L/d  0�*g �<30 %

��.�� ] 	�� �^�22 �>� .[5 .�� � ����� : �0 ����

 ��;<� ��� �2 �0*�WUF-W ��>O� �0  �>�� F2 �!<

FTHA �8�
 >< ��  i2��� 0�*g �0 FA� 	��eQ ����02  �

3� 	e� �� �0�K��� FG *�0�0 ����  �0 �A��
 �*++G

��2 0�*���  � �*� ��;<� ���4� ��@<�� `A>� �!< ���

���8 �g�>� �0 `7C ��;<� =>� 1� �� �0�K��� ��.��  ��

] 0��0 0>A�23 .[ ���4�� � ���,2 a>_O� : 0�,+�!� �2

FHJL �  �>�� FA� F2 �!< ��2 ��;<� dO� �0 �4�Q�

���G ��,2 P�>< 	,A  �>�� F2 �!< ��;<� ���2 ��

FTHA  *�0�0 ���� �3��>!� U�� ��*2 l���2  �� 4�

��2 �0 dL�*gFJ2�� F2 	T�� �>�� FA� 	��eQ ��2 )2( 

�� a�L �0 ��;<� 1� �� ��><  �0�K���  !� ��� ���
 ���

                                                 
5 Nunez 

0>�� ]24[ .1!.��< � �� !k><6  ���� �0*� FH8�J� : �2

 �!< ��;<� FG *�0�0IPE FTHA �>�� : F2  U�� *L�4 ��

�3��>!�  FA� 	��eQ ����0 � 	�*2 	��eQ 0�*g �0

FJ2�� �� �*�W )3(  0�*g �30  	��eQ �� ���G *C�0

�� �*�W 	�*2 FJ2�� )2(� F
�f ���^-��2 	O<  R��� 8� ��

 0��*�����Eurocode 3 ���� �0 � �0�.� �0��W�2 ��  

F�!� R?�;<� F@Th `7C �� �*+2  F4�Q� �2 z�� .0>�

	e� �0>�� �*++G  6�*L� ��;<� �mC� F2 	T�� ���

] .*�0>��25 .[ 1!+|����>+� F2 F�*@�  1� �2 ��

 ������`0� � �*��g FH8�J� �2 �0�� �+O+�  ���

z����!� 18 *� �*�0 FG *�0�0 ���� � 	!�G Ff�-�

 �>�� FA� 	��eQ dL�*g �2 ��!@��� ��� �!< ���

FTHA  R��!!B< F2 FA>< �2 ��� �0��*� �3��>!� U�� ��*2 l��

 FA� F2 �!< ��2 ��;<� dO� �0 �0�H� :!��m� ���G

�F�>�� ���0�!- 1!+|�� � �>�  �2 FG *�0�0 ���� ��

 ��;<� dO� �0 �0�H� :!��m� ���G ��!< ��� ���G

	
�>+. �>�� F2 �!< ��2 F�>�� ���0�!- � �*� �<  ��

�� �� 4�  �h�T<�� �!< ��� FG *+�4�- F_!�� � *2�

 ��� �1��2�+2 .0��0 �>�� FA� 	��eQ dL�*g �2 t>.H�

>+� F2  !� �!< FA� 	��eQ dL�*g �2 ���� 	!�G ��

 �>��] 	�� FA>< d2�L26.[  �0 	�� �Gc ����

 0��*�����Eurocode 3 �2 �!< l��;<� �����0 ��e� t���

 PJ@� �2 �>�� F2H��;<� �*� F� �  d��� �>�� F2 �!<

F�!� ���0�!- ] 	�� �*� ��H< �7;K� � ��0�!-27.[  �2

��2�� ]>A 	!���g F2 FA><�  �*��� ��.��.8�7  �

 ����.�� ����� : �h�2�_<  ��;<� F� ��� �2

WUF-W FTHA �>�� F2 �!< 0 �� �2 �3��>!� U�� ����

�!2 ����eQ !< ��2 	��eQ �� �>�� FA� 	��eQ � �

FJ2�� 0�*g �0 )2( �FG *�0�0 ����  d!80 F2 	�� 1.��

R?�.�� ]>A ���2��  �.��.8� �0>2 �4�G�� � c>K� ��� 

�>�� FA� �0 ]>A�  i2�>Q 	,A :!��m� ���4�

                                                 
6 Twizere and Taskin 
7 Umeda 



`0� � �*��g �0��  161  
  

 

����� 	
���� ��� ������ ���   ����� ����� ���2 ������ �  !�� �1401 

 �� �0�K���0>�� �Q�� ��� ���
 a�L �0 ��;<�.  ��!2 F2

F8�J� ��30   FG 0�0 ���� �>G^�`;�  �3��>!� U��

 �+H� F2 b��� 8�� 4� �� ��!->7A  �>�� FA� 	��eQ

��;<� a>7J� ���4� �0 ��>� d��>� �� �. � �0>T��  ���

!T� FG 	�� �>�� FA� �0 �3��>!� U�� ]>A c>K� 1

�� �>�� FA� 	��eQ �� 4� ] *��228[. ����h  � �>�

 ����.�� �0������ d.� �� 4� x*� �2 �0*�  ��^�

� ��;<� F��f �0 ����O2 �+< ���G>�� �0 � ��;<� F�

FHJL ��>� d��� ���*2�  H  ��,��� �0 d.� �4�H� �!<

 o��� .*�0>��FH8�J�  � FG 0�0 ���� �>G^��� �0�K��  1�

 ��;<� �0���*2� d.� �� 4� S��2 ��^�  ���G �

 �0�H� :!��m� ���G�� ] 00�-29[. ���r8  ����.�� �

 �>�� �0 �3��>!� U�� `;� �0>2 	e� F2 FA>< �2  !�

FTHA �� �� ��>� �� �0�K���F�   �2 `!G�< �0 �0?>4

	e�  �0 �� ����!2 �*++G!� ��0�!- ��;<�0>�� 0�,+��  �

 F2 ��;<� 	!4�u � ���0�!- �]�� 1� �2 FG *�0�0 ����

 0�*g `!<�<17  �10 � � F�4� �� 4� *C�0F+   

	
�� �� ���G *2� ]30[.  d!80 F2��T�]�� 	  ���

F!C>< F2 FA>< �1��r � ���� �0 ���A� h F��� �g��

���� �0 R?�;<� �0?>4 ��� ) 1��rAIJ �V� F2 *!K� (

��  ���� �2 �2�J� .*��2021 F!C>< 1� ��  �F���
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	e� �� �0�2 6��  !� �>�� �*++G .0>� ?�;<� ��� R

������ �3��>!� U�� ����0  PJL �� �>�� PJ@� FG)
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 ��*A1- F�>�� ��*+� R�;e�� ��  

�0�  F��0 �*+2  F�>�� 6��  d 
(mm)  

bf 
(mm) 

tc 
(mm) 

U�� �3��>!�  �0�  F��0 �*+2  F�>�� 6��  d 
 (mm)  

bf 
(mm) 

tc 
(mm) 

U�� �3��>!� 

1 

D1-2  

D1-2tc25 480 160  25  0��*///�    22  

D2-4  

D2-4tc15 330 200  15  0��0  

2  D1-2tc30  480 160  30  0��*///�    23  D2-4tc25  330 200  25  0��*///�  

3  D1-2tc35  480  160  35  0��*///�    24  D2-4tc30  330 200  30  0��*///�  

4  D1-2tc40  480 160  40  0��*///�    25  D2-4tc35  330 200  35  0��*///�  

5  

D1-3  

D1-3tc25 430 160  25  0��*///�    26  D2-4tc40  330 200  40  0��*///�  

6  D1-3tc30  430 160  30  0��*///�    27  

D2-5  

D2-5tc25  280 200  25  0��*///�  

7  D1-3tc35  430 160  35  0��*///�    28  D2-5tc30  280 200  30  0��*///�  

8  D1-3tc40  430 160  40  0��*///�    29  D2-5tc35  280 200  35  0��*///�  

9  

D2-2  

D2-2tc25 480 200  25  0��*///�    30  D2-5tc40  280 200  40  0��*///�  

10  D2-2tc27.5  480  200  5/27  0��*///�    31  

D2-6  

D2-6tc25  220 200  25  0��*///�  

11  D2-2tc30  480 200  30  0��*///�    32  D2-6tc30  220 200  30  0��*///�  

12  D2-2tc32.5  480 200  5/32  0��*///�    33  D2-6tc35  220 200  35  0��*///�  

13  D2-2tc35  480 200  35  0��*///�    34  D2-6tc40  220 200  40  0��*///�  

14  D2-2tc37.5  480 200  5/37  0��*///�    35  

D3-2  

D3-2tc25  480 120  25  0��*///�  

15  D2-2tc40  480 200  40  0��*///�    36  D3-2tc30  480 120  30  0��*///�  

16  D2-2tc42.5  480 200  5/42  0��*///�    37  D3-2tc35  480 120  35  0��*///�  

17  D2-2tc45  480 200  45  0��*///�    38  D3-2tc40  480 120  40  0��*///�  

18  

D2-3  

D2-3tc25 430 200  25  0��*///�    39  

D3-3  

D3-3tc25  330 120  25  0��*///�  

19  D2-3tc30  430 200  30  0��*///�    40  D3-3tc30  330 120  30  0��*///�  

20  D2-3tc35  430 200  35  0��*///�    41  D3-3tc35  330 120  35  0��*///�  

21  D2-3tc40  430 200  40  0��*///�    42  D3-3tc40  330 120  40  0��*///�  

  

  
d.�4-�*�  ����F�>�� ��� (�8�) R��!V+<  � 0>!L �(a) 

�� �*+2  

3 - ;�	�% ��&� � <=�  

F�>�� d!7O< �� �*�W 	�*2 o���  l]>� `8�L �0 ��

�+O+� � �z����!� ���� �+< ����>���G F��@ 

d.��!!B< F�>�� �*� �0 ��  �� 4� �2 ������4� FG ���

0>T,2 �>�� FA� 	��eQ  F�4�	�����G �  ���

:!��m� �0 �0�H�  �>�� FA� F2 �!< ��2 ��;<� dO� �

F�>�� ���0�!-  �0 SO2 1!+|�� � ��:�� 0�>�  0��>� ��

 �>G^�	�� �*� Fk���.  

  
 d.�5 -  0��*����� �Th ���^-��2 d�H8��>��0AISC 341  
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 d.�6- B<!!d.�� � �+< F�>�� �� )�8�( ���3����W � )a( 

F�>�� 0*��  

  
 d.�7 -  �+O+� F��@�F�>�� z����!� ���  � ���3����W

F�>�� �0*� �  

  
d.� 8 -  ���3����W F�>�� �0 �H�_< �*� �7< �r��� F��@�

�0*� F�>�� �  

1!W �2 �2�J� Ff�-�  F���AISC 358-16  �

 6��,f ����F�>�� 6��< ��0 SOT�  R?�;<� � A ��

 ��;<� =>� �� �*� *!�< �!� �� ��0�!-WUF-W � *+��

 ����V�  F2x�*�� ����� R?�;<� ���0�!- �� 4� 	,A �

`��+� P�>< � !��m� ���G �< ��;<� dO� �0 �0�H� :

 F2 �!< ��2�>��� � 4� o�*< F2 �>�� FA� 	��eQ �

 	4� i2��� �mC� �2 �<)2(  �)3(  ��!-��G F2 ��.��

FTHA �>�� F2 �!< ��;<� � �3��>!� U�� ��*2 ��, �!

.00�-  

3 -1- .�� �
=
�  >��&�1�+ �	+�%�4% 	+  

 �0 d.� �����0>��9� �+O+� ]>� �*� �����  

����!�F�>�� z F��0 �Th ��  ��*A �*+21  d2�L

�� �*���� .	�� �*���� >� �� 4� �2 F��0 �� �0 0

 F!8�� `!�) ��;<� �����0 ��e� �>�� FA� 	��eQ

�+�� �� 4� (]>� �+O  ��L� Ff�-� 1!+|�� .*2�

 	��eQ �� �>�� FA�30 �7!� �� ���!2 ���  �0>�

4�u 	4� �2 ]>� �+O+�! ����0 �� *H2 	04/0 �0�� �

�� FA�>� ��� ���G �2 ��� 00�-  �� *H2 	���@� 	4� �!<

 ����004/0 �� �*���� .	�� �*� ���G ��0��  FG 0>�

F�>�� �0  F��0 ���D2-5  	���@� 	4� 1����G  � �*�

F�>�� �0  F��0 ���D2-6 	���@� 	4� �� ���� ��;<� 

F�>�� F�� �0 ��;<� 	!4�u .	�!�  �� ��80 �3+8 %

4 ��� F�4� �<��4 �!< :!��m� 	��eQ �2 R?�;<� �0 i@

�>�� FA�  ��30 �7!�  ����4� �2 ��;<� ��<?�2 F2 ���

 n0�*O� �0 :!��?�01/0  F2 ��0��80 	!4�u %

.	�� �*!�� �!< :!��m�  

   
 F��0 (�8�)D1-2   F��0 (a)D1-3   F��0 (�)D2-2  

 d.�9 - F�>�� z����!� �+O+� ]>� ��� �!@O< �7�e� ��� F��0 
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 F��0 (R)D2-3   F��0 (�)D2-4   F��0 (y)D2-5  

     
 F��0 (�)D2-6   F��0 (�)D3-2   F��0 (�)D3-3  

 d.�9 - F��0�  

 i2�>Q �2 �2�J� Ff�-� 1��2�+2AISC 314-16  �

F�>�� 6��< ��0 SOT� �� �@7< ��0�!- ��  ��� �*�>�

 �*������ 0>� F�>�� FG  l�>�� FA� 	��eQ �2 ���

 �� ���!230 �7!� `��+� ���4� ��� .*���0 ��<  �0

�d. ��� 7 �<9 �Mp .	�� �!< :!��m� �3+8 x�H�  

3 -2- �%�4% ?@A&��B8 	+ *
8 ���%	� �  

�*���� *0�-  ��>�� FA� 	��eQ �� 4� �2 FG

�+< P�>< 	
�>+. �!< ��2 �0 ��  �< ��� F2 � �*�

�4�G �� 4� :!��m� d;K� ��>�� FA� 	��eQ  ��

 d@�+� �!< d
�0 F2 �>�� FA� F2 �!< ��2 t��< dO�

��  �2 .00�-FA>< d.� F2 ��� 10  �<14 FG `!<�< F2 

F��@� F�>�� 1!2 �� ��� F��0  D2-2  �D2-3  �D2-4 

	��eQ �2  ���25  �35 �7!� F�>�� � ��� F��0 ���  D2-

5  �D2-6 	��eQ �2  ���25  �40 �7!�  ��� ����0 �0

04/0 �� �*���� �	�� ��0�� �+< FG 00�-  dO� �0 ��

 F2 �!< ��2 ��;<� FA��*� d*H< �>��  1�Q �

	
�>+. �+< P�>< �*� �< ���;<� dO� �0 ��  d;K�

 :!��m�  !��� d!.�< �!< d
�0 �0 .00�-  d!.�<

F���� F7�A �� �!< d
�0 �0 :!��m� d;K�  a>7J� ���

�� �@7< ��0�!- ��;<� ���4� �0>2  .00�- F2 1!+|��

d!7O< �0 �HL���!s o��� �� a�+�A� �>V+�  ��0*� ���

��m� ���GF�>�� :!  1!g �0 �< *0�- ���+G ��

�2� �Gc ���� .*��+� ���_< 0?>4 ��,� ���G �� ���^-

�� �2 �2��2 0?>4 ��,� ���G FG 	2/0  F�4�- �V� �0

F�>�� U�K<� F2 `�L �0 FG *0�- �*���� .	�� �*�  ��

 ��,� ���G �� ���G ���^-��2 �>h �0 :!��m� ���G

�>�� F� �0 �0 � �0>2 �0 ��,��� F
�f �0 i@4  !� F

 ����006/0  �� �G*�� :!��m� ���G ��0��2/0  ���_<

 ����0 �< z���!� �+O+� �0>2 �+T� F2 FA>< �2 FG �0>��

04/0 .	�� w��s� d2�L ��0��  

3 -3- �%�4% ����&�! 	+  

 0��*����� �2 �2�J�Eurocode 3  F2 	�+� �2 �

 d.�23 �� �h�� F2  a>�O� ��0�!- �� ��;<� : ��><

 F!g�� �0 FG 0>��1  ��0>�� �� d.�15 .*��2 F���0 ���L 

 F!g��2 ����  �*+�0F�!� R?�;<�  � ��0�!-F!g�� 3  x�H�

	�� �7;K� R?�;<� FG F��- F� �g�>� �>J
 `!� .

�� ��;<� �����0 ��e� 1!T�  t����2  !� *��2
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!< PJ@� ��*+� R�;e���� 1!!H< �>�� � �  00�-]27[.  

  
 d.�10 - �!!B< F��@�:!��m� d;K� d!.�< dO� � �+< �>���G �d.�. F�>�� (�8�) D2-2tc25 � F�>�� (a) D2-2tc35 

  
 d.�11 - �!!B< F��@�:!��m� d;K� d!.�< dO� � �+< �>���G �d.�(�8�) .  F�>��D2-3tc25 � F�>�� (a) D2-3tc35 

  
 d.�12 - �!!B< F��@�� d!.�< dO� � �+< �>���G �d.�F�>�� (�8�) .:!��m� d;K  D2-4tc25� F�>�� (a) D2-4tc35 � F�>�� (y) 

D2-4tc40 

  
 d.�13 - < �>���G �d.��!!B< F��@�(�8�) .:!��m� d;K� d!.�< dO� � �+ �>��F D2-5tc25 � F�>�� (a) D2-5tc40 
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 d.�14 - �!!B< F��@�< �>���G �d.�F�>�� (�8�) .:!��m� d;K� d!.�< dO� � �+ D2-6tc25 F�>�� (a) . D2-6tc40 

 �0 0>A>� i2��� �0>A� 1� �2Eurocode 3  �,+<

 PJ@� �2 �>�� ����0 R?�;<� ���2H  .	�� �0�K��� d2�L

�;<� : ���0�!- FT��O� ���2 ������ 1� �0 �� �

��Q� i�>< �0�K��� 0�>� ]��  �0�K��� ����.�� � �4

�]�� 1� �0 .	�� �*�  d.� �2 �2�J�16  FT��O� ���2

���
 ��e�  �+O+� �!��< �2 ���;<� : :�>Y<

��!�- �+O+� �2 t��� i
 ��� � ��.��!!B< ��!�- 

��.��!!B< � ���^-��2:!�><>+� 2��� �� �0�K��� �2 i)7(  �

)8( F2 	T�� O�	�� �*� 6�*L� ���0�!- FT��  � �0

 �� �!2 ���0�!- 	T�� FG �<�>C90 �*�!2 	�*2 %

 �@7< ��0�!- ��;<��� 0>� ]34 .[���0�!- *C�0  6��<

F�>��  i2��� �Th ��)7(  �)8( �0 ��*A 2  �*���� d2�L

.	��  

  
 d.�15 - F@Th  �*+2F�!� ���0�!- ��;<� ��0�!-] �7;K� �24[  

  
 d.�16- ] ��0�!- R?�;<� ���2 ���0�!- *C�0 1!!H<31[  

)7(  100×=
total

i

k

k
R

 

)8(  
bcbcb

cb
total

ILLIL

IEI
k

234

12

+
=

 

 �,�W �0R  ���;<� ���0�!- x�H�K i  � ��;<� ��e�ktotal 

 ���0�!- ����0 ��;<� :�>Y< ��e� �2 �2��2100	�� % 

 d.� F2 	�+� �2 �1 FT��O� �2   ��e� � �!< ��e�

�>��  .	�� �*�W 	�*2 ��Ib  �Ic  ���� �2 �2��2 `!<�< F2

 ��>�� ���+� ���� � �!< ���+�Lb  ���h �!< �>hLc 

�J� FJ@� �0 F7C�4 �>��  � ��E  ��*� �2 �2��2

.	�� 0?>4 F�!�!��?�  

�� �*����  �2 F��0 �� �0 ���0�!- FG 00�-

�>�� FA� 	��eQ �� 4� �� ���!2  .0>� F2 FA>< �2

 F�>�� ���2 �*C�0 0>� ���0�!-D2-4tc15  ����0 FG

 �3��>!� U��	�����V� F2 � FJ2�� FG *�� )7(  	�0

 �*� F�4�- �V� �0 ?�2�� 0�,+�!� �  y�e� �0 FG 00�-

 FJ2��)7(  ��A F2ktotal  U�� ����0 ��;<� ��e� ��

��g �R�>C 1� �!s �0 �>f .0>� �0�K��� �3��>!� 

�� �~H2 <�m��G FG �*� *!�< �!� �� R?�;  �2 �2�J�

 i2�>QAISC 358  U�� ����0 � �*� �g��h  !�

 ���L ��0�!- R?�;<� �0�*O� �0  !� �*+��� �3��>!�

��� .*��!- �1��2�+2  *g w�4 �270% ��O� ���2TF  

 ���0�!-F�>�� ����� 1� ��� ��� �*���� 00�-  FG

 �� ���!2 �0�@�30 �7!�  ��>�� FA� 	��eQ ���2 ���

�� ��;<� ���2 �4�G ���0�!- F2 �_+�  �Gc ���� .00�-

1!W i2�>Q ��*@4 d!80 F2 	�� F��� �>�� ���2 ��  ���
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FTHA ��� ��  �!L0 �>h F2 ��>< : ���0�!- ]�^� *g

��;<� �2 ��J2�� �� �*�W 	�*2 *C�0 t���F )7(  1!!H<

.0>�� F�4� d.��!!B< d.� F2 FA>< �2 ���g 1� �2  

F�>��  1!+|�� � :!��m� d;K� 1�4�- ���L dO� � ��

 z����!� �+O+� �2 �2�J� FG F�.� 1� F2 FA><

F�>��  0���� �� ���!2 F2 R?�;<� 	!4�u ��W ]>� � ��

< :!��m� �3+8 *C�0 �	�� �*!�� �!�� �V� F2  *�� FG

�� F�>�� ��><  �� �!2 ���0�!- �2 ���70  F2 �� *C�0

 �3+8 *C�0 0���� F2 ��;<� 	!4�u �*!�� ���

 � �!< d
�0 �0 :!��m� d;K� d!.�< � �!< :!��m�

 ����0 �� z� ��;<� 	!4�u 	4� 1!+|��04/0  ��0��

.0>�� �@7< ��0�!-  

��*A 2- ���0�!- F�>�� ��  
�0�  F��0 �*+2  6��  (%) ���0�!-    �0�  F��0 �*+2  6��  (%) ���0�!-  

1 

D1-2  

D1-2tc25 46    22  

D2-4  

D2-4tc15 90  

2  D1-2tc30  61    23  D2-4tc25  53  

3  D1-2tc35  72    24  D2-4tc30  67  

4  D1-2tc40  81    25  D2-4tc35  76  

5  

D1-3  

D1-3tc25 46    26  D2-4tc40  84  

6  D1-3tc30  62    27  

D2-5  

D2-5tc25  56  

7  D1-3tc35  73    28  D2-5tc30  70  

8  D1-3tc40  82    29  D2-5tc35  80  

9  

D2-2  

D2-2tc25 57    30  D2-5tc40  88  

10  D2-2tc27.5  62    31  

D2-6  

D2-6tc25  59  

11  D2-2tc30  67    32  D2-6tc30  73  

12  D2-2tc32.5  72    33  D2-6tc35  83  

13  D2-2tc35  76    34  D2-6tc40  91  

14  D2-2tc37.5  80    35  

D3-2  

D3-2tc25  43  

15  D2-2tc40  83    36  D3-2tc30  59  

16  D2-2tc42.5  86    37  D3-2tc35  71  

17  D2-2tc45  89    38  D3-2tc40  80  

18  

D2-3  

D2-3tc25 52    39  

D3-3  

D3-3tc25  46  

19  D2-3tc30  67    40  D3-3tc30  60  

20  D2-3tc35  76    41  D3-3tc35  72  

21  D2-3tc40  84    42  D3-3tc40  81  
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]10[  �� �1�^��� �-q 4a?�� �1 P�� �� ���7� 4-� 

                                                      
7 Xu 
8 Two-dimensional directional Gaussian wavelets 
9 Laser scanned operating deflection shapes 
10 Continuous relative wavelet entropy method 
11 Li & Hao 
12 Quincunx 
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����������  .27�
�1�� ���� ��1C��D ��  1��D P�36�� M���

2g6 �� �1�^��� �- ����b 4��- qfC� ��  564 2�1C�� .

 n���!��7H  564 �2� �� ���1 48 ��� }���� ���d 

� �-!��7H aS�� 1C- ��-� ���7�� ����������  ��1C�

 �1�^��� .2�1�8� P�� 1�da��!1�G7��  �1���7�� 

���������� ��� �� �1�^��� �- ��1C�t ���D 4�C����H�� 

 �7g�.2� 2!p�6 m�g�  �!�] ����d�� �11 �� �1�^��� �- [

 P��1� �4a?� � � qfC� b2g6 ��CHA��� �� �

G-!47 ��� ����7� 4- ��D!R  .27�
�1�� ���!6 �1�D �� 

 qfC� b2g6 .�C6b/� �� �R!�D  2�1C�� ����7� ��

 1�236 4- �� k2� _-�6 BICG5� 1�236 R!6�6 ;� 4- �

3VC�!	 �� ��@ �� � 2�1�1 ���8 R!�D �2� ����7� �

���CHA� 47!G- ���  �=C� ���� R!�D ��2l� ����7� 4-

	!3VC� �� q �� �1 .2�2� R!�D ��� ����!�  �

] ����d��12 �1 R!�D ����7� 4- �4-��� ���� �- [

���A� 1�236 �- ���
 ����  ;� 4- � 27�
�1�� 1�� ���

���A� ��@ R!�D ���  �1 R!�D ��2l� � ����7� �21

���A� �� q �� .21�, 4g��/� �� ��ll/� ]13 [ �-

8�6 �� �1�^���!R 2g6b  4- 1�2/� ���A� �2� � qfC�

Y�6!x �C���8 B�/^S �1 R!�D�� I27[4 7�
�1��2 .

�D � �1 ��; l/6!� 2g6 �� �1�^��� �-b  b/� �qfC�

-��
2�1C�� ����7� � G- �- n�� �!47  �1C��q  _-�6

�0
� �CHA� .�C6 �2� 4p����� ��}!q  �=C� 4-

����7� ����������  R!�D2�2�. �51�� � |��13 

]14 [���� ���- ���7�� -��
� �C���8 B�/^S�� 

I27[4  �-�1�^��� ��1C� n��8�= u0� ��14  .2�1C�� 4p���

�D �Y� ���8 48 2�1�1 ���� ��� 3\C�� I4 ��  e��-

�\ 4g��/� �- � �2� ��1C� n��8�= u0� �1 �j�
��R 

� ��1C� n��8�= u0� qfC�� ��C6 -��
 bd� � b/�� 

�C���8 B�/^S�� I27[4 .1C�� xY�� �� g?!R �1�� 

�XD� ] �1����^� �15 �- [2g6 4��- �� �1�^���b  � qfC�

                                                      
13 Yang & Oyadiji 
14 Modal Frequency Surface 

�CHA��� =1�W6 bH7f� Y�6 4aK�� 4-!x �D!R  �1q 

���D ������H�� � �1 .27�
�1��; �5-�f 43A�0��  ����

2g6 4��- .�C6b 4^A�� 4- qfC� ��� }����  564 

1�,2 =1�W6 bH7f P�� �� �1�^��� �- �� �� ���H 

1�1� ��� 1 m2?�H -��
 BI�?� 4lg@ � 27-� �D ��  �-

1V2� E�5�� �CgV b-�V 	 .���C ����d�� � ]16-19 [ 4-

���7�� R!�D  �,2��2f�C��   	�C���8CFST 

�- �7�g� �1�1 ��� �D .27�
�1�� ��1C� ,2��2f ���  ��

 .�C6q I4 a� �������  �1 {���d�  �C�� �Cf� ��

-!; 7�- 4���� IC= ���2f �1� g�!4 ����  �- � 2�1C��

2g6 �� �1�^���b � qfC�!4��C ���7� 4- �=C��  b/�

,2��2f� .2�2� �1�� k��� � ���� �7!�? ]20 [�- 

 �� �1�^���b2g6 �l� 4- qfC�4� �1�1 ���  �� bS�?

a/6!b 6����!d� ���7� �1 ��1C� �� 7�- 2� R!�D� 

���� 1�, �2���� .27�
�1��2 ��= �1 4827 ���7�� 

�1�1 �� �1�^��� �- R!�D ��� 6����!d�� a��C�� 27��� 

1 �d�  4- {�63VC�!	 4�C�� ��1�-� �- ��\R  qfC�

.	�� �c�� �2�?� ��
 ����d�� � ]21 [ �� �1�^��� �-

2g6b bd� � qfC� 1IC= 4/^S 1C� ���� �l� 4-4� 

��\R 	A�? qfC� ��� 3� � �A��!`C ��� .27�
�1��t 

��\ �1 B������� 48 1�1 ����R AC6 qfC�!2 �2� 

	A�? ��� 3�!`C �l� �14� ��\ �-R AC6 qfC�!2  �2�

3VC� �1 �A�� 	A�?!	 ��� ��[ R!�D �a�Y� ,!�  	��

���6 �1 �� ��1C� �� ��C6 b/� ��� ���7� �� R!�D� 

1C�� �;!79�� .�D 2g6 �� �1�^��� �- ��b qfC�  �

bd� ���36�� 1C� ���  �=C����7� 4-� R!�D  B�/^S

a��� 	�C���8� 4I27[ � ] 2�2�22 -24[ .�D  �1 ��

 ��H1 �!l/62g6 �� �1�^��� �-Bj � qfC�!4��C  �

 4���,4- �l� 43A�0�4� �� �����d�D�  �1 R!�D

6!���� 1IC=M��� �- �7�g� �  �d!��71 � �d!6���� ���

� 27�
�1�� 2g6 ~C� �1 �� �- 48 2�1�1 ����Bj  qfC�

�� ��C6 a/6 ��!b M��� ��� 6����!d� 1 ���7!d� 

3VC�!	 ��� ���7� �� R!�D� 1C�� ]25  �26.[  ��\�

�= �� �����d ]27-29[ 2g6 �� �1�^��� �-b  qfC�
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�!4��C a/6 4-!b  �1 1C� bd�q ����
�� �����  vj��8

a���� � �1 .27�
�1�� R!�D ��[1 �;  R!�D b/� 43A�0�

�- �1�5 g�� �Gf� ��8�2?� aV�2? �� ��\ �1R 

AC6 qfC�!2 ���7� �2�� 1�,2 .�2�?� ��
  �

 �l!l/6 �1 ����d�� �- �� �1�^���2g6b � qfC�!4��C 

���7� 4-� �C/� ��- �c� 	/6 �C�� R!�D�  .27�
�1��

1�l�� ��7H!� o�� f��
 ���� 1�l� �� �<� k�S �- ��� 

�G��� �1 �- �>�7��� b/� �1 �C�� ���  R!�D �2����

] 21�,30-32[.  �- ��H1 �!l/6 �14- ,��8!� �

�1�1 � qfC� Bj2g6  1C� bd� ��� ����7� 4- �=C�

� �7�- 4��� �,2��2f 4!?���C�� �1IC= ���2f �  ���

 R8�� _@�l�CFST ] 2�2�33  �35.[  

�C�� � ���!6 �G� �� �� ���A� ;�6 ���� ���  ���

;!��� �;!79�� � ����� ��27G�  � 27��� ��37S BID

�D �1 R!�D x!Y�6  	�j� 	!3\� ��� �C<7� 4- ��

��� ����1 ���� �a8 ���- ���� �4A�l� ;� �1 .	�� 	!

 �a!a/6 t��� �- �7�g� �!6 ���A� �1 R!�D x!Y�6

��7H!� � 4��C!� qfC� b2g6  bd� 4C��c � 4!A�� ���

.	�� �2� ����- �D ����8 � 1�G7�!� 1C�  

2- *+,� -"�./  

P�� �� �d qfC� b2g6 27���C6 ��� P��1�� 

��7H!� P�� ��� 4- 	g�� 48 	�� ��  P��1�� ���

 (��6C8 ���� 4�C= b2g6 � 4�C= b2g6 27���) ��7H!�

 _V�� �1 � U1��2� �� 	-�c ;�CA��� 4- �C-�� Bjd��

 �� ���- 48 	�� ����� _-�C6 ��� q �� ��C�5�

 �1 ����8�= � f� � �1�8 �!!i6 ����8�= ;�CA���

;�CA��� 4- �a�Y� ���  	�1�� D2 ]33.[  

 ��7H!� qfC� b2g6����  ���- �1−∞  �6∞  �-

) 40-��1 ��36 (�� 11�,:  

)1(  ��	 = � ���� 1
|�| �∗ �� − �

� � ��
�

��
 

 �D �1 48a  �b  ��l��� � m�!l� ���������� R!6�6 4-

 � 27����   !A��D �1 qfC� _-�6 .	�� qfC� _-�6

 .	�� �2� ��36 ��l��� � m�!l� ���������� �- qfC�

 ;��,� 4��,27[ b!a/6 4p��� 4- �57� ��!��7H �� �

�!����� �� m�!l� `�Y��� �- 48 B�CS ;� 4- �1C�  ���

���- R!6�6 4- �� - � q[C8  ��� �, - � q[C8 ���

- qfC� b2g6 .�C6 ��7H!� qfC�  !A��D E�5�� ���

�� `�Y��� .1C�  

:2��- 4���1 �� .��� ;� 2�- qfC� _-�6  

1- ] 2��- �^S 2�- qfC� _-�6 ���H���35U[  

)2(  � ������
�

��
= 0 

2- ] 2��- 1�2/� �D �}���35U[  

)3(  � |����|���
�

��
< +∞ 

3- ) 40-�� �1 2�-4] 2��� ]2S (35-37:[  

)4(  � |Ψ���|�
� ��

�

��
< +∞ 

 �D �1 48Ψ  4�C= b2g6�  ��  .	�� 2���- �H��!-

) 40-��3�� 1�G7�!� (  ����C� B�CS 4- _-�6 48 278

) 40-�� .	��4 �1 �}��� ;���!- 48 	�� �73� ;� 4- (

��� 1�2/��� ��6C8 ����� ���- q ���- qfC� _-�6  1C�

]37.[  

3 - / 123 �3�45 � 678�	  &9,!�  

 �C@ 4- �1IC= �!6 ����5/1  _0l� �- ���

IPE100 4!d6 .��� �  B�WY�� �- bW^� �� �1 ���,

 4�!�!��I� ��2�200000  ;�DC� 	g�� ���d����H�

3/0  �A�H[ �7850  �- E�,Ca!8R3d����  �1

	!3\�  R!�D � �A�� ���D1 �D2  �D3  bd� �-1 

.	�� �<� 1�C�  

b/� �1 B���
  B�CS 4- R!�D ���30 ���8 %

.2� 4�=�, �<� �1 1IC= 4�!�!��I� ��2�  
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 (�A�)D1   (`)D2   (�)D3  

 bd�1 - 6 ����!� 1IC=� 3\� �1!	 R!�D �a�Y� ���  

4- �;<� ! -	
�/  

����   ���A� �� �1�^��� �- �1IC= �!6Shell 3D  �1

 1�2/� � f� �� =� E�� .!/�ABAQUS �2� ��� �- � �

 �� 1�3-�25 �a!�  B��j@� � 2� ����8�= b!a/6 ���

n��8�=) ��1C� bd� � �� 1C� ��� ���36�� o��Y��� (

 bd� �1 .21�,2 bd� 4�   �1IC= �!6 ���
 ��� 1C�

n��8�= �1�l� � �2� �1�1 ���� �A��  	!3\�  �A�� ���

 �1 R!�D � ��2f1 .	�� �2� P�� ,  

  
 bd�4 - �A�� �1IC= �!6 ��� 1C� bd� 4�  

�� �2���� 	!3\� n��8�= ��2l� 11�,   �� R!�D

 .	�� ���8 1C� 4� �� �1 �A�� 	!3\� n��8�= ��2l�

 R!�D 	A�? ����8�= �1�l� 4��l� �;!79��D1  �

D3  ������ 2�1  R!�D 	!3VC� q �2� 4=�\� �- 48

 �1�l� �1 ����!- ���8 �R!�D 	!3\� q 4- 22f

�� ]�^6� n��8�= .2�=�  

 ��2f1- n��8�= 	!3\� �3!g@ ��� R!�D � �A�� ���  

 �����

1C�  

���j� 	!3\�  

�A�� D1  D2  D3  

) �3!g@ n��8�=Hz(  

1  996/58  436/58  987/58  457/58  

2  81/189  44/189  47/188  03/186  

3  93/388  50/384  60/384  86/382  

 	�� �8X 4- E�I v��� A 48R!�D  e��- ���� �1

1�l� ���8� n��8�=  ��� 1C�� �1 .� ��!47 �CK6� �; 

��- ~C\C�� q �!��� ���� �� q 1��D 4f�1�  4-

 E�fm �Y� �� k .	�� �2� e/-  

� ��2- 1��D P�36�� 4A1�3�!��� q �!��� q 

1��D 4f�1�  E�f 4-m �Y� �� k ) 40-�� �-5�36 (� 

�� 11�,:  

)5(  �� + !� = 0 

 �D �1 48y ���� M��� 	��.  

40-�� )5( q 1 4A1�3�����^!b 0
�  �- E�1 4g6��

��\R �Y� � E�f 	-�c�  	���  �D 4WY�� 4A1�3�

 ����1� �14�  .a�Y� o�1 �	��) 4A1�3� b? �� .5 (

Y���� �8 _-�C6 n7f ��!mC7 � �!mC7 ) bd� 4-6 (

�� bS�? 1C�:  

)6(  ���� = �"#
� sin �� + �" cos �� 

�D �1 48 ω = ! �⁄ .	�� �3!g@ n��8�=  

�c� 4��1� �1 �!!i6 �Y� � E�f �1� �- ��2l� ω 

_V�� ����- 1�C� 	�� �2�: 

! = ��� ⇒ ∆! = 2��∆� + ��∆� ⇒ 

∆!
! = 2��∆�

��� +  ��∆�
��� ⇒ ∆!

! = 2∆�
� + ∆�

�  

45!�� �1 

)7(  ∆� = 1
2 � �.∆�

� . − .∆!
! .� 

) 4- 4fC6 �-7� (� ��C6 ��!45  �c� �1 48 	=�,

R!�D � 4- 4��-4d7 	g��  ����� b
�1 B��g�  �^7�� 

 �2��- ��2l�n��8�= R!6�6 4- � =��  �� ���8� 2-�.  
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bd� �- R!�D �c� �4��1� �1  �1�^��� �- �!6 1C� ���

��!3� �� ��1C� �H��g��15  .	�� 4�=�, ���V ����- 1�C�

 �����1�- ;!- 4��� mC7!�8 E�1 ��C6 _V�� �1 ��!3� ;�

] 	�� 4C��c � 4!A�� 1C� bd�38  �39) 40-�� �- 48 [8 (

 ��36�� 11�,:  

)8(  /0�12,4 = 5∑ ∅1,82 ∅1,8498:; <�

∑ 5∅1,82 <�98:; ∑ 5∅1,84 <�98:;
 

 ��2l�MAC !- ���C�� � �^S ;1  �1�l� � 1��1 ���V

 �� ���81  b��8 �H��g�� E2�bd� �� ���� �� 1C� �

�� 2�1 ��2f �1 .2  �1�l�MAC .	�� �2� 4g��/�  

 ��2f2- ��1C� �H��g�� ��!3� �1�l�  

1C�  

R!�D 	A�? 

D1 D2  D3  

3�!�� H��g��� ��1C�  

1  99997921/0  99999974/0  99993238/0  

2  99995446/0  99985594/0  99988367/0  

3  99973146/0 9996455/0  99969249/0  

5 - 34>�" 3?	@  

�,�� ��  	!a-�V �qfC� b2g6 ����1�� ���

�a/�  �- .	�� n��8�= � ���� ��C? �1 �1 ��7H!� ����

 �4A�l� ;� �1 m��� ;�bd� �� _-�6 �- 1C� ����1 `� 

�g3d� ;j���16 ���1 -� �2� ��7H!� ��C7� 4- �  ���

 .21�, ��36 qfC� b2g6 �1������-� ��  _-�C6 �-

 ����� �a!a/6 t��� 4��l� � 2� E�5�� �a�Y� qfC�

 �1 .2�1C�� 4p��� �-Ca0� ����7� 1�da�� qfC� _-�C6 ��

 qfC� _-�6 �a!a/6 t��� 4��1�coif5  R�\ `�Y��� �-)

 m�!l�2C� qfC� _-�6 q ��C7� 4- ( ����7� �1 �=

.	�� �2� �1��D �!6 R!�D 	!3VC�  

2f �1 ��3  ��2l� ;�=�, �<� �1 �-��8�2?  �g��

R!�D) R!�D 4l07� �1 �1��=� ]�^6� qfC� R�\  ���

                                                      
15 Modal Assurance Criterion (MAC) 
16 Cubic Spline Interpolation 

D1  �D2 �R!�D �2� ����7�  8�� ��C7� 4- (

 �2���� .	�� �2� 4p��� ����7� ��0
 ���2S�1

��  ��  8�� ����7� ��0
 48 11�,2 % ;� � 	�� ���8

 	V1 �27�1 ���� � �1C-  ![�� ����7� ��0
 ��2l�

.	�� qfC�  !A��D �a!a/6 t��� 4��l� �1�G7�!� P��  

5-1- 3$ (� $43",� (� �� D1  

��7H!�  R!�D 	!3\� 1C� bd� 4C��c � 4!A�� ���

D1  qfC� _-�6  !A��D 	/6coif5  t��� � 2�2� _V��

 EC� �6 ��� ���1C� B�!p f R��\ 4- �C-�� ���1C��

)�!��7H �� �1 (�f��
 �bd�  3  .	�� �2� �!��6

 �2������ 11�,  �����1C�� 4��l� ��3\�!	 �� �A�� �

 ��1C�� �1 �Gf � P�� 1�5� �- R!�D 	!3VC� �R!�D �
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 2S�1 �1�l�D1 � D2 

 R!�D  8��D1  

1C�  
��	=>?  

10۶×  
) R!�D  8��cm(  

(%) �0
  
�3V��  �W!Y�6  

1  16956/1  75  225/75  15/0  

2  3924/2  75  225/75  15/0  

3  7356/8  75  126/76  75/0  

 R!�D  8��D2  

1C�  
��	=>?  
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�3V��  �W!Y�6  
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 qfC� _-�C6 �a!a/6 t��� ����� ��C7� 4-db10 �

sym8 �bior5.5  �rbio5.5  R!�D 	A�? ��� 1C� ���-)
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Damage Identification in Steel Beam Structures 
Based on the Comparison of Analytical Results 
of Wavelet Analysis 
 
Numerous researchers focus on monitoring the health of 
structures to ensure safety and reduce maintenance costs. Beams 
and columns are the primary elements of structures in civil 
engineering, and designers expect beams and columns to be the 
last elements to experience damage. This paper identifies steel 
beam damage based on dynamic modal data. After a modal 
analysis was performed on the modeled beam using the ABAQUS 
finite element software, modal information was extracted, 
including the frequencies and shapes of healthy and damaged 
modes. Due to the presence of damage, differences in the 
frequency values of primary and secondary conditions were 
observed. In addition, modal assurance criteria (MAC) values 
below one were obtained, confirming the presence of damage. 
Using an analytical method based on wavelet analysis, 
MATLAB.R2021a processed healthy and damaged mode shape 
signals. In all modes, a comparison of the output signal diagrams 
of healthy and damaged modes revealed the difference in the 
damaged area, allowing the damage locations to be identified 
with an error of less than 2 percent using a simple examination. 
 
Keywords:   Structural Health Monitoring, Modal Analysis, Signal 
Processing, Wavelet Transform, Damage Identification.  
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Minimum Thickness of the Column Face in the 
Welded Unreinforced Flange-Welded Web 
(WUF-W) Moment Connection to Box Column 
without Continuity Plate 
 
The Welded Unreinforced Flange-Welded Web (WUF-W) Moment 
Connection is one of the most common types of rigid connections 
in steel moment frames. However, due to continuity plates 
installing challenges in the box columns, developing the design 
equation of continuity plates and finding creative alternative 
solutions instead of installing inner continuity plates in box 
columns are the matter of interest to the researchers. 
Considering the new continuity plate design approach in the AISC 
341-16 and the part 10 of the Iranian National Building Code and 
the ambiguities that have arisen, in this research 42 WUF-W 
connections have been modeled and numerically studied under 
monotonic and cyclic loading. The results show that the approach 
has been taken by the 5th editions of part 10 of the Iranian 
National Building Code based on mandatory installing the 
continuity plate in box columns is strict. It seems that the equation 
for design the minimum thickness of the continuity plates in 4th 
edition of part 10 of the Iranian National Building Code can be 
satisfy the seismic provisions of AISC 341-16 by the correction 
factor equal to 1.7. 

Keywords:   WUF-W Connection, Box Column, Rigidity, Cyclic 
Loading, Continuity Plate. 
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Investigation of the Leaning Column Effect on 
Estimating of the Responses of Self-Centering 
Base-Rocking Walls under Far and Near Field 
Ground Motions 
 
In this research, the effect of P-Delta column (leaning column) on 
the response of gravitational frames with lateral-load resistance 
system of base-rocking wall has been investigated. The studied 
structures have 4-, 8-, 12-, 16-, and 20-stories. Nonlinear dynamic 
behavior is performed under 22 far-field seismic records and 28 
near-field seismic records, half of which are pulse-like, via 
OpenSees software. The ground motions are scaled at both DBE 
and MCE levels and applied to the structure. The modeling is 
done in two dimensions. As a results, it has been shown that 1) the 
higher modes effect increases with increasing earthquake 
intensity, 2) the higher modes effect are more visible in the 
records of far-field and near-field-non pulse-like, 3) residual 
displacements in The both earthquake levels studied are 
insignificant and negligible, 4) P-Delta column has been more 
effective in structures under near-field-pulse-like records, 5) The 
maximum effect of P-Delta column in increasing the moment of 
wall under near-field-pulse-like earthquake that the value is 12%, 
and 6) In general, the effect of the P-Delta column on the base-
rocking wall structures in especially the stepping-wall can be 
ignored. 
 
Keywords:   Self-centering system, Rocking wall, Residual 
displacement, Leaning column effect, Higher mode effect. 
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Optimal Design of Tensile Steel Members by 
Improving the Regulations of Codes Regarding 
the Correction of Shear Lag 
 
The non-uniform stress distribution that occurs in a tension 
member adjacent to a connection, in which all elements of the 
cross section are not directly connected, is commonly referred to 
as the shear lag effect. This effect reduces the design strength of 
the member because the entire cross section is not fully effective 
at the critical section location. This phenomenon has long been 
taken into account in various structural codes, however the rules 
of the codes used are somewhat conservative and it seems that 
they need to be reviewed. In this research, a series of steel box 
section connected through two wings and plate sections were 
studied through finite element method using ABAQUS software, 
and the ultimate member capacity was obtained. It can be seen 
that in this regard the relationship between the rules is somewhat 
conservative and optimized relationships have been proposed to 
address this issue. Parameters used include connection length, 
axial force eccentricity, and weld size. The results show that the 
length of the connection, the gusset plate thickness and also the 
eccentricity have a significant influence on the shear latency 
coefficient. 

Keywords: Shear Lag, Tensile members, Net cross section failure, Box 
section, Welded connection. 
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Numerical Investigation of the Effect of Using 
Base Materials Containing Recycled Concrete 
Aggregates on the Performance of Asphalt 
Pavements Considering Nonlinear Behavior of 
Materials 
 
In this study, the effect of adding different percentages of recycled 
concrete aggregates to aggregate base layer materials on the 
fatigue and rutting life of pavement has been investigated. In the 
performed analyzes, nonlinear analysis by NonPAS software has 
been used.  To this end six four-layered pavement sections with 
different layers thickness were analyzed for three types of very 
soft, soft and medium clay subgrade soil. The behavior of asphalt 
layer materials was considered as linear elastic and the behavior 
of base, subbase and subgrade materials was considered as 
nonlinear elastic. In all sections of pavement, the use of 0 to 100% 
of  recycled concrete aggregates for all subgrades, at least 61.6% 
and maximum 198.5% increases the  fatigue life and at least -
22.6% and maximum 88.4% increases rutting life. In very soft 
clay subgarde, in thicknesses above 20 cm for the base layer and 
thicknesses above 30 cm for the subbase layer, it is possible to use 
recycled concrete materials. In medium clay subgrades, in 
thicknesses above 15 cm for the base layer, thicknesses above 20 
cm for the subbase layer and also thicknesses above 15 cm for the 
asphalt layer, it is possible to use recycled concrete materials. In 
hard subgardes, there is no special considerations in terms of the 
thickness of pavement layers for the use of  recycled concrete 
materials. 

 
Keywords:   Granular base, Recycled concrete aggregate (RCA), 
Pavement analysis, Fatigue and Rutting. 
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Experimental Study of Block Geometry on 
Aeration and Energy Dissipation at Baffled 
Chutes 
 
In the present study, tests were performed on the chute with five 
different geometric shapes of baffles and at four different 
distances of baffles rows under different hydraulic conditions. The 
results showed that the baffles on the chute creates the flow 
resistance and with increasing turbulence causes the transfer of 
the inception point to the upstream of the chute and increases the 
rate of energy dissipation compare to the chute without baffles. 
Baffle chutes increased the aeration length by 5.8 times and 
increases the energy dissipation rate by 21 to 61 percent 
compared to the chute without baffles. In all models, the rate of 
energy dissipation in low discharges is higher and with increasing 
discharge, the energy dissipation decreases. By increasing the 
spaces between the baffles on the chute, the energy dissipation 
rate decreased in all models. In the M2 model as the superior 
model, increasing the spaces between the baffle reduces by 3.1% 
and 4.57% in the energy dissipation rate, respectively. The effect 
of longitudinal spaces between the baffles on the aeration and the 
energy dissipation rate is greater than its transverse spaces. 

 
Keywords:   Baffled Chutes, Energy Dissipation, Inception point, 
Spaces between the baffles, Physical model. 
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Design of Asphalt Mixtures Containing RAP  
by Balanced Mix Design (BMD) Method 
 
The mix design of asphalt mixtures is one of the most important 
factors that affect their performance. Given the importance of the 
performance assessment of asphalt mixtures and volumetric 
parameters, a new method called balanced mix design (BMD) had 
been created. This method considers volumetric parameters as the 
initial criterion. The ultimate criterion to determine an appropriate 
range for the optimum bitumen percentage is the proper rutting and 
cracking performance of the asphalt mixture. In this study, five 
different asphalt mixture designs were first investigated using the 
Superpave method, using low (25%) and high (50%) percentages of 
RAPs and vegetable oil as a recycling agent. Then the mixtures 
were designed using the BMD method considering three different 
bitumen contents for each mixture. The Hamburg Wheel Tracking 
and I-FIT tests were performed to assess the rutting and cracking 
resistance, respectively. The results of this study show that the 
optimum binder content (OBC) obtained by BMD method is 
different from the Superpave method. The highest discrepancies are 
observed when 25% and 50% of the RAP materials are used 
without rejuvenator. In these mixtures, the results show that the 
OBC obtained by the BMD method compared to the Superpave 
method for mixtures containing 25 and 50% RAP without 
rejuvenator increased by 9.56 and 22.18%, respectively. In terms of 
performance, the percentage of OBC by the Superpave method is 
not suitable for mixtures containing RAP and rejuvenator. 
 
Keywords:   Balanced mix design (BMD), Reclaimed asphalt pavements 
(RAPs), Rejuvenator, Superpave, Hamburg Wheel Tracking test, 
Cracking. 
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Stabilization of Lead and Zinc Contaminated 
Clay Soils with Metakaolin 
 
Soil pollution due to various factors is one of the world's problems 
in different countries, especially industrialized countries, which 
has attracted much attention in the form of various researches. To 
solve this problem, in this study, metakaolin was used to stabilize 
low-plasticity (CL) clay contaminated with lead and zinc nitrate. 
The present study consists of two main stages. The first stage 
examines the soil to identify the most critical concentrations of 
contaminated soils and soils contaminated with lead nitrate and 
zinc nitrate in a ratio of 1: 1 and with concentrations of 1000, 
5000 and 10000 ppm with a curing time of 7 days. The results 
obtained in the first stage showed that increasing the 
concentration of pollutants has a negative effect on soil 
geotechnical parameters, which can be reduced to the maximum 
uniaxial compressive strength and reduced soil CBR resistance. 
This step aimed to identify the most critical concentration of 
contaminated soil, which was 100 ppm. The second stage 
examines the resistance tests of contaminated soil with a 
concentration of 10000 ppm and its stabilization with metakaolin 
at a rate of 5% by weight and with a curing time of 7, 14 and 28 
days. The purpose of curing time is to investigate the effect of time 
on soil geotechnical parameters during the presence of 
metakaolin in the soil. In general, according to the results of these 
experiments, the maximum uniaxial compressive strength and soil 
CBR strength increased with increasing curing time. As the curing 
time increases, the soil adhesion increases and consequently the 
compressive strength of the soil increases. 
 
Keywords:   lead (II) nitrate, Zinc nitrate, metakaolin, Pozzolan, Soil 
contamination. 
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Numerical Investigation of the Flow Field on the 
Ogee Spillway under the Influence of the Crest 
Shape and Slope of the Upstream Face of the 
Spillway 
 
In this study, the ogee spillway flow pattern under the influence of 
the spillway curve shape and upstream slope changes was 
evaluated using Flow-3D numerical simulator software. Thus, two 
ogee spillways with elliptical crest and USBR pattern were 
simulated in two vertical and oblique upstream modes with a 
slope of 3H:3V and three different heads, and the results of 
changes in effective parameters such as flow, velocity and 
pressure in the length of each spillway was examined. Validation 
of the results of the numerical model with the results of the 
Maynord experimental model showed that the Flow-3D numerical 
model has a high ability to simulate the flow field on the ogee 
spillway. Comparison of flow rate from numerical model with 
experimental data showed that the average computational error 
was less than 3% of the numerical model. Examination of the 
pressure field showed that at the height of the head equal to the 
design head, the pressures are close to atmospheric pressure and 
no negative pressure is created on the spillway crest, but at the 
head higher than the design head, negative pressure will be 
created on the spillway. The amount of negative pressure created 
at the beginning of the USBR spillway crest is higher than the 
negative pressure value of the elliptical spillway crest due to the 
lack of continuity in the crest and further separation of the flow 
lines from it.  The results also showed that the ogee spillway with 
oval crest has a relatively better performance in the flow over the 
spillway and in these spillways it is possible to pass more 
discharge with higher safety and sloping the upstream side of the 
spillway causes a change in the discharge coefficient and finally 
the flow rate of the spillways. 
 
Keywords:   Ogee Spillway, Numerical simulation, Flow-3D, Volume 
of fluid (VOF), Pressure distribution. 
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Evaluation of the Effect of Nano-Organosilane 
Zycotherm and Deviation of Aggregate 
Gradation on Aphallt Film Thickness and 
Moisture Sensitivity of Hot Mix Asphalt 
 
The durability of asphalt mixtures depends to a large extent on the 
asphalt film thickness. Stripping is the separation of the asphalt 
binder film from the aggregate surface due to the action and 
penetration of water. In this study, a gradation was prepared from 
basalt crushed aggregates. Then, by applying upper and lower 
allowable deviation tolerances to the fine aggregates of it, two 
gradations were produced. Nano-Organosilane Zycotherm was 
used as a liquid antistripping additive.  The guidelines of the MS-2 
Journal of the Asphalt Institute, NCHRP 567 report, Austroads 
and VicRoads reports were used to calculate the asphalt film 
thickness. Scanning Electronic Microscopy (SEM) was also used 
to show the asphalt film thickness of the three asphalt mixtures. 
The Marshall Stability Ratio and Indirect Tensile Strength Ratio 
tests according to AASHTO T283 were used to evaluate the 
moisture durability of asphalt mixtures. The results showed that 
the gradation changes in the fine aggregates caused a 12.9% 
decrease in asphalt film thickness in asphalt mixtures with upper 
allowable deviation tolerances and a 17.7% increase in asphalt 
film thickness in asphalt mixtures with lower allowable deviation 
tolerances, and these changes necessitate durability tests.  Also, in 
the evaluation of moisture durability, all three asphalt mixtures 
were able to strip according to MSR and TSR indexes. Although 
Zycotherm had a positive effect on the MSR index of all three 
asphalt mixtures, according to the TSR index, the asphalt mixture 
with the lower allowable deviation tolerances was still able to 
stripe. Therefore, the moisture damage due to the gradation 
changes in this asphalt mixture is not improved by the Zycotherm 
additive. 
 
Keywords:   Allowable deviation tolerances, Asphalt film thickness, 
Marshall Stability Ratio, Indirect Tensile Strength Ratio, Moisture 
sensitivity. 
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Investigation of the Lateral Soil Pressure on the 
Basement Walls Constructed Based on Top-
down Method 
 
The method for retaining the excavated pit could have a 
significant effect on the soil pressure acting on the retaining 
walls; For this purpose, since the Top-Down construction method 
is widely used, In this study, a series of numerical analyses has 
been conducted to investigate the effect of the excavation method 
and the distribution of the structural elements on the soil pressure 
distribution. Generally, for engineering purposes, active and at-
rest soil pressure distribution and the Peck apparent pressure 
distribution (in the case of retained walls) are used for soil 
pressure determination. The results of the study suggest that in 
contrast to the at-rest and active soil pressure distribution, the 
pressure distribution on retaining walls has no similarity with the 
triangular distribution and the Peck's APD provides an 
acceptable estimation of soil pressure and its distribution. The 
results also show that with the increase of deformation due to the 
construction of the wall, as an example in one case, a 60% 
increase in ground settlement reduced the soil pressure acting on 
the walls by up to 15%. It's also noteworthy that this study focuses 
only on a special type of soil, So the result might be inapplicable 
to other circum-stances. 
 
Keywords:   Lateral soil pressure, Top-Down method, Peck's APD, 
Arching effect. 
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Investigation of the Effect of Nano Graphene 
Oxide on Fracture Resistance of Asphalt 
Mixtures with a Fracture Energy Approach 
 
In recent years, extensive studies have been conducted on 
the effect of different nanomaterials on the performance of 
asphalt mixtures. Also, in the present study, Nano graphene 
oxide (GO) in the amounts of 0.2, 0.5, and 0.8% by weight of 
bitumen was used to improve the fracture resistance of HMA 
asphalt mixture against cracking at negative temperatures. 
Nano graphene oxide (GO) has been introduced as the 
material of the century due to its very unique and excellent 
properties. For this purpose, to investigate the effect of this 
nanomaterial on the fracture resistance of the asphalt 
mixtures, the semi-circular bending (SCB) fracture test at 
temperatures of -5 and -15°C and four different loading 
modes have been used. In addition, conventional bitumen 
tests were performed to investigate the effect of Nano GO on 
pure bitumen in this study. The conventional bitumen tests 
showed that the addition of Nano GO to pure bitumen 
increased the softening point, viscosity, and specific gravity 
and reduced the penetration and ductility in pure bitumen. 
Also, the semi-circular bending (SCB) fracture test results 
indicate that using Nano graphene oxide increases the 
fracture energy of asphalt mixtures and improves the 
resistance of asphalt specimens to cracking. So that mixtures 
containing 0.5% of this additive have the best performance. 
The results show that the use of this amount of additive in 
the asphalt mixture at -5°C and pure loading mode I 
increases by 105% and at -15°C and pure loading mode II 
increases by 60% in the fracture energy. 

 
Keywords:   Nano graphene oxide, fracture energy, low temperature 
cracking, SCB fracture test, asphalt mixture. 
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